"

A B CIRGREES EAMRI K
SEMF TSR

F/\hx _Eff

EIFRFHERZZEDR R




(LE}

IR EESSHE R

FEHECIRLKERESERRRE
SERFIMIEER

-—‘—kk\l lml
SEHFE

EFAFHFRZZR

hENE BIRERED
HERF A -dm



ARRE

RBEEFREHFREERE(EEHE) BE/\W, AER ENE
2014 AR THEARBFEMRRRFEAER" BRI
ETVHFER.

FBE-CREGFEELEEN R R RLERFANBEFRL, ERER
BEEST FEEW SUAE S EEFEE0ER L, N E-tRHET
T—LEETT DB 1T — DB REY, MEIRTHTR T HIE;
F BT T YA, R T 208 S M RN T — 2R S 8
HRENE; I T T A T A BT REARE | PR U B
FHRF. 28T, AEEMEE, e EI R YA HEER.

A E TR, ERERE SRR SR SMS e R EE
ES5RENER AERS ERSRENA M TRENE, BREMSF
RS RBHER SIS RNE R R B IESEERESRT.

EHERFE (CI1P) i

HEHE. L / REFERZHFEREELS. - 8
R —- JEX . BEHFE MR, 20236
ISBN 978-7-04-058981-8

I. O/ I. QR II. OFSFHE- SR
##t IV. D013

T E A B FTE CIP #4E 5 (2022) 5 121000 5

Gaodeng Shuxue

ERlgE === HrRE B OF HEET Tk R T O
TRl Hml e M THEEIH  XBE

HRAT SEEEHRE iy fit  htp: // www.hep.edu.cn

o #k ETEREKESNKE4S http: // www.hep.com.cn
HBEZ4RAS 100120 PU_EIT  http: / www.hepmall.com.cn
B B &t (RE) IEHERAT http: / www hepmall.com
F & 787 mmx1092 mm  1/16 http: // www.hepmall.cn

Bl ¥ 275 B % 1978E3 AEIR

¥ ¥ 530FE 20236 BE SR

T B#ER 010 -58581118 B0 ¥k 202346 A1 REIR
#ifEiE 400 — 810 - 0598 F O 56807

ABIEERT. BE. RETSHREEE, HRRE D Em IR A
AR B4
¥ kK S 58981 -00



R 198 EHME UK, E2014 ERBE LN, EAMAEAE F LT
THREBARNLEFERRS AL WKL EFT, B3, A4 ELAEHMER
REFEF ZHELRAE TLERFAMBE L NAE XL SRR S — T2
A-—REBARF ENHHBELNE B AN RS EH 2, W ERRNLE 258
5%,

E%ﬁﬁﬁﬂ']%ﬁ)\%ﬁ%ﬁ,i‘ﬂﬁ%?ﬁ%%k%%?,[ﬂ‘%#%&%?ﬁﬁ%iﬁi’\
RETHEFWER, W TEAFRAFER, RINLLUFE CRTE, FlEK%,
FATERE AAA BRI ERAETR W ER, SELHEBFT —REO W
BT, USRS R R S A%, AABTHAEZELEUT AL

L E%%%tﬁ&%@ﬁﬁx%%ﬁﬁ%ﬁﬂﬁﬁﬂfﬁT-—%%%%@‘@t,/wﬂ
¥R THA,

2. AW AT TEYWEERH L, ELTHEIA,

3. MRFHRMT —BUEHFEAFNE, UEE P SRS E T LR SR,

4 EFMARAH R L, WA LR T — B FRERE, U RS E N
B EEHEMTS, BRS KEARNEY EERENA SRR L ER W EE,
BF¥HERBAFETE,

(1) HREH - LEENZNELAAR(AAHZ L),

(2) — e ARFNHE(MAFRIEDL),

HTEERR,EFFHECERTRR, EXTURB I SWELRER, B
WERE _EGEEFRER,

ARBITHAIBRTLAE AR ERAIRER AR L RS EHWE L
RV HRATARKFNFEENKE . FE LZT W AR TLLEEWA
AFRB ANBET A REPED, EREIANETRBNBE, Wi, KELE
RAFGFZFTHBHLENE VR EF E XA E RN NS, YRR ERTLAE,
AU LR EHEBY, ERTXABTIRNRAEZR EEREARSE A,




EVIG I

ENABEEERTERAE A5 RBER, A HTRF . FHT AR,
REBITIHMEFAFASEME R, FHFFEN M, 4 5%8) k%
R A RS L FHRHIFRE,

W #
—O0=——%+=AH



ARBITTERERE ERKEFHER TERE"WEXTHTN, BT
WAREREREUTAANTE:

LASPFHFNEEL METARREONAS  RETRASTEHR ETE
HErRELRHRERFLE,

2 RT—REEMAWNE AT FHEER, I REMER LA RM

3. ERRIMLAFHEZERNMRT, P LA EARRENRRAMH. 7 E
W EREENA, EEME—F RS

4 RTBEXFREUA-LRENRA, ARARNE REHN, B F XA
HEAE,

5 T ARZBRTTELRE AP EANR UBEFHECHFY
FE.

6. AN ARER-FREL . FE AT —LLENRE,

AFCEHEATELR EAFFE-RWBITEIRFRRE T AREAIN T
R AELAEZHXQCFHFEE. ARBTHEABRTAMNAAURRE LS £ =
RENLEY, FHRFLAFERAEE LEFEAESFHRAR A TMEMK
AFEQHNHBIBREAR AEXREAFEHHRE, ANARLFB U EARE
THRTRAHE, AR EARINRTRENHE,

ARBITTBRFAFBMB TR FREFEGFR, KLERA] KT K,
Ri-fEE L FRIFEE,

% #
ZO—mE—H




AEEFMBEFEMNED L, EE L TUAR NS HITH .

LRERRREIHNER ERBASSERME BENNRT, #BER
HE,REES SRR E N LR AR A SRR RFRARFESA
TOARAFREES, EATHELL BT, AATREEE WAL % FRMF
.

2 HHMAEMHFELRE, ERABTERHAR FHER5ZARNERE
ARETE, TR LB SRS R L VRS RN REH SR ENE R AN 5
W IRAANESENREHSEAER, UE S UNREAXERIH LS
AREERETANHSERERDERBEHTEE, Hk, 28T RS, A FaL
FHHFEAERNAL, PR—T — BRAREE WEHRA « S, Xat
WURAREEHD A THEN « 2RE; 4 THRREERER 20 0 A A,
WY REEATHNE, RBE AR RARY, EETHLTEY W35 AT 5 8
HEERERPHVN N ERAL L YW ERAE, A+ B4,

LEHHNTARER AN N EEL RS A B LR SRR S oS LT
RRFUERENEERY, BTHEANRRE A — LR FRFLAMNE TR
EXENER AP EERP Y THERS WAL, AER AL T B EHE.
BAR SAEE, MW AR bE Y,

4, *Eﬁ%dﬁ%%ﬁ)%ﬁtﬁﬂi%ﬁkﬁkﬂﬂ%ﬂﬁ%ﬁ%{%%&FF'é@% AR, AT
BT, A%EAS L THAENELAE, BITH, B WO TR —ENASE
ERERELE, ERBTNTE HERY —ENABE TR Y% )\ &,

iﬁ@ﬁlﬁﬁﬁﬂﬁ%%ﬁﬁm& FIREFE R, k) A+ R F4F
Al gh g2 4h %ﬁ&'ﬁj’aﬁ

ZO0OXKE+LAH



W

AEEERREFTRY A L RERNSF RS AELR BRFHET
BNKENRES AT LTBITARN. EBTF, RNKRETEEL N R LKA
BEGHFE BERN AEFE BRFE AARS ETHXSAR ARHER
RRAMBEMAEFT -SRI AEFE ERFRREECLNAFNTE BN
ENMRER FERERW XLLRELMLANHEAM.

FRAEFHE P 2R HFMEE, LR RNWRE BAHINBEES, H
BT EANESRENER AR N AN TERLZLENRAFEFRESR, BET - 24
REFWER BT IR, B4R T —LEF L EMERKT XFHTELH
i AEREEEFRELFRHBRD AN, ERE(FERFRELFELER)
WHRT A —RARETELREPA I ENATE, BT —EHRLSERFR
AREGHREEFEFLFESTANNAEARAD T, HELWRFFEENNAFA,
Rkt T BT, BERFWH P REE BAREANERAFNE,

TRBEITH,REAG AHFRETH ST RHBAMEN RAZHREARE
RET A ENEW RNELRTRENHE,

AT TG BEE BRAER. FRPFENFEE, KRB AT R FATH
BEHHIFHE

% #
ZO0—#+4H




ATARHBT A LEERIHEFREAFHIERL Y F 1992 45 A
WIFGWEHTT AR, 5LREXNFEAFCRERENER A S KRRNE
FRMERRINWEE., Hib, RNTEBITH, 3 FAF« S0, 2 EEHEES
B ABEEREREREILRBRN(RERFREAFERER)(EHREAE
R EHGREF = FHAR, XENEHRZAERRER W, TRAREER
MEmELRA,

‘ F BB FAT, AR ARG ITEURE T AP EAEL, BT RATH4E T A
AR £, RMNARZLRRAANEATIOWME, FHEL BER HRZ =4
FEFATAHFORAR, FREFD 2 HEL, AR RAETREH,

ABEGEREMT BRI FERAEIMAERESIREURETFERE
R -

AFFREZ ZMTARN R R, B2 R TARAS T A LR F
EH WA, BTMFEEEY EER, 0, AR MM T — AR, AR TS
BAEAXRZ ZMTA A — S8R,

ARAF RN T IEAMAFAERE, S RMETTHYEXHH
TR HAMBER, JEBLH IS TN FER TERER. S W= RE
NI AIRE FUY BRI TER, S WRE T THt A TEE 50
B BAK

% &
—ANZE+ZH



*f’
Z
'T.'IH;

AHA L TRM. LHEE-TEEBRL 2 ZEHRFNTE A ERE, T4
BESTEEURLZ BB ML TR AURREE L, 4ERATE, 351
AARMER

AFThAREFRIABERFRBNRAEM REFESEH,

SHALRE TN ARFAFIRA IR GR AHRE . BMUE, LA LY
IRE LEGATIEREGR, LEASAFEARE, LEIREFRIAM AT,
LtRKEXREFLERERL,

ARHLERELRETHAREIY. SNV RNEAAETERAGRE, 4
TYRFFo e AR AR LRERDRE, BRI AFEE 0, H Tk
BRAPER ARTZRAAR KZE, LEREFERAY . FENERE,

FRESHARFTFATER FARBT AP AEERL, AR RMNFFTEQEH

BFHEAT, ARGEHEGURR, BT T —EREFEZR, FE)
ABEERH#IF ML,

% F
—HtENEZH







B BRBISARPR oo oooverrree e 1
r i Y ot R A AN R AL 1
—BA(1) Z.&%H(3) IM1-1(15)
FTAT BITUBIHEBR  covvevvrrererriinerie et 18
= BAIRRA R N(18) =, A SR (22) 5 1-2(25)
L T 26
= BEBRWEN(26) Z. SEABHBR(3L) T8 1-3(32)
BIH RIS TEEII coverrrersniriniirieemmmnrennenriiisnenne e sessesnessnnnes 13
= RHFM(33) =, BFA(34) I 1-4(36)

HAT MBEERIEN  oeoerimeriveiorfianaeisis S R Py o 5237
3 A 1-5(43)

AT RIBEIEEN BATERER e s s s 44
3 A 1-6(50)

BT TCEF/BUELEL --evoveevrrrrrrtarnniie it 50
3/ 1-7(53)

AT EEHREGEMESEIIL veoveeoroeeirnnniomiiis oo sernnss 54
— BHEELN(54) =, B WM ER(S6) THE1-8(58)

%jL:E‘_ Eﬁ%ﬁ%ﬁ%g@%@ﬁmﬁﬁt& .................................... 59

F

—ESZRHNP Z R FNWEER(S9) . FEKSE4IHY
ELW(60) = WEBHHELM(61) I 1-9(63)

PR [E] B R BB AR R - - oot oo ditibonsosnnene dwaliomets biess sboemadihaille 64
—ARRERAMRAMEEE(64) | BREELNMEEIE(6S)
TEL-RESM(66) 3 1-10(67)

Bl s s e s s R e e 68




B

%:E _@é‘i l_ﬁ‘#&ﬁj\ ........................................................................ 71
S BLREHEAT ceeeeeeeeeeee e 71

=T

S

BT . BERMEL(TE) . BRELTEN(TS)

WL BTSN NER(S) TH2-1(81)

@@:M;ﬁ%%mn ............................................................... 82
L ENHRLE R EHRSEM(83) =, REHEREHN ()

S ELERNREEN(S) B, EAREEM L LHAR(89)

3 2-2(92)

BEVELEIL veveeerrereeeose e e 94
54 2-3(97) |

B R ST R E R R R AR e 98
L BERMBH(98) . mAIONEFR N E K S (102)

=, A% EE(105) 5 2-4(106)

BB ULA v vvveeeeenmesmmeessne s st 107
— HAHENL(I07) =, HARLEAEX(10) =, EAWEHKH
MAAREMAELEN (110) 10, HAAE T4 B 5 (113)

3 2-5(117)

B8 MOPETHSEEEIRIE e 122

%%

Lokl

TR BT c-vvrerr e 122
— FREZ(122) — AP EFELHE(123) =, AEFEZE(126)

5 H3-1(129)

FEDATRIEIU] «veneeemenn e 129
= A 3-2(133)

3 # 3-3(140)

R IR S R BT e e Poluwwasasumwnis s asib s wepiee v sniominna 140
= BHERENARE(140) — bEHMOE LK (143)

XA 3-4(147)

R AR E S B I BB/ MEL -+ vvvvererrrstneminrnmre el 149
— BEWRERERE(149) =, RAER/MEFA(152)

X A 3-5(157)
T 159



B

< # 3-6(163)

FT IR cevmmvonsmnsinmn sovas s s s R S 5 Kt mt v mebaas 164
— W (164) — | wERXETEAR(IS) = MEE5 4=
FE(169) W, HERPOHHEAR HEL L HHEK(170)

R 3-7(172)
AT HERRARAELEE sovorcvmimmasunnessss s iuniaiias seoass 5504 n nasdnnsmsmmn nummsannn 173
= ZRE(T3) Z W& E(174) = #&%(176)
5 8 3-8(177)
F I e L L e O 177
BB BTG coudhaivimmmimoi v s o 44 i e hes 4552 35a5 55 550 fmmans 180
BT RETRTHIMEA S HERR - ooreerrrrer e s ee e ee e 180

— FEBEETERAWHA(I80) =, BXARHR(184) =, FEHRLH
MR (185) A 4-1(187)

e ST L O S S 189
B -RBRAK(189) | FoEKHJTH(195) A 4-2(202)
ER  HRIHINEE o s issssvnetmassesvisnmssrmcssmiv s s i e ey 204
3 & 4-3(207)
-1 M -5 Tt g o R 208
—HEEHHRS(208) =, ThAAEZDHWRLEH(211)
3 H 4-4(213)
ERY FRAFZRRIE R --vvrrreee i 213
X A 4-5(216)
| 216
BRE %ﬂ:\ﬁj\ .............................................................................. 219
DAY T T R R SRR 219

— ERSEAEER(219) =, ERLHEN(221) =, ERLSHEM
HE(224) W, ZRLWWR(227) T 5-1(230)

e B e 230
—ERELEFPNEIESRERH 2 AMBA(232) ALK
WEHREPH(232) =, $F-KARKAK(234) FH5-2(238)

HE=Y BTSRRI TERIAIEE v eererereerree et et 240
—, ERAWHETE(240) =, BRSNS BRLHE(246) T M 5-3(248)

L e N 249



B

— RFRWEFERS(249) — TRBEHHRERH(252) XM 5-4(255)

CEEEE  FEIAEIREEE T BB et i e e 756
— BFMEE RS F4H(256) =, RRBHHEE R0 T L% (259)
=. T #%(261) "3 A5-5(263)

BUETER svwnvuns v oo v soer oni sV ps R b e R i s s 263

EARE TEFRDBIRIE oo 267

B S CRERLBESERRR cosnosven e SR e S R e 267
A ERE TUATEE FRIRTER - oeerverrrrereremnn e 269
—. PHEEXHER(269) = HKR(273) =, PHbHKHIK(276)

3 R 6-2(279) |
e R DA T L] (R R S 282

— RABELFHM o (282) —, AEH(284) =, 34 (285)
3 M 6-3(286)
e 1 T T 287

FBEE FIDTTER ot s e e s 289

B T RRRIEEARME A 289
I 7-1(293)

B B BAIMAITTRR o rrerrrereeeirnnietsentanrnr 294
5 8 7-2(300)

E=A  FrPRTRR fovriniiasiniei s sersnonnn surrsrtniatevnnrnsibonss npenesdan coversbnynns 301
— FARFR(01) "=, ThYFAUFE(304) 34 7-3(306)

BEIRT BRI TR corirrsriiissinnmmnmennsnaringsressrnrabisasnnionspnsersns 307
- BEFEBOT) T, HEMFR(1) T ET-4(312)

BHEY TR EI A TTR -+ rrevsoeremrernavsorcnmrorpierissnseirarrssnsssianss 313
— V=) BURAFTR(13) = y'=f(s,y) B HAFE(315)
= "=y, ) B a7 2(318) JHET-5(321) ‘

I TR o i N SRR B A — 321

ENAY

= ZHREHLS T REA(321) =, BUEHSTRGEHEH(323)

TEZLEEESR(326) T HT7-6(329)

B R UGTR BEA A ITTR vvrrrvens vorsnsrvnnpprsiicspres vaspssswssgnsvnss ves 330
5 B 7-7(338)
ol S E e T i R 339

= f2)=e"P(x) B (339) =, f(z)=e™[P,(x)cos wr+Q,(x)sin wx] B (342)



B

3 AL 7-8(346)
BT DRRLITER »orovevovonnon st on ieninms s ihs Abmnn s sems vnsmmss cy sas e w3 a6i0e s vaists 346
T3 7-9(348) i
"B W RBERE M T RRERRIEZEG] oo, R 348
S 7-10(351)

b 1 T S A 352
M | ?‘B%@?R’I\Wgﬁﬂ ...................................................... 355
M |l Ez&%ﬂ%@ﬂﬂg@ﬁ; ......................................................... 364
M;j-i ] J‘Li;pf%‘-ﬁﬁﬁ’gﬂ& .................................................................. 367
MIRIV  BHOEE - covsmmmnminnssimmisissinmsnmennnnsssmssnnpsssssssmmnssnssorssrssirssass 371

RS Eﬂ%%%ﬁ%ﬁﬁ? .................................................................. 382






 omem
PR 5 R

MFBE RGN REAR ERAERE, T8 S HENT RN SN EE 0
B INRRERRAMBEEREZ F W —FRBRR, R LR RN —Fhst A
VA AN FRAT SR | BRI PR AN BRI S S B A DA R B T — SR R

F—1 PSRN

W RIARECE I — A, R MRS MR £, 2Bt —
P AT ERNAUS BB RS, RN RS EES.

TN H*g"j

1. BRETHES

X1 BXYRENEZES WREE—ZN/, EBX X hEGATE 2,
BENf EYPER—RENTE y SR, LR/ AN X E Y BIRRST 2 4E
Jid—aY;
Bty ATTE « (MRS S T) 0%, F2EA(x) B
y=f(x),
MITER « ALK y (BT T)B— N RE: £ 4 X FABS f RN, 12D,
Bl Dy =X; X RETE TR BRATEM K ESTRAME £ B, 248 R f/(X) , B
, R=f(X)={f(x) |xeX}.
RS HE R, FEEENR
(1) MR~ LFREUT =EAEER 4 X, HENR D, =X, &4 ¥, iEs




E—E BHSHER

FUTERE R, C Y5 X RIEER f, X A » € X, WE—BRERY y=f(x) 5 Z I RL.

(2) W4 v eX, TE « WKy BRE—H;TIXHEA ye R, TR y WEREF—E
B Mt F ER R E Y W— 1T, B R.CY, F—%E R,=Y.

Bl1 ®fFROR, XHEN 2R, f(x)=2" B, f B—BLEF B9 U D, =R,
{8 R, = |y1y=0} , B R (— A EFE T RAWTE y, By=05b, BHFRER
BUE—.10 y=4 BEBRAE x=2 Fx=-2 B~

B2 ®X={(x,y) |7 =1},Y={(x,0) | |x[ <1}, f: XY B4 (2,y) X,
HW—FRER (,0) € Y SZXRL B f B— ST, f U SUR D, =X [EIR R, =Y. 7E
JUAE 5/ B R T T —ANBL O E R R B B L R R b A R R ) o B R X T
[-1,1] k.

T &f[—; 5] S[-1,1], 548 2 e

- 3g ] fx) = sin e f BB

st e D= [ -7, 7| R =-1,1].

W FENES XEIEA Y WIS, R=Y, B Y RE—TER y #R X FETRN
8RR S X BLY | MBS SRS BN X R EBTARRTE x5, EIHE
FCry) ) | TUBR £ 38 X 31 Y 0251 2500t £ R 20T, SRS, IUFR £ ——Bt
51 ().

T 1 P, B AT, XAERET; B 2 B AT, ST 41 3
Houest, B ST, RS, BB R —— BT,

VLSt LR T AR A X, MR e R RIS o , B U R
O PR AR, B, B2 822 X SUSOER Y MBS XUAR N X EMOE B, NS4 X
BIE BB SRR X _E RS, SR (S T4 X BISEMAR ¥ AT %
Fioh e S X _E RIS

2. PMEEESIRE

WfRXE YRS, MhEXL, HE ye R, FE—H 2 e X, BEx)=yF

72, TATATE L —1 M RE| X B3RSt ¢, BR
g:R,—X,

SHEA y e R, FUE g(y)= 2,3 » W R f(x)= y. XNBST g F1 f BOBBLETiE/E S,
S SR Dy =R, (R, 1= X

& PR X, RE RS A RS BrL, 226 1.6 2.4 3 o, REH 3 Sriypt
S AR XA R R B R EE

fH(x)=aresinx, xe[-1,1],



-1 mESEH

H%Xﬁ Df—lz[—l,l] ,{Eﬁ,ﬁ qu: [—'121,% .

WA P Eest
g:X—=Y,, f.Y,—Z,
K Y, Y, Wb s g 7 f TTLAE H— A X B Z BOXTREEEN, B8 e e X st
Bofle(x)] e Z BH, A RIHENBERE T — I X B Z f9BES, S04 BLSHHR -y e
g M fHBHE GBS, 10k fog, BD
fog:X—Z, (f-g)(x)=fleg(x)], xeX

HE AU O, BT ¢ A f R A BT RO 1 2 g BB R AT
B SHESCEN BN R, CD,. B, R A A WSt B T L G038, st ¢ SR
RamAMTH, fog RRIXFAFR gof WHELBME fog 55 gof AT, HoB
Gt fog 5 gof RMLHF.

B4 WEWS g:R—[-1,1], %84 xeR,g(x)=sin x BRE [ -1,1]—
(0,1, 38N ue [-1,1], f(u)=V/1-d* , MBRES g F1 £ #5405 4 BES fog: R—
(0,1], 38 xeR,F

(feg) (x)=f[g(x)]=f(sin x)=+/1-sin’x = | cos z|.
—. EAE

L. RIS

EX2 BHE DCR, MRS f:D-R AENED LHH Y BEEIEA
y=f(x), xeD,
Kb« MABEE,y MABREE,D #AENSE, 246 D, B D,=D.

BRI E SR, XA x e D, R RIVEN f, BAEE—FRENE y 53R, X4
(B0 B S 75 x R HOBRALE SBAE fx) B y =f(x). AR y 5 12508 = 22 DS
WBOER , W HARN BPER. R f(x) BT BB A TR N BB f E S, 1T
& R (D) , B

R,=f(D)={yly=f(x) ,xeD}.

TEIEH R ERE X, IES S H () HEXRERFN FiEERATE A
FZEE y ZRRIXTRIEEN, TG & RA S B R « XA A REE. (B 5 TR (E, T
B ERERIEESf(x) ,x e D"B " y=f(x) ,x e D" RFAREXTE D IR, X B T HE AR
B BT E R R S

FRRHWICSEALMEEREN, BT EAN 4N, ET BEMNECFEEER



B8 BHSHR

HEER, g, F,o S ABRH, BEATEIE y=g(x) ,y=F(x) ,y=o(x) E. AL HE#E
FEZBRICERFREBE, BB EHICEIE y=y(2) EER—EEF, T2 LA
AR RS, AT ERXH, THARNERIES RRREN.

R RN ET e us, HEREER N, BHMRRENERR &
S8, D, Kot REk N £ An SR w4 ek A0 8 SR IR , 3o Rz vk U A ) , R4 3K P BR 3K
SRR, BN R M.

BRHLA R SUBGE B3 L TR TR SR E  —Fh B XA LR R A R A, IRYESE
R R BRI E HE. B0, £ B B EES T, R TR a0 Rt ¢, T ik
BIBEEI N s, FFIR T RIR 2] ¢ =0, T RIBT 2 e =T, s 5 ¢« Z B RECCRE

=g, te[0,7].

A B E SRR RRE[0,T]; B—FEMR M AR ARBN B, BFLE
DO R U AR AT A B — DI B SR &, R e SUSAR A R 5K
B BRI XA Z T, — BB AR R B BT Ry =f(2) " R, T

R D, B, B y=v T2 EW%S’J@&"%&’?'‘X“E‘j['1’”’@ﬁ”’i/r1 o

M RFRE(-1,1).

RPN EBEFTEE =M. R85 RS BITE(ARN%)  XREPEERE
ELRE K, AR ERRR B ET REER S, BN AR F i EMSE

{P(x,y) ly=f(x) ,x e D}

RN EE y=f(x) ,xe D WETE (B 1-1). B RFREE y=1(x) BIES.

Tz LA R

5 EE

y=2

KIS D= (- ,+0 ) fEI W= (2] , ERNEERE—FFT T« BINELR, A 1-2
Fi7s.

yA
y
y=x)
R
o 5 x, y y=2
o TR T
D o x

1-1 1-2



-1 BRHESEH

Ble KL
o [=%, =<0,
y=|x|={
&, < x20
RN D= (- ,+00 ) (I R,=[0,+e ) , EHEBMEL-3 B 7. 34~ BR BB o 4
X {E R EL
57 R

-1, <0,

y=sgnx=(0, x=0,

1 ‘

WATS BE, ERE IR D= (- ,+o ) (EHE R,={-1,0,1} , EHEFLME1-4 ff
AN TR EH x, FHI SR R AL -

x=sgnx * |x|.

x>0

’

y yssgnx
y=fx| 0 x
-1
o X
E1-3 B 1-4

B8 % x HAE—SH, R » MBRBERN » HOBMERSy, iEME L] B,
[%] =0,[42]=1,[w]=3,[-1]=-1,[-3.5] =-4.40 x BAEL R, M FHHK

y=[x]

e X3 D= (-~ ,+o0 ) {E3 R, =Z. EMEINE 1-5 FiR, X~ ETFE R0 B i
2.7 » NBEELL , BT R AEBRER, BREE N 13X~ R SR 0 BUEE R

e 6 Ff) 7 hER A — P RHERIARTFRER IME BT ENRRZE
AT B P, o gk ] B R Rl =X Sl R 7 Y BR L, S R A 40 B ek B

Bilo HEE
e, 0sx<l,
x>1

y=f(x)={
—THBEEE EHENIE D=[0,+c ). Bxe[0,1] B, XN K oA E AKX

142

?

fx)=2z; M x e (1,+0 ) B, 5 BIH) BB f(x) = 1+x-@ﬂﬂﬂ,%e 10,17, BT



F-E BUSHR

f[%]ﬂ\/ga/f;le [0, 1], BFL F(1) =21 =2;3€ (1,+), FTU
f(3)= 143 =43 BRI BN E 1-6 FiR.

¥
4 o
3 *—0 y
y=[x]
2 0
1} e—o y=l+x
-4 -3 -2 -10 1 2 3 4x

—0-2 . E
e—0 -3 y=2;J)?
il —4r I
0 1 x
B 1-5 1-6

FULARTFRFTR—A CFRILA) B, RS B E S TEFE, T AL
SR LA B AR SR TREAR T, 2% 2B I BERA Y. M SRR,
SRR p SRV HEBER, 5V RAM MR (Boyle) ;24 V A4/
B, L T A LR (van dor Waals) FRRER, Bl

?:E—F B<V<V,
P:
1k
7 V=V,

H k,a,B,y BREE.
2. BRERY LA

(1) RBWBFE BRI =) WE N D, 5 XCD.MREER K, , F18
A=) <K
WHE— x & X ERRAL, I ATREES() 7 X LH L5, T K BN BB A () 7 X i —
TLEF MRFERK, , 55
flx) =K,
XfE—x e XEBL, BBAREE () EE X LB TR, T KHIERF(x) 7 X Fi—
T H IR R M, 75
(=) <M
XE—x e X ERASL, AR AFRESL (=) %2 X LA T MR M RTETE, SR B



T BES5RY

f(2)7E X LA RN, IR FAEMIER M, B », e X [f(x,) |>M, 54
EH (%) X ETH.

B, BEEBA(x)= sin x FE(-o0 ,+o0 ) AL, B0 1 BEM— LR, B-1 2T
B—ATR(ER, AT 1 HENEOREN ER, A F-1 MEMKGBEEHT
)X

|sin x| <1
SPE— LB« FB IR, URE f(%) = sin % FE(—o0 ,+o0 ) RB FH, XEM=1 (M4
WATBURTF 1 BIEMEUEND M T | f(x) | <M SHE—SC8 « ZBARAL).

M ()= AEFRE(0, 1) P L, (54 F I 6130 1 St eio— 1
TR B (x) = AFFRIE0,1) SR F b, BA AR ER M, || <
M AT (0,1) PIBi—4) » BB B f(x) = K (1,2) PR Fob0, B T Bt

M=1 ﬁﬁ‘%’slﬁﬂ‘?—ﬁlxdlﬂ)%ﬁﬁﬁi

B, BB () EX PARANASVEFGREEEX LR LR ETHR
(2) BHERIFNE BWRE y=/(») & EA D, XA ICD. IMEXFXIE 1 E
EEPAR 2 Fox,, 3 x,<x, 0, BH
Sflxy) <f(%,)
AR AFREEL y=F(x) FEX[E] [ FREJRER (B 1-7) ; R FTXE T EEEW A
%, M %, , 2 x, <x,BF,{BEA
fx,)>f(x,)
HRAFRREL y=/(x) FEX (B T b 2B/ i (B 1-8) . B3 A0 R s ) R L e

v Y




F—F BHSHR

filgn, KE y=x"7EXE[0,+e0 ) L REFEMME, EXE (-0 ,0] FRHEFED
B FERKE] (—o0 ,+o0 ) P RRAY y =" N2 BATHE (E 1-9).
AN, REL y =’ FEXK ] (— o0 ,+o0 ) PR SRIAHEINAY (E 1-10).

y
y =
y=x'
(0] ‘ X
(o) x

1-9 1-10

(3) BHHFBIE BRHS(x) BRSO D R TRAXFR MR FE—xeD,

f(=2)=f(=)
B ARATR f(%) A REL RN FHE—=xeD,
f(==x)=~f(x)

TEBGSL, AR AR f(%) F 27 R
B, fx) = RABEE, R f(—x) = (—x) =at=f(x). XHIN,f(2) = B
BOER ()= (=x)° =" =—f(x). _
BRBEIERRLT vy BN BANE y=1(x) BABRE, W £(~<)=f(x) , BT
WRA(x, f(2) ) REF LB S, BBAEET vy BIXFRE S A’ (~x, f(x) ) LEEE -
(B 1-11).
TEBEHNEERTREARS RN BERE y=f(2) BEEH N f(-2)=
(=) FTENR A(x, f(2)) RER L8 S, B4 T LTS MFRE SA"(~5,~F(x))
WAEEE E(E 1-12).

1-11 E1-12



-1 MESEH

PRE y=sin x 25 R BBE y=cos x ZHEH BEL y=sin x+cos x BEIRZF H L,
WARE _

(4) EHHIERE TR (=) B8 SHHR D INRFE—TIER L, FEXT T
—xeDH(x+l) eD B

fla+l)=f(x)

TERRAL , R ARR f(x) S0 FLAR BRI, L FR N f () OB , 3 BRATT L 00 o 0 PR 4 R
/D IE B,

Blan, %L y =sin 2,y =cos x HZLL 27 ﬁﬁ%ﬁﬂﬂﬁ%ﬁ@ﬁ BR¥ y=tan x LA
TR EA B T B R

B 1-13 R HEA 1 i —A A8
WESMRENINWXE L, EEERE
R i e 4 o; v/'(\

HEB AP EHHERDER
BT A R BB TR AT

5110 2k F| 55 % ( Dirichlet) B4

1, 2xeQ,
D(x)= {
0, xeQFf

REEIEXE— R R, R EH B - SR TN AN E%JTTT%/J\E‘J

A TEL, BT A EBE B/NE R

3. RREEEGRE

VS 5T B 48] , AT LU T B R AR A -

B . D—f(D) REE, M EFEME 7. f(D)—D, FRILBRE F S f
R

WHE S BN ye (D), FH—H xe D, #8 f(x)=y, TEA

(y)==

XA R, R RR B f T BRI EE R 52 4 v BR B AR R I B E .

BN, BBy =+ x < R BHET, BT MR BEEAE, 3R EMbn=y" ,y e R

HFIMEEZEEA«»FR  BEEAyRR, TRy=x scRENRBHHEEE
i3 y=x% ,%eR.

— &, y=f(x) ,x e D BIREEGER y=f " (x) ,x ef(D).

#fRENTE D ERBRIERE, N f:D—f(D) BB S, TR MRS LEF
*®,MAASIEH M BE A D) EMBRIFARE EEL E, A7 D ERAR, A



10

= f() RN EERIEERRE y=f(x) ME KRB

B—% RBSRRE

SRAERA £ 7 £(D) AR BRI A

By, ,y, (D), B y,<y, 1B R f B9E S, X y, , 72 D NAETEE—MER «,
Bf(x)=y, FRF(y))=%; % v, , % D AEEE—BER «, , F8 f(2,)=y,, FR
F(y2)= %,

WNER x>, , W f(2) BRI, B y >y, R x, =2, , B REy, =y, XFFP
TERER SRR y, <y, DR, B x, <y, B F 7 () <F 7' (9) XBRIEBH T £ 7 (D) £
R BRI Y.

MM FRER y=F"(x) KU, BRM B y= ]

R

i =)

y=f"(x) KB EZE R — LR EE L, X B ER R
FHZ y=» BXHRE (A 1-14). X Z2FE R0 R
P(a,b) R y=f(x) B LB A, E b=f(o) HRE A5
HHEN,E a=f(b), 8 Q(b,a) By=""(x) B}
FHIERZE Q(ba) R y=f(x) B LB A, N B 1-14
P(a,b) & y=f(x) B LH & T P(a,b) 5Q(b,a)
RETHZR y=x XHE.
A RERE AW — R0, R S B RIT S, E A RS I T
BRRE y=f(u) B8 S8 Dy, B¥ u=g(x) B9 XK D, , AEES R, CD,, N
BT R E R

P(a, b)

=Y

y=fle(x)], =zeD,
PR BB u=g (%) 5 oR%L y=/(u) B E S BE, BHERN D, , TR u WA
[FZEE.

R ¢ 5RE S E A R B g B f IR E AR BB, EEiT N

fog,Bp
(fog) (%)=f [g(2) ].

SEEWH—F . 5FRMRE R B for HEMR Bl g AR R LG
FeR¥f e ) D, , B RKCDfEEH,Ziﬁl%WﬁEE%Eﬁﬁ- B, y=f(u)= arcsin u £
EXAL-1,1],u=g(x)=sin x BEHEHN R, He(R) C[-1,1], 8 ¢ 55 f THIR
BEamE

y=arcsin sin x, xeR;
A, y=f(u)=Ju B IRA D;=[0,+0 ) ,u=g(x)=tan « H{EB AR, = (-,
to ) BRR, D, 8 ¢ 5 REEMBE A REALE, 105 BEL o PRSI T 195 X



BT BME5ERH

S — T4 D= {

1
k'rr-.<._x<{k+-5]'rr,keZ}J:,’%g‘(x)= tan x,x € D, B4 R,. =

g (D)CD,,g” 5 fFEm IR A R
(feg" )(x)=/tanx, xeD.
IR T HEER, IR B/ tan x B R u=tan x 5FH y=Vu RN E
B REL X B R u=tan x NI u=tan x,x e D. UG, BATRBUXF 3 B35k 5
n, BATREE w=x+1 5EH y=ln u WIRE & EHIn(2+1) , EHE LBA R u=2+1
BB 2R E S R, T2 R f—F&ED=(~1,+» ).
B, B BIWA LU BB R B A R, RETIIRKE R EE S K

WL 2P BUE0, BC = u=cot v,0= " TTHRE A BRI y = foot - L u B o #f

ReFIAR, H A RYE IR D=5 | 2km<a< (2k+ 1) m ke Z) TR R v="-40
HAE SR R,D 2 R f— ez 4.
4. BHEVEE

BRE f(x) ,g(x) B9 U4k KN D,,D,,D=D,ND,# D, MFRATAT LARE SGX T
MR TR
M(E)fxg:  (frg) (x)=f(x)2g(x) ,xeD;
Rf-g:  (fr8)(x)=f(x) - g(x),xeD;

ﬁ—f-: (fj( J A= ),xeD\{ |g(%)=0,xeD}.
g g(x)
B 11 REEF(x) B S (~1,0)  IEIAAETE (-1, 1) LB BES g () B A
B (x) 1%
f(x)=g(x)+h(x).
i AT MBS RE Y g(x) ,h(x) IEHE, (72
| f(x)= g(x)+h(x), (1-1)
H
g(~x)=g(x), h(-2)=-h(x).
FRA
F(=x)=g(~x) +h(~x)=g(x)~h(x). (1-2)
FIA(1-1) ((1-2) K, TR g(x) ,h(x) . BXBER BRATAEW FEDR
tE

11
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g—% RHSER

§(3)= S ()1, h(x)=2Lfx) A=),

ol
§(=) +h(x)=f(x),
§(=)= 2 L= 4/(x) 1 =a(),
h(=2)= S A(-0)A(x) 1 =-h(x).
.
5. IS
S b P P

R y=2" (ueR BFH),

HEHEH y=a" (a>0 Ha#1), ‘

SRR STy =log,x (a>0 B a#1,55% a=eD bf,igHy=Inx),

=K. N y=sin x,y=cos x,y=tan x &,

=AM RH: i y = arcsin x,y=arccos x,y=arctan x .

A _E 3 3R R B AR o A 5 R AL

B O % 23 A PR B T U3 B PRI B B S & S R BT R
FATR— R TF R R R, TR0 55 R 4 fn

y=+/1-x*, y=sin’x, y= /cot%

FERAF R AR P T i6 8 RS K S B R % L
BRALFBE e WRAFRELK y=e'My=e " FrLHR G BHUR NN
REH—ERX @& B0 EL LT

Ry E#% sha=— _;

Kot ch x=2 -;e 3
W EH thy=D¥CC
e chx e"+e

KEAR b BHHHERADLT,
REERHEXFA (-0 400 ), ERFBH, EHERELE X 2T EE

D e B—HEH, XM X MABE AT,



F-1 mEs5a8

AR (~o ,+o ) WERLBAMME. %2 WA ERAN, CHEREE 25
W%iﬁ;ﬂ'—%}&y=%e",i£f¥£§i|‘&m%i&ﬂ‘ﬁ3§zy=—%e"‘ (H1-15).

T & LHH (~o0 40 ) ERBEK, U EHELE(0,1) LT y b
AR (00 ,0) NER LR, £ K (0,400 ) HE 25wy ch 01
RIABKWBAML S v WA ERAN, UHEBES —RRABET 485 o=
%e”,&%:%& W&i&%ﬁ;i&wée” (E1-15).

R EMHESRA (-0 +0)  EEH B, CHEMELE L LS TE L
R ARE (~o,+o) AL ELEM M. U EDEEKTELy=1 By=-1 2,

BY s WENERAN , ENENEE - KRBNBETEL =1, TEE 4R AE
HFHE y=-1(H1-16).

Y
S | S
Sethx
0 x
-1
B 1-15 B 1-16
AR dh &SN, TIETF ALK

sh(x+y)=sh xzch y+ch xsh y, (1-3)
sh(x=y)=sh xch y—ch xsh y, (1-4)
ch(x+y)= ch xch y+sh xsh y, (1-5)
ch(x—y)=ch xch y—sh xsh y. (1-6)

KMNEEHEAR(1-3) , EUEAAREZFTEHATEN. FEXL, B
e—e” e'+te” e'+te” e'-e”

. + .
2 2 2 2

sh xch y+ch xsh y =

e —e " +e" T —g T 4 i i
B 4 4
zty _ = (xty)
€ gy
= e =sh(x+y).

13
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E—% RBSER

W EJUAAR T U3 — AR, F
EAR(1-6) # 4 x=y, #iE&EE ch 0=1,4%
ch’x-sh’x=1;
EAR(1-3) W4 x=y,F
sh 2x=2sh xch x;
EAR(1-5) ¥4 x=y, %

ch 2x=ch*x+sh®x.

At b R B IR AT
Bl B ¥ y=sh x,y=ch x (x20),y=th x ¥ 5 & KKK E
BEX#E®Z y=arshx,
R R Y 4&% y=archx,
B R o EY] y==arthx.

HERRGBHATEAL EAGKBERERT, 20 AR T
AN EEE y=scha WK BHK. & x=shy, &

_el-e”
o
Au=e Ml ERXA
u-2xu-1=0.
XRATu—P_RhFE, CHRY
u=xt/xo+1,
Hu=e>0, i FRRENNBES, TE
u=x+/x*+1,

BT y=lnu, B KKt E%
y=arsh x=In(x+y/x°+1).
B y=ashx HEXRA (-» ,+2 ), L EFF

BOERE (-0 ,+0 ) HEEW M. by y=shx W EH, &
BREBHGEEE, T8 y=ashx H BB E1-17

(1-7)

(1~8)

(1-9)
MEXFREBERHAR(-3)E(-9)S5ZABHHAXARABEM, VN

y=arsh x

BT 7w,
TEHAAN G LE y=chx (x=0)WE B x=
chy (y=0) ,%&

1-17



F—T MESEE

B e =xt/2" -1, %

y=In(xxy/2"-1).
PP+ NELAFEL G 22 AT FFRANE T E Fy=0 NEE. &

y=In(x+/x*-1).
FARERE y=ch 2(x=0) ¥y K & #AR A KNy f %W E 18,81 y=arch x, B

y=arch x=ln(x+\/acT—T).
XEMENER y=arch x W E XM A[1,+0 ) , BERE[1,+0) L Z E R A0
i ( B 1-18).
E A, TR R dy EEH

1+x
= arth gy o,
T

EABHEECEAFAEE(-1,1), BAEFER(-1,1) AZRRAEHTEL EW
BHxTREAH(E1-19).

YA
I I
. : it
y=archx | |
| 1
| I
—1: o El x
(o] 1 x : :
1 |
| :
1-18 1-19
i 1-1
1. KT 7 BB %Y B 4 E S
1 1 -
(1) y= V/3+2; (2) y=r—; (3) y=—-v1-7;
(4) y= ; (5) y=sinyx ; (6) y=tan(x+1);
4—o*
(7) y=arcsin(x-3) ; (8) y=+/3—x +arctan %; (9) y=In(x+1);

15
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E—E BHISRR

(10) y=ev.
2. FHIEES , B f(x) 7 g(x) REAR? FiHA4?
(1) flx)=lg +*, g(x)="2lgx; (2) lx)=x, glx)=+x";

(3) flx)= \3/x4"x3 ,g(x)=x Jx=1 ; (4) f(x)=1, g(x)=sec’s—tan’x.
3. %

| sin x|, 1x\<—§,
(%)=
T
=—
0, | x| 3

* e [%],qo[%],go (—%],qo(—z) FEAEHH B =0 (+) WIER.

4. THE T I RBEYH F

1+x
(2)f(x)“1 "
+x

_x
(1)f(x)—1+ 2
5. BRIE T 51 SRR T R IXC (8] P4 ) R 9
(1) Y=1—:;1(_°°:1); (2) y=x+ln x,(0,+ ).

6. e 7 R A9 R b

ax+b

(1) flx)=ax’+bxt+c, HF a,b,ceR,a#0; (2) f(x)—~——~ Hia,b,c,deR,c>0.

7. B f(2) AR PIEE RS f(x) 2E(0,1) P BARSEIN, FERR f(x) 7E(-L,0) PIb i
TN

8. W HATE B BEARE ARG (-1,1) L#.3FHE .

(1) PI-E eR B F2 (B R, P37 MU A 23 R4

(2) AMBRHEHTRARBEY, IS ERORAEBER, BER SRR RTAS
PR

9. T F1 R R L R R, R R AT R, MR B R E%ﬁtlﬂlﬁ#@#{?

(1) y=2*(1-2) (2) y=32"=2'; (3) y— 2
(4) y=2(x-1) (x+1); (5) y=sin x—cos x+1; (6) yza”-;a (a>0,a%1).
10. FEIE RECFEE R AR E X T AR, A
(1) y=cos(x—2); (2) y=cos 43;; ) (3} }’=1+Siﬂ ™5
(4) y=xcos x; (5) y=sin’x.
11 RT3 B A = R 3
1-x
(1) y= vx+ (2) y=m; (3) y— d (ad bc7#0) ;
(4) y=2sin 3 [—%sm%} (5) y=1+n(z+2) ; (6) y-z,%’_{



B—T BSS®EH

12. F FEIERH o b BT 4 SRS A A B4 BRI, 3SR R B4 B R T4 8 B AR BAE x, F
xzﬁg%ﬁ{g:

g m m . ‘ ™ ™
(3) y=vu,u=1+4" 4, =1,5,=2; (4) y=e' u=x",x,=0,%,=1;

(5) y=u*,u=¢" 4 =14, =-1,

13. 1 f(=) R IR D=[0,1] , R T 7% BH A2 L8

(1) fa); - (2) f(sinx);
(3) flx+a) (a>0); (4) flx+a)+f(x~a) (a>0).
14. %
1, =<1,
f=)=40, |x|=1, g(x)=¢,
-1, |=zl|>1,

K fle(x) 1 g[f(x) ], A P4 B A0 B .
15. BERIACR AT SHBARTE , B o=40° ([ 1-20). Zit /KBTI ABCD (IR 214 S,
i, 3RIBJE L (L=AB+BC+CD) 57K h Z AR BFE R, FH 0 HE U,

B 1-20

16. % x0y T A EHT D=1 (x,y) |0<s<1,0Sy<1}| REL Liaty=t (1=20).%S(1) FR
IEFTE D ML FHLE | AT HEHAMER, XRS () 5 ¢ Z A B R

17. REBCR LA (A F Fm) MIERIERE (F € #R) B AR, Kk

(1) 90 F WS ERIRER-5 CHEMERRE;

(2) BEFE—MREE, MERBETFRERER TSR — N MEEE,B2ZE
FEERZ/D?

18. B4 RtAABC 1, HAM AC,BC IR A BIH 20,15, 8 PN C B &, IE=ABH A
C—B—A SR ;508 Q W\ C R, B=ABHRE CoA—B Fm%sh, BB M SHE K
1, BR QBB RS P BB ER) 2 15. 308 P B3 MIER h ~, ACPQ MITEFRN v, iksk
y 5 x ZEKNEHER

17
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B—E RESHER

BW BHIRGHRIR

—. HHIRIRRIE X

W PR A R R S L S PR a) AR AR R P A . Bl i, R E R
FX (AT HE) BEIEARTHERNFK @R REE R SEARN S E
AR B A4 P R IR /S S T A OB YN 435 22 25 B . XUt « “ B Z 5R4A , BT S
A EZNE UEFATE NSEEAGETMITHAR”  ZREREHREFRAEN
e PR B AR ZE SR % b R A,

BE—R, BRERBEEADE, BENERICN A BERNEE T 0%, HEm
FUEH A, BAEREEIE — I, B EAITHR A It T 5, SUCh B, — i,
FEREEE 6x27 HEMWEBIEH A, (neN,). X, HEE—RIIANEEL BN
AR

Al ,A2,A3 e A",...,

BN E—FB R F L Y n K, WEEZRTE S B ERF/N, AT A FER
IR Te AR I AU R B (B R T8 n BB I K, RE n BUE T ALK ARSHE
TR , TR A2 [ Y T AR, Bt , 78 n TR K (A noo , 3E/E n BT EREF K),
BT AR IE S AT AR BCOCRE I, EX A LB H, NEEZIELREETHR, Bt
A, WITCRHEGE T 5 — 5 78 BUE , 345 1 A0 S0E St B8 4 5 (4 T AR 3 58 3
EEEEF B E SR YT B FHEET) A, 4, 45,4, , - 3 n—o R
FRAEEE AR R R A TE 2, RN AR FR A i 325k T 1B B9 T

FEMBIRSCER B B AR X PR R 7 ¥, B R B 0 i —Fh ek oy
2, HIH S EAES— 5 .

S BSRIHEE. N R B — 0, B4 n e N, , X2 — /N 52 50 S0 8
%, , X EEH xR T AR n JUNEIKHEF 8B B — AN 31
BLA B, T N E {x, ).

BN F R E— MU T M, 5 n 5 I 20, I B — AR T (SBIR)  film «

**ns ’

n

3 .
47 p+1’

)

N
273"
2,4,8,-

b b4



FIH BIIARR

1! (_I)MI:'”;
i 4 mr(=D"
3

[\

H] E] E
n

H

2.7
%ﬂ%ﬁzﬁﬂ&ﬁ%? ENR—RBIRR N
n " 1 e nH(=1) !
FEJUMT L, 8050 { x, | FTE VRS i — s,
RO BB B B %, %0 ,25, 00 %, o (E1-21).
By« | TEEB TR NEESN n 1R
%, =f(n), neNlN,.
HEATE 0 RKEL,2,3, - — I IE RS, Xof R B9 RSB R HE P AL (v, |
S FRATEI S BRI, BEAR 2 n TR IR (B n—roo BT ) , X5 B
%, =f(n) REBETMREE TRANTIEWRE? WREBE, XTESTL7
AT S

X X1 X3 Xn %

1-21

2

T T (2-1)
n
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PSRl GG SR A
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2

X UL T | %, | %Eﬁﬁ@-ﬁi@*&ﬁﬁﬁﬁ@ﬂﬂ I, XA {x, | AR BRAETE , 8% FE
f e RERE, B
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e n
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XA e RTCEE, EHER
e=2.718 281 828 459 045---
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1 1Y
x=— 1 {1 +¥] X 20 B x— oo B B A BB FRE BN
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X

1 x
lirg(1+z)]7:1im (1+—~J =e.

TR EIH 4 @R AR SR, LR EER AR T EARBNRREH
.
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a—ren x
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1Y) - 1
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AN EEE f(x) A 2 R ESEAREHEER, W f(x) 7 x, LR
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BT R S BRI A S, TR B 58, b X — &1
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T LB
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HI, Y m>N,n>N B, &

|xn-xm | = [ (xﬂ-—a.)-(xm'-a) J = |x,,—a,|+ Ixm—a |<§+~;—=3,
BT L SR RSB .
FEATHMEX B THEH.

BN ) TR SRR B0 (e, IO B DB R R M FEBA N ERK
e, BHH E—VEARBRFEHNE o, 5, EEFAENERNT &
AT P A PR 7 1 U 7 e, P e 7 B S .

& 1-6

L TR,
. sin wx . tan 3x . sin 2%

M = @ (3)

() lmcotw;  (5) lim %, (6) lim2'sin = (x HRETEMUR e N,).
x xsm x =@ 2

2. HETHIHRR.

(1) lim(1=0) %5 (2) lim(1+26) 5 (3)132[?];
(4) grg[l—%] (k HEEH).

"3, MREE MR PR S, E R R R 1.
4. T AR FRAFAEENUE A «

. 1 1 1 1
1) im , [1+—=1; 2) 1i + R =1:
(1) Iim " (2) lim n N - 1;

(3) lim Jie=1; (4) me[i] "
a—0 et x

5 BHOU %, | MR 15, =42 501 = /2%, (neN,).FEB lim 5, FP7E, 3R AR IR
6. BHI (%, | R %, e (0,m) ,x,,,=sinx, (ne NJ-ﬁE%}E& x, FEAE R IR FR.

R i I N [

EREHFRIEEME, FHATH N, ZRRBUNER TS /AL, £F
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o . 3x - sine - 1
lim—=0, lim—=w, lim =—
=03 2—0 g —0 3x 3

B TCT5 /N2 H BORR PR B 4 B R S 00, BR T A R T35 /M TR Hig” 12
BB _E LA T 338, 78 2—0 B8R, 220 He 3v—0“fRs” | Rt 3 3x—0 1
X —0“IBLEE” T sin x—0 5 3x5—0¢ B FE .

TE, Bl TS /N2 AR R e 3 T 25 it , Sk B T AT 95 /1 2 A 4
BRI R, FEY o & B BMEER—/ EEBHELEBENTES D, B axo,
hm%ﬂﬁﬁﬂﬁﬁkﬂﬁ¢%mm
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mﬁhm%z&%ﬂﬁﬁﬁ%&a%%%%ﬁ&ﬁmﬂﬁdah
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m%mm%w#&%ZﬁﬁﬁﬁaEEM%%$;

105 lim L= 20 k>0, BABSE B RET o 0k HES/;
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R lim &= 1, LR B 5 0 RENTHN, 2 a-p.
SR, BT MEFIGTT NORIRIET, B o= 1 915
TEE— BT
Rl =0, BT LA x—0 8 34" 2. = ROTHOES N,
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<

BTz ST nson B, - RH KBTS

2
n

x°=9
H Jlim
=3 x—3

=6, T Y x—3 Bf,2%-9 5 -3 BEMTI /.

I-cos »

liljbli_rg——f—%,ﬂfl)jéﬁ x—0 B, 1-cos x BXT x B T35 /).
x ¥

sin x

[ lim ™= 1, L1 24 50 B sin » 55 « REHITI, B

X
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T EEE—E RSN T /N F.
1 EBR: Y x—0 B, /1+x -1 ~%x.

i EH
W/ 1+x-1 (J1+z)"-1
bipr—= ——=lim—
—x —a [V (T2) ™+ (T42) " oot ]
n n
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bl

PO (L) T 4 (L) 41

By 1+x -1 ~%x (x—0).

RFEMTE /D, B TEAIEHE,

TEH1 BEaZEMESTIMITHIVESHEHR
B=a+o(a).

i BEW #a~g,NH ,

g % e [3—1] <l & s,

(s a o

Hk B-a=o(a) , Bl B=at+o(a).

FEotE & p=aro(a) N

i i ) [1+9~(_“l] =1,
o

21 o

Hit a~p.
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iR
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; 1
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o

it 2.
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S igindy was; 5
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& 2 x—0BF,sin x~x, TFH/D 5°+3x SEAREG BRZEHME, BT
. sinx % ! 1
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L 1 1
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> 1-7

1. % 50 i, 224" 5 " -2 B o, B— B EH TS /N7
2. % x—0 B, (1-cos x)* 5 sin’z AL, B— R EB TS N7

3. % al B, FZ5/D 1~ (1) 1-2,(2) %(kxﬂ%@lﬂm,%é%fﬁ?
4. EB % 20 B
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5. FIRSMMRS DNBER , R T FIRR

tan 3x . sin(x")

(1) =22, (@) T2 (n,m HIERH)
tan x-sin x sin x—tan x

3) 1 ] 4) lim i

) =% sin’x @ ’1_'0( V142" =1) ( /T+sin x—1)

6. IEBATZS NYEM L REE THMER:

(1) a~a (BRMH); (2) FHoa~B,MB~a (KFRE);

(3) %a"ﬁaﬁﬂy;mu a~y (’fgﬁ'}ﬁ:‘)
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B, — MR, BB E Ay WEMED 0 % et
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BB ABBRERB y=/f(x) FER no kb RAESEHY, BV ik X,
EY BREM y=f(x) ER 5 ME—SHNERY, R
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TBLTRREEL y=1(x) FER 2o ELE.
T BLAH BRI, T R y=/(x) FEA o FEGE SUFARIR 7 SleALA.
' x=xy+Ax, M Ax—0 FiE x—=xp. X TF
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Byl
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AT Ay—0 BER f(%)—f(x,) , I (8-1) K5
Jim f(x) = f(,)
. BT, BRI o =1 () PR x MR SCURTALRINF
W y=f(x) T E—PERTEN, MR
lim f()= f(%o) (8-2)
BB LTAREE f(0) T v LR
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FOx) FER xSV 650, 3850, % | x-x, | <8 B, | f(2) A%, | <e.
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T A BEVL BB S () FE R o BB LE.
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SLH xo,%ﬁﬁ}ﬂf(x):f(xe) A R X ] (- ,+o0 ) ARESH X TH
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FERBIF  ATHAED , B y =sin = FER[E] (—0 ,+o0 ) URHELER.

Wox RKIA (—oo , +oo ) PTG HY— 5. 34 o A 4008 Aw B, X1 B4 B0 BCE0 3
B

Ay=sin(x+Ax) —sin x,

HE=ALRE

sin(x+Ax) —sin x=2sin gcos (xi-éofj ,

2 2
EEE
+é—9E <1
cos | x+—- | | <1,
HLHETS
: 5 . Ax
| Ay [ = [sin(z+Ax) —sin x| <2 | sin 2 |

BEAMFEZNA o, X a0 BHA |sin al<|al, L
0<|Ay|= | sin(x+Ax) —sin % | <| Ax |.

E, Y Ax—0 B, R BB 1Ay | —0, XEIEH T y =sin & X AT —
xe (—w ,+o ) EELER.

AT LIVERR , 3T y=cos x TEX[A] (~o ,+o0 ) IR ELEH.

— . EHBERVEIAR RS

WERE f(x) TEAR % WF RO E X AEWRHET , DR RS () A FH =
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(1) FEx=x,WEBENX;

(2) Bt 5= AR X fBlim f(x) R

(3) B x=wg B X, Blim f(x) FE2E, (Bl f(x) 1)
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2

?ﬁﬂ‘]ﬁ?w%ﬂz@ﬁ tan x B9 TCZ5 [ 5 (D 1-34).
1
2 K%L y=sin —x-ﬁ:)ﬁ x=0WHEN; Y -0 B, BREERE-15 1 Z @55

FRRZ Y 1-35) , BT 4 =0 FRH S sin %Eﬁéﬁe;‘%fﬂ%,ﬁ.
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H 1-34 & 1-35
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B3 By =T = | WA, BT R '
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B4 EE
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2
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x-1, =x<0,
f(x)=10, x=0,

x+1  x>0.

XHE, 2 x—0 /Y,
1_i§_f(x)= ligl_(x-l)= -1, E{.gf(xﬁ%(ﬂlb L.

AR SRR BAEAE , (BRARS , HORRRlim (<) FAEEE , BT 2=0 RS S ()
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2

xt- x s
= = =0 = :k =kmr+— k= + D)
(1) g = lat=dy (2) y= = w=km,z=kmt o (k=0,21,22,-);
1 z=1, =x=1,
(3) y=cos’—,x=0; (4) y= x=1
% 3-x, x>1,

4. TS ERE ()= hm —x (neN,) KIS, 2578 (B B, AR L 2e .

5. THIBRR A B B 3T /Y, BFLL R AT SNREXTH, A Ed; MR RSN, A H—1
.
(1) tNREH S (2) T 0 L B4 | f(2) [HUFE o FELE;
(2) WS RHL | f(x) |46 o FEER, R4 f(2) T o FEE.
6. TFRA B F(x) AT 2o TS B f(x) %0, WAFETE 2 FE—4B3 U(x,) , 2w e Ux,) B,

flx) 0.
7. &
%, xeQ,
f(x)z{o, zeR\Q,
HFHR
(1) flx)7E x=0 L,
(2) fx) FEIETRY » AbERARFELE.

8. B f(x) AT BES x, 7,8 faty)=f(=) +f(y) , B f(x) 7 =0 FE,EH: f(x)ER L
pee

BT ESRBNEESFRUNESE

EERHAA. £, R, HNESE

e B A S 2 SRR PR 0 U5 8 B ), 37 BT 48t T A .
TE1 O REH ()R g(x) ES xnﬁzﬁ,mUEfl‘mm%)f:g,w-gﬁﬁ{;
(Mg (n,) 20 B BBEEA mo Bl

nx COos x

)1 [}f]tanx=8i ,cotx—s_ T y=sin x Fl y=cos x EPFEX [B] (—0 ,+0 ) A
cos %

ELE (T BB 1 A y=tan x 7 y=cot x FEENIHESURNRELM.
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= RRYEEERHANESEY

RREME A RS B RS — T hihd, X ERIHS e 18R st

EE2 MREH y=f(«)EEXHE L EREEM(KNLAB D) BEL, BATH
RS x=f" () WM EHNRE L =1{yly=f(x) ,xeL| LAEEM(HEF D) B
EA

TIE R A .

B2 mFy= smxT:Elﬂ']EIETJ[—— —] BRI E S, BT E B R SRRy =

arcsin » FEM] X[B][ -1,1] b2 58880 B #4521
e, N BB 2 AIIF: y = arccos » ZEFI X AI[ - 1, l}iiﬁyﬁ”‘ﬂﬁﬁ,
y=arctan x TEX[B] (- ,+o0 ) PYEAFHE N HHELE, y = arccot x FE K [A] (—o0 ,+o0 ) PY2A
B2, R =F K% y=arcsin x,y=arccos »,y=arctan x,y=arccot x 7E 18I E LI,
PHER R ZELE .

EE3 REHy=flg(x) | HER u=g(x) SEM y=A(u) BATIR, U(x,) C
Dy Hlim g (x) = uo , WHEH y=f(u) ¥ u=u L, M

lim £ [ g(x) ] =lim f(u) = f(u,). (9-1)

I SRR G, 4 A=f(uy) GRB fu) TR uoE88) , HEON T 5,>

0, % x & Urg,8) Bt 8 g () 7uy” Atk (BE78 - T A0 52 5. 30 2 T LY A
g(x) #u IR V o>0, 1 g(x) = uo ST HIFRLE A x, BARMLE | £ [ g () 1~F(uy) |<
& B BB M4 g(x) #u, T

A3 hA

lim g(x)=n, limf(u)=1(u,),
B (9-1) XA B i, D
lim f[g(%) 1 =f[ Jim g(=) ]. (9-2)

(9-1)RFER R 3 WABT , BERR u=g(x) HAKLm fg(2) 1 5iAk
ﬁllﬁglnnof(u) J X E uf}iﬁ g(x). D

(9-2) RFR BT 3 AT, REAEHS [g(x) ] HOMIRRS , REGS £ 5
P Tim BT USRS .

TR 3 Y x—, B x—roo | AT RS TR
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(log,x) ' =—.
xln a

EE R R SH AR R, Y a=e BT, B EE B AT HRL R E
~
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£ (50) =l

Sf(x+h) "f(xo)

R—MRR, TR FRFE A D EL MU RE AR REEALMRE, EH ' (x) 5

TEBD f(2) TR % AT SR D E LR L AR
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BAEFT LAY, B S () TERR 2 AT R DD EHZBRESE S (2) MAESH

[ (o) B TE ELARSE.

RHS(2)= |2 [FE2=0 LMESEF(0)= -1 BASHSL(0)= 1 BREE, B
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2. HYEEIRE R TR BN EAREN, PR R B HL S Y R SIREE T 56t ¢ 0 mHk
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6. T ERFIHEE £ (%, ) T, B BHE LMET IR, 5 A TR 4.
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xzsinL, x7#0,
(1) y=|sinx|; (2) y'—'{ ®
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F(BROBATHRINEES - EFRE B
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R RARAS AR
HE (1) [u(=x)e(x) ]’
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B, AR (2-1) ,FEXRIK A £, = (—0 , +00 ) I
1 1

(tan y)' - seczyl
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(11) (logux)'=xlia (60,6%1),  (12) (ln®)'=—,
' 1 1
(13) (arcsinx)'= ; (14) (arccos x)'=- ;
1-«* 1-x*
i I 1
. (15) (arctan x) T (16) (arccotx)'= .y
2. RERYTO. £, . EAKRSEN
Bu=u(x),v=v(x) AT, N
(1) (utv) "=u'+', (2)(Cu)'=Cu’ (CREED,
(3) (w) ' =vu'viu’, (4) [EJ’zu’y—zuv' (vs20).
v v

3. REREAIRZIEN

Ba=f(y) XA LARRE FTRE S (r) 20, WERRES y=/"(x) FE 1, =£(1,)
MR, B

Ty e g a1
SOy B g

dy

4. EERHHIRSEN

By=f(u) M u=g(x) Bf(u) B g(x) B R, MEA B y=f[o(x) | HOSHY

dy dy du
LT R Y= ) g (x).

T ERE PR BB A ek AT S 500 =K B 46 .
il 15 iﬁy=sin nx « sin"x (n HEEH) Ky
MR EEMARARSENE

y'=(sin nx)’ - sin"x+sin nx - (sin"x)’.



EIW BEARIEN

FEVTHE (sin nx) "5 (sin'x) "B, ERE N FE & RECR RHEN , B 175
y' =ncos nx - sin"x+sin nx * nsin”'x + cos x=nsin""'x( cos nx « sin x+sin nx - cos x)
=nsin"'x « sin(n+1)x.

"Bl 16 GERAT 3 XU R R BOBUHE BR AR g A K

(shx)'=ch=x, (chx)'=sh=x, (th x)'=-12-,
ch®x
1 1
(arsh x)'=———, (arch x)'= , (arth x) ' =——s.

1+ -1 1=
iE BE®EI(D.(2).F8
(shx)'= (ex“ej]; =(ex)f_(ew)’

2 2

BAE(e) =" REH3,8(e™) =" F&&

(ex) ﬁ_(e—x).'_ex*_efx
2 Sl |

(shx)'= =ch .

) ] 45

x+ ‘-x" Z_ -%
(chx)'=[e '2e )"e ® =sh

HEH 1(3) R ERER, A

it [sh xjr (sh x)'ch z~sh z(ch x)’ ch*x-sh’x 1
X = = = =

ch x ch’x ch’x ch’x

i arsh x=ln(x+/ 145> ) N E S RECKSEMEER 1(1) ,F
1
i) et Ol L T

gt/ 14>

1 x 1
PR SN I | J: ;
x+y/ 1457 [ V1t ) /1447
i arch x=In(x+/x"-1) , FEHEA] 5

1
(arch x)'= , xe(l,+w).
x=1
1. 1+
by arth x=—In —, Al e
iy U e
1 2-1
(ath ) '=—, =xe(-1,1).
1-x
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BTE SBSHS

& 2-2

1 AR ARE B AR,

(cot x)'=-csc’x, (cscx)’=-csc xcot x.

2. KT R FE

(1 y=x3+xi4—%+12; (2) y=54"-27+3¢"; (3) y=2tan x+sec x~1;
(4) y=sin x + cos x; ) (5) y=+"ln x; (6) y=3e"cos x;
(7) y:hi; (8) y=e—2+]n 3; (9) y=x"In xcos x;
% %
1+sin ¢
L2 S_I-H:os £

3. R R B 4 e AL R S5

H
=T
4

(1) y=sin x~cos x,3K y' ‘ Fy'
=%

1
(2) p=6sin 0+7cos B,S}E%

(3) A= R (O T F(2).

4 LUEEIE o B EIAOMI, KT « SR MR o= vyt R

(1) EYIRBHE v (1) 5 (2) s B A AR 2.
5. REALL y=2sin a+a’ FEEAIRN =0 BRI LIS HBAES TR,
6. SR T F BB FH:

(1) y=(22+5)*%; (2) y=cos(4-3x) ; (3) y=e*,
(4) y=In(1+4%); (5) y=sin’s; (6) y= /o>~ ;
(7) y=tan «*; (8) y=arctan(e*); (9) y=(arcsin x)?;

(10) y=In cos x.

7. KT 5 KB TR -
1

(1) y=arcsin(1-2x) ; (2) v= = (3) y=eq_;‘cos 3x;
1-%
1 1-In x in 2
4 = e = . =Sln x.
(4) y=arccos — (5) y P (6) ¥ o
(7) y=arcsin/ ; (8) y=In(a++/a*+s7); (9) y=In(sec x+tan x) ;

(10) y=In(csc x—cot %).



BIYW RBRRSEN

8. KT 5 Ry 4L

2
(1)y=[amﬂn§§] ; (2) y=In tan (3) y= /1+In’x;
' +1
(4) y=e™F (5) y=sin"xcos nx; (6) y=arctan x—l;
i
i V1+x-/1-
(7 y=arcsmx; (8) y=InIn In x; (9 y=#;
arccos % ST+ /T2

(10) y=aresin JEE.
9. WS f(x) T g(x) AT F, B f2(x) +¢* () #0,EREH y= V/F*(x) +g"(x) FFEL

10, % f(x) TS RFAREH SR

(1) y=f(s); @) yflsit ey fleo) s (3) y=LE,
1L RFH RS
(1) y=e™(x*-22+3) ; (2) y=sin’x - sin(x?) ; (3) y= (arctan %]1;
(4) y=22, B 0EY olnom s
%" e +e x
(7) y=e™s; (8) y=v/ats 5 (9) y=sarcsin -+ /47

2t
(10) y=arcsin Ty

12, KT FI R E R4

(1) y=ch(sh ) ; (2) y=shx - e 633 y=th(l )
(4) y=sh’z+ch’s; (5) y=th(1-2"); (6) y=arsh(s"+1);
(7) y=arch(e™); (8) y=arctan(th %) ; (9) y=In ch x+ﬁlm—2;;

(10) y=ch® (E]

13, REH (%) N g(x) BTES 2, IE—SBBABE YL, A=) E AT T, f(5,)=0,2(x) FE %
AhEEE RITIE f(x) g (%) TE % ALKYR] T4,

14. B R% (%) W62 T IR

(1) fxry)=f(x) - f(y) Jt—H 2,y e R;

(2) Ax)TE%=0 LhFT .
BRIEEA () 7E R EALAERTS, B f ' (2)=f(x) - f'(0).
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HTE SHS5HS

F=T BB BB

BATHIE , 202 H LB BN BB v (o) RALE BB s (¢) XA 18] ¢ B S8, B

y=%§j2vs

AN BE @ () SURIEBE v (o) XA 1E] ¢ BOAAb3R , B RE o( o) SHAHIED ¢ B9 S0 .

dv d
aaa[Jja(s)

ﬁﬁ@ﬁm%ﬁ%[ﬂﬁwwws %t ¢ B B S, e

H."s_ E "(E).

BT LA, B 418 B0 B R BE R B B s (o) RPN 6] ¢ 9 I S,
— e, BBy = () B9 RE ' =f' (2) HARE » WO RREL BATIE ' =7 (») B BB

d2
BERE y=F(x) B S, a4k yid—’” B

7o) & H-2(Y]
I, 18 =) MO o) DHAERAE y=F() —B) B
SR, I SISO B, W SO BT S
40, (1) SO SO B3, B

y y(d') e y(n)

e
" det’ T A

BE y=f(x) BA n Br S8, ’fﬁ.’%’ﬂﬁ.ﬁi@ﬁ y=f(x) A n Bl S R EH y =
) ER 5 S BH n - SELIRA y=f(2) TE5 » » FIR— B 2 BE —ET n
BrEg 4. B R B SRS S

EHJH:EUEJ,ﬁﬁ%%ﬁﬁ%ﬁﬁ?ﬁ%ﬁ%*%%mﬂgﬁﬁiﬁiﬁﬂkﬁﬁ,%%?3&
HRER RN SRAR, WEEEBRICK S3 @+ ETIRENEMIE

BI1 By=arsh, Ry

® y=ay=0.

B2 % s=sin e,k 5"



i s =wcos wt,s"=-w’sin wt.

B3 EBA: A y=+/ 20" HRERRK y'y"+1=0.
W ¥ y= 2" K G, 1B

2-2x 1%

) 24/ 2%=%" "-\/222“%2 ’
o —(1-%) 2-2x
/I (1~

!

¥

BT BRSK

e N i as.ed € ) SR W §
254" (2= ) 2 (=) ¥
TE
y'y'+1=0.
TEABILAME R n B2

B4 SRIGEEE y=¢"1 n BreiL

B e, y'=et, y'=e, yU=e.
— i, W75
Y= e,
B
()™= e
Bl5 REZBHSRKEHE n L
8 y=sinx,
y' =cos x=sin (x-t-%] ,
y"=cos (x+%} =sin [x+ %+ 127-] —_ (x+2 . %J ,
™
y" =cos {%4'2 - %} =sin [x-l-?v . E) :
y<4)= cos (x+3 . %) =sin (x+4 . vg—] .
— i, TS
y™ = sin (xm : _';_] ,
B

(sin x) V= sin (x+n . %]
R, TR
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EIE SESHS

o
Ccos x =cos | xtn c — |.
(cos 2) = cos | w+n - =

Bl6 RE%Ly=In(1+x) 8 n Hr 2L

f#
,_L f,=__Lm " 1-2 (4)2,__1;",2'_3
P o T g ¥ e 7 (1+x)*’
— i, W15
(n)_ ¢ _ waln=1)1
Fr={-1) ()™
B
=-1)!
[In(1+x) ™= (-1)"“‘—__((’;+x;n‘.
BEAE O =1, XA n=1 Bt 7.
Bl7 KEEIEE 0 HEHEAR.
B Ry=+" (u REEER) 4
Y =pat,
¥ =u(p-1)x*2,
Y =u(p-1) (u=-2)2"2,
r Y =p(p-1) (u-2) (u-3)x**,
— M b, AT 5
Y= u (1) (u=2) - (uen+1) g™,
B
() V= p(u=1) (u=2) - (u-n+1)x*™,
= u=n B, 185
(x") ™ =n(n-1)(n=2) + = -3.2. 1=nl,
i}

() "B=0 (k=12
MRBB u=u(x) R v=0(x) FLEH x LhEAH n Br g B4R u(x) +o(x) &
u(x)~o(x) WIEM « Lo BH n HEH, H
(utw) W= M 1yt
I u(x)v(2) B9 n - SBFE R 2. i

() ' =uw'v+up’

BB



E=Y BRSH

(uw)"=u"v+2u'v +ur"
(uw)" =u"v+3u"" +3u"v"+ur".
PSS T 4055 vT LAE FR
(m))(n)= N T D ”(”2"’” (n=2) 1y ._In(n—l)-';c~1(n—k+1) DTN

LRI JE R (Leibniz) 4 3. XA UXBHEAZ 8 (uto) "B 2R E R
FEm,

1
(u+v)"=u"ﬁu+nu =1 1 n(;’" ) n-2 2+_‘+u0vn’

Ep
(utv)"= z Chum @,

SRIGHE k YRR k Br S8 M- SFECER A RBA S ) , BFHRER uto BB w, X
HEBREISRAT B R AT
(up) ™= Z G4 8
B8 i y=xe”, ﬁ?ym’-
R Bu=e”, 0=+,
g (Rl 9,0 00Y,
v'=2x, v'=2, v¥W=0 (k=3,4,---,20),

RAFERRRAR, B ' =
YO = (2e2) )= 9B L 42400 L 2%6% . 24 20 - 19215 T Fiﬁzﬁiﬁm
=2%e™ (&’ +20x+95).
> 2-3
1. SR 5 R — B 4L
(1) y=24"+In x; (2) y=e*7; (3) y=xcos x;
(4) y=e'sin t; (5) y= o a=i? ; (6) y=1n(1-—x2) ;
(7) y=tan x; (8) y= 31 ; (9) y=(1+x2)a.rctanx;
x +1

O B2 S BRI KEETRA G, icﬁu"-*vk SRAE Churhof RISk = 0,1, 0 JRER
=0
ROREBEIN n + 1| TIRAL
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BoE SUSHS

(10) y=%; (11) y=ze®; (12) y=In(a+/T+27 ).
2 f(x)= (2+10)° 3R f7(2). |

3. ﬁf”(x)ﬁ&,ﬁi”ﬁﬂ@ﬁ%:m%ﬁ%:

(1) y=f(x"); (2) y=In[f(x)].

1
4 wUT =,
Yoy

dzx }’” d:lx S(yrr)l__ylym
5 R A, ) Z=L2Tr
VT Doy
5. DHYMARIESIMARN s=Asin ot (4,0 BER) , REWEE S INERE , HRAE .
3—;2+a}25=0.

6. BEXMREHAKRSEN, BEHLON s km HEEFSSRE L RIFRENMEES &
R H.

7. BRI A = BEESEA N =) SRR RIE I

e“cos x, x<0,
8 i&%%{f(x)={ , SAEBEM a,b,0, B /() BE IS
ax +bx+c, x>0,

9. RTF5I T8 E MW B S8

(1) y=€"cos x, 5K y*; (2) y=2"sin 22,3R y**,
*10. RTFF) EEEY n Br SR — AR

(1) y=2"+a, 0" +aa" "+ 4a_a+a, (a,,0,,,a BEEE);

(2) y=sin’x; (3) y=xln x; (4) y=xe".
Y1 RERHA(x)= 2’ In( 1+2) ZE =0 £bY n BABHLS ™ (0) (n=3).

ST B SEREE R
R R MR

—. REHNSH

BB y=f(x) RATANER y 5« ZIBIRTRIE R , 37X RE 3 5 BT LU & R R
FI77 Ak AU RATB R R, B0 y=sin 2,y =In x+y/ 12" %, X ESHEE TR
RN S SEREREROHS, MERESE ARRNRT, % TBHE LR
PIEE— B , B 3302 T BB 0 1 ) B, S Py 2 3k 1 BR 0 . R . A



BOT REFZHSEHFEMPBEHEHHSHR BXTAE

Bk T RN Rk, Bl , R

x+y’=1=0
TR B E R SR x5 (-~ ,+o0 ) WEUERT , 8 v HHEAE 5 2 % R )
0,2 =0 B ,y=1; % x=-1 B,y =2 , 5% ORI REFR N RS

— e, NSRAS R & Oy W E— TR F(2,y)= 0, E—RE&MHT, % » EK(E
W — (T FARIHE B T R X TR ME— 0 y (72, BB AT AR F(w,y)=0
TEIX B R T — AR .

HE—A B R B A B, R B R B AL S T Ry - 1=0 MRt y =
V=2 SR RS R T 8 R50 18 S0 B A iR WA, R ER AT RER. (B
TELRRIEEF AR BRI E R S5, HiL, R BE Rk, R EBREK
RE7E 1k, #PBY ELBE B ARt T A A0 B B A S T T o B S B B
XFTIE,

BI1 KA +ay-o=0 BTONERBEAE) B

B BITEFERASAIIN « REHO,EE y=y(x) FEER » K38

d, | d d
e el eyiwﬂ gg,
FRANN K/
(0)'=0
T &Rt « 1 FEAE, BT
d d
eyd—i+y+x d—z=0,
M T
dy__ ¥
o (x+e’#0).

FER NGB AR E] y =y (x) R ITRR & 4ay-e =0 FTHE B I AL,
B2 SRer R o +2y—x-3x" =0 FrHE KM BEEx =0 &tﬂ@fﬁﬁ% B

0

& RSN « KT, BT AR RNFHAEE, BTIA

5y“%+2 ?—1-21966:0.

dx x

IS

© BT F(x,y)= 0 BE—EEH y=y(x) ,iBy=y(x) RAFBREBESR Flx,y(x) ] =0.Fl, X B
PR « kS, EFREER TN « R
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ETE S¥S5#HS

dy _1+21a°
dx 5y'+2°
[HA 2 x=0 B, WETHR y=0, BT

dy
dx

x=0 2

B3 iﬁﬁf—6+%=1E,ﬁ[z,%ﬁ)&iﬁwﬂﬁﬁﬁ(ﬁ%é)-
B S LS I BRI M A

k=y'

x=2

MR T AR WS 20 Bl R « K%,

/4%;

an

x,2 4
g8 97 dx
NG|
B 2F H2-6
dx 16y

e RN

| B
- delam2 47
FRIRU DGR
e ),
Bp

J3x+dy-8,/3 =0.

i 4 m$ﬁﬁxw+;mwﬂﬁwﬁmﬁ@ﬁm:MQﬁ%;
B NRARRKERSE,E

dy 1 dy
1= ==
T ooy I 0,

dy 2

dx 2-cosy’

EXPRER « kT, 18

2si dy
~28in. y —~
_f_y_ Y 4 _ —~4siny

dz*  (2-cos y)zu (2-cos y)* i

j=1




EMY RESROASUARFTRENEENSH BREMAE

ESUEHARA y=y () RATTE -+ sin y=0 TR mm&i
A MR SRS L BBl e EEE XM RE 22
T y=F(x) FIPTSRB S, SRUE TR v 19 S8 R ATBE T RO B TSR LB AT 1.
BI5 Ry=a"" (20) BB
B OXESCR TR RN T ORI SR, T e S B B B, 2
In y=sin x - In x.
ERBIEXT 2 RS, EED y=y(x) , 15

—y'=cos x * In x+sin x + —,
%

sin x i sin x
y' =y [Cosx + In x+ }=xﬂ”(cosx +In x+ ]

x x
X F—RIE AR 18 R AL
y=u' (u>0), (4-1)
W u=u(z) ,v=v(x) TR, WATHRH 5 HPEEF FI3THOR T 255K H 18 R
(4-1) S5, AT HEREE M (4-1) BN

nu

y__evI

PORE, W RS

y =e”ln"(v’ «Inutv + ;) =u"(v' - In U+TJ
BS Ky, [ o

RSP E(BUE »>4) 75

In y=%[ In(x-1)+ln(x-2)-In(x=3) -In(x-4) 1s

ERFR 2 RS, ERE y=y(2), 5

TR

. _ [(z-1) (5-2)
_‘l:![ 2<x<3 HTJ-,_’Y— (3—96) (4_x) )
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BIE SESHS

FARFERY T LA 155 L AR R A 45 5
= BSYGERRENRENSH

WS SRR , BB B S H05 . G40, BF 5T #0551k #4932 30 5] SR , 4
SRS BT, AR A LRI S AT R

x=u,t,
[ 1 (4-2)

\

y=vzt——gt2,

Hob o0, BRI KRR KT BES
B¢ RENMEE, ¢ BRI, Fy 402 w7
WA AR LT E LR EEe R O -
Ytz (B 2-7).

FE(4-2) Rz, 4005 ¢ FAERBE R 10
SAEXT R TR~ ¢ 8 y 15 « BYER RN BB, T A RERABE] y 5« 2 EIR0 IR
eSS EICELEE S T

B 2-7

BORERZER y 5 AR « EERANR T, MESE IR (4-2) il E N ERW B
R,
—it, HSETRE
{Ffp(t), (a3
y=¢(t)
WEY 5= Iﬂﬂﬁ@%&a@fﬁ?,ﬂUﬁ%@%ﬁ?&?Bﬁﬂ%ﬁEﬁ@ﬁw@mﬁﬁﬁﬁzM 3) B e
A BRI
Z“;&ﬁlﬂ&*,ﬁﬁ%ﬁ%ﬁﬂ%ﬁﬁﬁﬂ—s’)%%%E‘J@%ﬁiéﬁ%ﬁ@b&(ﬂﬂ) IR
KRB F<H B B, R 15 84 —F 7k ae HERSHFE(4-3) Bl BT
B 2 B RO S T SR S MO R (4 3) BT 2 B R A SR S ik
BE(4-3) A MR EH =0 (¢) BALRESE R B 1=07 (), B IR FHEE
5 R%L yﬂqlr(t)*@&i%@%&,ﬁﬁf&EI%%UT%%M—&EME%EE‘J@%&EIU%&%EL*Zl
%ﬁyﬂ!f(t),t=qo“‘(x)’!€*%ﬁﬁﬁﬂ’9§§l§iy:slf[rp'l(x)]%E,-‘i“&:ﬁ%ﬁ/ﬁﬁ%@ﬁ%%
BB EH v= (1) =g () BRET 2, T Ho' (¢) 0. F 2BHE ARG R S
ENE R Rk S0, st
dy dy & dy 1 ¢'(s)
de dt dx dt dx  @'(1)’
dt



BENY BRENRASHAERFRHENRENSH AXTAR

Bp
dy _¢'(t) =
dx——¢,(t). (4-4)
ERBAIE
dy
dy_ dt
dx _c_l_a_:
di

(4-4) RELE B SEOTR(4-3) FIEER « M REE S5 AR
MR x=g(1),y=y (1) BRI RH,IFAM(4-4) RXABERBH M=
NN
iy 3 [d_yjzii_[MJ R AOIAORAOIAONES.
de\plel) (1) o'(1)

dx

dy_¢"(1)e' (1) -y’ ()" (1)

dx’ 0"(t) (4=5)
Bl7 EAEBENSETREN
{x=acos t,
y=bsin ¢,
SKEZE t=%#ﬁﬂiﬂ@,§4¢%@}%ﬁﬂ( 2-8).
i §t=%ﬂﬂ,ﬁﬁtﬁwﬁrﬁzﬁ M, 8 Y
EARE b Mﬂ(»fg;g ,4_31]
X =@aCOSs E—= ﬁa T
4 2 5 4 - -
= bsin — 28
Yo=bsin —-=-7—.
4 2
B R E A M, BB AR
2-8

O fe - A LA

x=@(t),
d_)’=¢f'(¢)
dx @'(1)’
R THERL, B0 =) B E BERAR(4-5) WIEMBIERT.
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FE SESHS

dy _(bsint)’

dx =3 (acost)’

beos t

1:% —asin 4

HA BRI T2, ISR ZE S M Ab B4 5
426 b  J2a
¢ ) 2

=
=4

J

& e
bx+ay—/2ab=0.
518 ERnSHERZE sl MSET RN
x=u,t,
e
y=vﬂ—7;gt,

A FHATER 2 ¢ 8938 S E YK/ E).
B SEREERID.

B THEENKESER
dx _
d
WEREN
d
d_::=1"‘2 _gl' ]
B LAY S5 2 B BE Y R/ R

dz)? (dy)2
v= [d—TJ +[d—::J =4/vf+(v2—gt)2.
B RE R 8] , WRLRBLE I TI L 7 18
W o BRUIRAGA , MARESHENLTEY 5

dy
tan _ﬂ__d_t__vg‘gi
@ I %— o 3
de
TEHE ST AR ST H (B £=0) B,
tan o =& =v—2
=0 dx | =0 B
Uy
4 t=—ft,
g
_dy
tana‘::g_dx ::—2—0,
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ENY BEAMRASHEABRFRENRENSH EXTUER

XA, B EH [ 2K, B A AR B B
s (E 2-7).

Bl HEHBELZ(E2-9) KNS
g

{x=a(t—sin t),
y=a(1l-cos t)
PR 5E B BR A y = () O B 2L

dy
dy de asin ¢ sin ¢ t
—_— = — = = R 2 -
* dx dx a(l-cost) l-cost c0t2 L Tnm med)
de
d’y d t 1 1 1
—=——|cot— [ *—=- .
dx® dt 2 dx 2 ,t  a(l-cost)
i in—
di gl
: (1542 z)
= —— nw,nel).
a(1l-cos t)?
=. BxTE

B a=x(t) B oy=y(0) BRTT PR, MR « 5y BFEEMRR, ATZELE

b Bt T R AR AT BRI XML

TR RPN LR Z X R, DHEAE A — AR A — e
#1110 —SBRMAEFWIER 500 m LB M EHAE LT, HIRFEEA 500 m &,

SR H 140 m/min(K/4h) SRILE LS R AR I AE IR E R R £ /07
ORI ET e (W) JE, HBER b MERUZKMAN o, U

_h
tan a—500,
Hib o B A#S  FEASHEHER ERFHN ¢ K2, H
Jda_ 1 dh
SPCCT 0 500 di
HELR i, T o, 48 b | =500 m,% - 140 m/min. Ran a| _ =1,
sec’a | :=!D=2.’fJﬁ/\J:it7f5
da 1
| =g e 140,

t=ly
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BIE SBESHES

B EA

da 70

=0.14.
dt 500

L=ty

B sk Bt A% B3 LR B A A 38 B R 0. 14 rad/min (SRBE/43) .

> 2-4

L Re TR SR A 5 3

(1) ¥*—2xy+9=0; (2) 4y -3axy=0;
(3) xy=e™; (4) y=1-xe’.

2. ”}Eﬁﬁﬁxﬂ +y3 a3i£}5‘(r J— ]i%@%fﬁﬁ%‘%ﬁﬁ

3. BeihiZk C RN 'y-xy’ =2, R C LEKTIRIGE LA,

4 ﬁ%m‘Fﬁﬂﬁﬂﬂfﬁﬁ%mﬁﬁﬁ%:mffﬁ%:

(1) b*2*+a’y* =ab?; (2) y=tan(x+y);
(4) y=2x=(z-y)In(x~y).-
5. BRIECk R T 9 Eme S48

i Y N
() B
(3) y x;- (13)—x) ; (4) y=+/wsin x 4/1-¢*
6 RTSISHOTRIME N B SIS
x=at’, ; x=0(1-sin @),
al= o e
y=bt; y=§cos 6.
x=e'sin ¢,
neml R e T T
y=ecost,
8. 5t T 7 4R 72 B 45 S BB AR B ﬁﬂﬁﬁhﬂ‘]@i%ﬁﬁﬁ%@%?‘iﬁ
. 3at
x=sin t, e j.c“lﬂ?"
(1) e t=—Ab; (2) TE =2 4b.
y=cos 2t, 4 _3a®
' e

0. KF?&%&%&E&&%EH@J@’&E‘J:M@&%:

(3) y=1+x¢’;



FRT BEHES

3

1y w2, 2) {x-a c.osz,
pelicy y=b sin t;
x=3e”, x=f'(t), '

(3) { (4) { W () HFEEARAE.
y=2e'; y=tf" (£)=f(2),

10, ST IS BRI H R @%ﬂwﬁzﬂﬁn‘%%ﬂtl—f:

x=1-1", x=In(1+%),
(1) { (2) {

y=t-t'; y=t-arctan t.

11, HAEFEKE L#A L, e RO RS & B — B RS R A KRR B 6 w/s, A 7E
2 s RILBHK E E IR KRRy L7

12. EAAR S m, FTER 8 m WIEASH AR, LERY 4 m’/min. HKEH 5 m i, HE
EEAMERRES DT

13. A 18 e JUEAR 12 om BYIE BB R A—ERH10 e #Y BERETL # . 5716
AR S BB T AT B A S TEIR AP IRE R 12 om B, ERE T FEAIEE R om/min. (7] A [H
(ay AT Laabeodt & i Tl b 15 S E Al

PR RBAYRS

—. MORIEX

FAF—BERE —REFEERE xo 2 (P
FRBEA LR, R A 1 B E xo+Ax xoe %ﬁx
(FE 2-10) , [ A B RS T 247

BHEHRER «, BRI ANA 5
BIERBER A=’ W F R B A (b 6 0 Bt 4~ AL
EEMNRERTUEREYATE B 28
W Ax B, RS A= HERI AL R AA, B

AA=(x0+Ax)2—x§=2onx+(Ax)2.

M ERATLLE H, A4 S P4, 55—
5 2xgAx B Ax B YERS, BIE A S T/ METR IR, A 384 (Ax)
TEE th B WA A0/NE T MBI, 24 Ax—0 B, 35 ZH04 (Ax) R 1L Ax Y
BITEZ5 /I, B (Ax) =0 ( Ax). T IL, 30 SR MU AR B/, BR | Ax LAR/NEY, TIAR A
TR A THE NS —HA KRR,

& 2-10
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BIE SESHS

— B, R ERE y=f(2) B R—E KM, FBLHE Ay TER R
Ay=AAx+o( Ax)
H A BRBEHT A BES, B AAx 2 Ax RHES, B Ay 5EHE
Ay-AAx=0(Ax) _
B Ax BHEITCS /N BT, 3 A0, B 1 Ax | AB/NEF, BRATHETT LU Ax B9 1 R 2
AAx FIERRE Ay.
EX BEBy=f(x) EXERBREEN, %R 2, +Ax FEX X 8 &, 108 & &8
g

]

Ay=f(x+Ax) ~f(x,)
AIRARA
Ay=AAx+o(Ax) , (5-1)
Hf A BRKREBT Ax IEE, BLAREE y=f(2) EX xo7 R A, T AAx AU 441 55 &
y=f(x) ER 5 MR T EEEEE Ax RS, 121E dy, B
dy=AAx.

TS AT S B B ER y = () ZE AR o AT AR, M SE SO (5-1) R

I (5-1) XFHERLL Ax, 15

AZ=A+M_

Ax Ax
FR,H Ax—0 B, i 82

A=lin 2L =" (x,).
BRI, SR ) T A5 o T, B ) A5 gt ST S B f () BRE) L A=

fr(xn)-
RZ, 005 y=f(x) FE5 , AT S, B

. Ay
Aligloa—f (xn)

T, RIFRFR SRS AR (E—ZEWHEHE 1), FRAER
oy,
Ax—f (%) +ar,

H a0 (4 Ax—0). B E

Ay=f"(x,) Ax+aAx.

B adx=0(Ax) , B £ (%) FAKHT Ax, B ERAL T (5-1) 2R, BTLAf(%) R o 2
LIEz ¢

EIERT L, RS (o) TE A5, o T ML 75 50 400 B0 20 1 02 B A ) 7 A5 %A%, B



BHEY RENRS

S(x) ZE AR =, AT, B — e 2
dy=f"(x,) Ax. (5-2)
%' (x) A0 B, H
hm&: lim Ay = ! Iim&=
setdy  a0f'(x0) Ax f' () 60Ax
T, % Ax—0 B, Ay 5 dy RENTH /D, TRES-EHLTEE 1 WA, XHE
Ay=dy+o(dy), (5-3)
B dy 2 Ay B9 EERD. el F dy=F" (%) Ax 2 Ax BOLRHERER, BTLAE £ (%) #0 BIS
T, RATH dy B Ay FBHEERR(E Av—0). FRRENBBLE 7S (%) #0 K%
T, LAY dy=F" (xo) Ax SERREIEE Ay =f(x,+Ax) ~f(x,) B, HiRZE Ho(dy). B
i, 7E | Ax [1R/NET IS

1

Ay=dy.
Bl SREE y=+"7E x=1 0 2=3 LLHBLT
R B y=x"TEx=1 BT
dy=(2*)"],. Ax=2Ax,
F x=3 LB
dy=(x*)"],.,Ax=6Ax.
L y=F(x) TEAERE A« BB, FRo0 BEURRLGY , 1E4E dy B df (%) , B
dy=f"(x) Ax.
Flam , ERH y=cos x T A
dy=(cos x)'Ax=-sin xAx,
RE y=e" N
dy=(¢€") 'Ax=e"Ax.
B, BEHIMS dy=f"(x)Ax 52 F Ax B
B2 REH y=+"2 x=2,Ax=0.02 B BT ST
B SCREHEEEA « B A
dy=(%°)'Ax=3%"Ax.
BERERY x=2,Ax=0.02 BB

dy |, =(3"Ax)|,, =3x2"x0.02=0.24.

Ax=0.02 Ax=0.02

EEIE AR AOHE Ax RN BRI IEHE dx, B do=Ax. FRESRy =
(=) B985 SUFTEAE

D ok pHREER—A BEROBLSBFHES D, R f=aro(a) IATF o RS HER.
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BIE SHS5HS

dy=f"(x)dx.
ANIES]

dy_.,
o=f(x).

SRR, BRI dy 5 E BRI & 2% TR S5 I, S8t
B

=\ MannaEsX

OB TRBASE WREN TR, RATRBER )

i LT L. - T
PEEAAIRR T, By =f(x) BB R— % . 4C

KX TR—EEHN o, M LB - T A y=1e A ol

Mlx,30) HEBE  ARUMER ARt MBI | o

% 15— Nag+Ax, vy +Ay). A 2-11 AT, =g

MQ=Ax, QN=Ay.
o R M AERIRRI IS MT, BRI R o, T
QP=MQ - tan a=Ax * f'(x,),
Bp |
dy=QP.

BUERT I, 3 F R R v =f(2) T E, % Ay BHIZ y=f(x) L H R B YA bR 1
BAT, dy B 2R A9 LT LR | A B0 9 A R O BE A B % | Ax| RS, [Ay—dy|
| Ax |/NBZ. B e 5 M HYSTRIL, AT D) D4 Bk iR At B 4 . TR E
Wﬁ?%ﬁ@ﬁiﬁ@lﬁ%ﬂﬁ@%ﬁ@ﬁ,Eﬂfﬂtfﬂﬁﬁﬁgﬁmﬂéﬁﬁﬁ{uﬁ%ﬁ%E{L,iX
E%&%Lfﬁf%%%ﬁ%’ﬁ%%%ﬁ%ﬁ’ﬁt,ﬁ%ﬁﬁ%%%ﬂiﬂﬁﬁ?ﬁz—“- XA B
TTETE B AR M TR MBI 25 R,

=. EFNERBHS A SMEEEN

MBI F IR,
dy=f"(x)dx
FTLIE i, BB m Moy, REHE i S8, B AR B BBy B, A8 40
TR AR EE RN,

L EXMEREHOMH A

MERDERBE PR, TUEES b Ay REHHA AR N TETF



XL FIRT T

EAT BEARD

FHE AR

oA A R

(x#) =px*" (u RAEFFEH)
(sinx) =cos »

(cos x)'=—sinx

(tan x)'=sec’x

(cot x)'=—csc’x

(sec x)'=sec xtan x

(csc x)'=—csc xcot %

(a®)'=c’Ina (a>0 H a##1)

(ct)f:ez
1
(log,x)'= (a>0 Ha##1)
xln a
1
(lnx)' =—
x
1
(arcsin x)'=
1-x*
1
(arccos x)'=-—
1-x*
. 1
(arctan x) “TEE
( arccot x)’=—l+x2

d(x*)=pxt"dx (u BAEEFR)
d(sin x) = cos xdx

d( cos %)= —sin xdx

d(tan x) = sec*xdx

d( cot x)= —esc’xdx

d(sec x)= sec xtan xdx

d(ese )= —csc xzcot xdx

d(a*)=a'ln adx (a>0 H a#1)

d(e")=e"dx
1
d(log,x)= ——dx (a>0 H a#1)
zln a

1
d(ln z)=—dx
x

1

d

d(arcsin x) =
1-2°

1
dx

d( arccos x) =~
1-2

dx

d( arct =
(arctan x) 138

d tx)=—
(arecot x) 3

2. READ. 2. . EESEY

B R 25 R R AOSR Sk I, TS AR R RO EE . O T TR ST

#=(FF u=u(x) ,o=v(x) HHAF).

2 BRI AR S

RO 22 R RO E

(uzv) '=u's'
(Cu)'=Cu' (CRHEE)

(up)'=u'v+ur’

r [
[_u_] =uv2uv (v70)
v

v

d(uv) = duzdy
d(Cu)=Cdu (CREH)
d( uwv) = vdu+udv

d[i]=vdu—2udv (v520)
v v
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£TE SHSHES

BRAEBAT] AT AR B8 0335 T Ao 451 o LASE .
MR R B I RER A
. d(ww)= (w) "dx.
FHREFRRMRSEN, &

(w) '=u'v+ur’.

FR |
d(w)= (u'v+ur") dr=u'vdx+up' dx.
B F
u'de=du, v'de=do,
Bk

d{(w) = vdu+udy.
oAt 32k TR ET LA 2481 05 YR .

3. SERHAIHDIEN

SEEREHRFENEN N E 4 BRI M ENTHESIT .

Wy=f(u) R u=g(x) EAR, MEEGEH y=r2(x) ] 4K

dy=y,dx@=f"(u) g’ (#)dx.

BT g (x) de=du, FTLL, EAEH y=F[g(») J MBS AR WA SR

dy=f"(u)du B dy=y.du.

HLATIR, it u B B EBE R PR, MR dy=Ff" (1) du RIEARTE. X —
R AT AR R RRR, Y5 6 BN, MR dy =f"(u)du 3R
B

B3 & y=sin(2z+1),3k dy.

B2+l BRAFETE u, N

dy =d(sin u)= cos udu=cos(2x+1)d(2x+1)
=cos(2x+1) + 2dx=2cos(2x+1) dx.

EREEBRH B, TURE & a8 7R A BB B4 BT, 2448l 3 th,
ATEAARE ) A B2 B T TR AT e b e ik i B A4

B4 #y=In(1+e”) 3k dy.

. 1 1 . ¥
f& dy =d(In(1+e”)) = -d(1+e*)= s e"d(x)= s = -2xdx=2xe
+e” 1+e* 1+e” 1+e*

1
Bl5 ¥ y=e"*cos %,k dy.

O Hby2my 3t x B, CHR S —FET .



BRY &EHHS

mE NRTRA I, 75
dy =d(e'™cos x) = cos xd(e' ™) +e'd( cos x)
= (cos x) e ™*(~3dx) +e'™*( —sin xdx) = —e'(3cos x+sin x ) dx.
Bl 6 FET ISR A0 HFE S P AGE 24 A0 BRI, et s
(1) d(  )=xdx; (2) d( )=cos wtdt (w#0).
B (1) RATRLE,

d(x*)= 2xdx.
CIR
L i e s_ci
xdx—?d(x )—d( 7 } ,
E{H
d[%] =xdx.
. ]
d["Tc] =sds (C HEBHE).
(2) BA
d(sin wt)= wcos wtde,
A I,
1 . 1 .
cos widi=—d(sin wt)=d [—sm th ;
w w
B

w

d [Isin wt] =cos wt di.
— i, A

d [isin wt+C} =cos wtdt (C HEBEH ,0+#0).

(2}

« RoERCHEPRR A

1. RERGELIHE

ELREET, 2% B8 —EE 40T EARX R EE AR e AR HETITE,
ARRAR B A7 1. R S AE T AR — 2 B e A A R AR R AR R AR SRS,
BUTI U, W02R 5 =f(2) FEA 2 LB REL S (o) #0, B 1 Ax | 1R/1EE, TR ATTA
Ay=dy=f"(x,) Ax.
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BTE SHSHo

XANFRALER
Ay=f(xo+Ax) ~f(x,) =f'(%,) Ax, (5-4)
Y,
Flrg+Ax) =f(xy) +f' (x,) Ax. {(5=35)
FE(5-5)RF 4 x=xo+Ax, Bl Ax=x-x,,BBA(5-5) XATHE N
S(x) =f(xe) +f " (%) (5=2,). (5-6)

AR F(50) 5 ' (o) BOES B FRATT R (5-4) RAGE R Ay, FIFH(5-5)
I f( o+ Ax) , BRI (5-6) EIEITMITHE £(x) . BOFE LT 9 SE R 2
Fil o BB RS () " (20) (20) SRAT RIS BB £ (). N BB LT LT,
TR FAE v =/(x) 7EA (%0, F(%) ) AbHIEI LSRR LR B B 2% (34 A 4P 35 35
SYFIH).

BT AH—HEBEN 1 om IR, BT RBREHICEE, B8 F— B0, BEE
% 0.01 em fisH— T A4 RERE I A P06 (AU R 8.9 g/em’) 7

B ARBEERT, ERTERTEIEE RREAENRE.

G R AR S TS ARG 22, T E SR ER V=

%m‘f% R [ RBUSHES AR FHAGHEE AV.RATR VT R 8955
(3]

AV~4xR.AR.
¥ Ry=1,AR=0.01 {L A b5, 78
AV=4x3.14x1°%0.01=0.13(cm’) ,
TEHEE RERFERORLS N

V.’

=4xR2,

R=Ry

H (5-4) fF

0.13x8.9~1.16(g).
518 FAMITE sin 30°30' BT UE.
& 2 30°30 kL AINE, 18

30°30 = 4 T
6 360

ﬁ?ﬂ?*ﬁﬁ%ﬁﬁ@ﬁ%@,ﬁﬁﬁﬂx}= sin x. JEAFf' (%) = cos x.ﬁﬂ%ﬁ%:%jﬁ

; 1 '
4 f [%] =sin %=a“'—5f' [%J =cos %=%%M§Eﬁ’§,ﬁﬂt&x=ltbﬁ/f\ Iz A

360
(5-5) AfER



I BENES

am aw ™ i T
i IR0 o | o | el s R
sin sSin [6 360] Sin 6 CcOoSs 6 360

TEENTRMER— L FAREMAR. A, 7 (5-6) X Blx, =0, FEE
f(x) =f(0)+f'(0)=. (5-7)

A (5-7) XA LHERU TN E TR EERAKEUAR (TEEHEE |« | 258
/NEYEE ) -

(i) (1+x)*=1+ax (aeR),

(ii) sin x=x (x LIYREE R BT ) |

(iii) tan s~z (x LLIREERBALAT) ,

(iv) € =~1+x,

(v) In.( 1+x) =z.

E () AFR—EELYE 7 FRINTEME (1+2)~1~ax (2—0) , ATTEH
RXAERA X B, BATF FRAMER. BLf(2) = (1+2) %, FB4 f(0)=1, f(0)=
a(l+x) ™ x=G=a,ﬁ/\(5—7_)i'C1Ef%

(1+x)a=..-"1+ax.

(i) BLf(#)=sin x, A f(0)=0,(0)= cos = LARAG-T) A ER

sin x=x.

A TLASE AL 2R FIZS T B TR | 33X B A G T
B9 HEV/1L.058ERIE.
& V1,05 =,/1+0.05 ,

B 5 =0.05, HAE /N, FUREMARL () (az—;ﬂﬁ'f"%ﬁz) (S

+/1.05 z1+—;—><0.05 =1.025.

WMRE#EIFTT, W%
J/1.05 =1.024 70.

KRS REE—T ,WLAE L, A 1.025 fE2v/1.05 BEAUE, HiRZF#id 0.001,
AR CMETE— BN L B SR8 5 7. R FF 5 kB = , 5 E R R I h A artt
TR T E R LB
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EIE SHEHES

"2, iREET

FEAE BT, 2 ENEEFEUE (ERA WEIEA S EERNE , XM RITHE
A H A B E , IR AR A A B T E R BURE. g, BT R SR S E R

A, AT EFERNERNBEWER D, RERIEAR A:iDZ;é:Hj A.

A TSR R BE B O AR AN I B 7 B F A P R BRI, AR R B
EEEA RS, MRETARENETTERENERBSFRE, RIHEE M M#E
ENERE.

T EBTS BRI R SR R B iR

FEUL BN IR 2 RN R 22 UM

MR EAREFER A, BHERUER o, B4 |A-a |« MAEITIRE, T4

MiRES| o m@tma“l‘ T‘uufaﬁa IR IR,

FELRR TAEH , BB ERE R TIEMERN, TRAXREMMNRES
IR ERERENEMNSEESER , AR ESHEREEE—EERN.
REANBERRAER A, MR EAELMER o, LREERIRZ R ET 5, , B

IA_(I ' SSA ’
2
AB2, &, MBI E A E’ﬂiﬁﬁﬁ%ﬁﬁ,ﬁﬁﬁﬂq%{iﬂﬂﬁ‘ A FIREXTIRZRE.

Bl BNAEEABTHER D=60.03 mm, ME D WLEITIRERE 5, =
0.05 mm. F| A

=T 2
A= 4D
HHE R BB TR R H T AR iR .
B ARBNTHNE D REFTF=E f0IRE MIE 5 A58 D RSB AD, IR 4 F A
= A =%D”'5féi+;%1 A BB IR SR BB A BT RIE B AAL X | AD |[8/Net BT L
FIFIBAY dA SERIH B A4 ]
AA~dA=A" - AD=12T-D . AD.

BT D WESHREZRE N 6,=0.05 mm, fTLA

|AD|<6,=0.05,
1]



BRT REOES

|Ml=lda|=TD - [AD|<TD -5,
A5 A BERTRERZ

8, =—D - BDZ%X60.03X0.05==4.7]2(mm2) .

z
A WIMIXTIRZ R A
™
—D -
< 69—26—0—2x———0'05 ~0.17%
AT m,  TD Te0.03 T
4

— it , RIR R B R » EHAF y=f(2) HE y ER, IR HWE ~ 1485

REMRES,, Bl
|Ax|<s,,
4,2y =0 B,y BI4EXTiRE
|Ay|=ldyl=1y'| - [Ax]<|y'] - 6.,
By AL XTIRZEFRET A
8,=ly'| - 8, (5-8)

y HHERHR 2 B

9 _ 1_?_’ 5. (5-9)
lyl 1y

VUG % B4 S HRE R SR E R B R A LI RE SHRE.

SR8 2-5

1. B y=2"—x, 1HEE x=2 £ Ax 43 BI%TF 1,0.1,0.01 A9 Ay & dy.
2. BERRH y=1(x) FETENE 2-12, K 7EE 2-12(a) . (b) . (¢) . (d) 2 A5 HFE R 5’9 dy,
Ay Fe Ay-dy, FHiRBHIE .

y=f(x)
y=f(x)

@] xy xgtAx x (o] Xy xgtAx x

@ ®)
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BIE BRSNS

7 J y=f(%)
»=f(x)
o) X9 xgtAx T (0] Xg  xgtAx x
(@ (@
2-12

3. SRFF KB B :

1 x

1) y=—+2/x; (2) y==sin 2x; 3) y= ;

(1) y=—+2/x y (3) y Wi

(4) y=In*(1-x) ; (5) y=2"e"; (6) y=e™cos(3-x) ;
(7) y=arcsin /1-x*; (8) y=tan®(1+2x%); (9) y=arctan ; =
(10) s=Asin(wt+p) (A,w,p 2HEE).
4 FEHHRBIEATARE A, LR Mar .

(1) d( )= 2dx; (2) d( )= 3xdx; (3) d( )=cos tdt;
(4) d( )=sinwrdx (w##0); (5) d( ):$dx; (6) d(  )=e™dx;
(7) 4 )=J-i:dx; (8) d( )= secBudn

5. B 2-13 BER s 8 AOB #0430 s, BSREN 21, USRORAT A O SAF TS AB EER % £
Tt 546 T F AR HHE |
2 2
s=2£(1+-;%} :

FALT AFBY, B AR AR £
6. WHEHRE LA «=60°, %42 R=100 cm ([&2-14). 405 R A o W 30, AR EAR
ABET Z07 XINFE o R, R 1 om, ABHERAAKET 247

Vs 777777 % ¢4
o} I
2-13 & 2-14



B

7. HE T I =/ R EUE R U .

(1) cos 29°; (2) tan 136°.
8. IR TF =M BEE R E
(1) aresin 0.500 2; (2) arccos 0.499 5.

9. % | |B/hat IEBTFILEMAR
(1) tan v =x(x R A HIERE) ; (2) In(1+x) ~=;

(3) YT =1 (4) & ~1ox.
318 tan 45'F0 In 1.002 §43ELUE.
10. HE T Y &R 8EUE . 1
(1) /99 (2) V65.
1L TPEER IR BRORE % BEAE 2% DA X AT B ER D &
HXFREAR R IT 0 R
“120 BEJTAEIE 2-15 AR BRI, R R=200 mm, B3R E.O
F o A 550 7 MR A BR AT, — i PN B 3R AR 1 A9 I Sl AT I 2 O A v
o TR E 5% | P AR 2E 6,=0.1 mm, [8] B ML 5 |22 A8 O f i E it 22 B 2-15
S E T

1L FESTEA LB A FANE = ik — M ER A T A

(1) f(2) 708 5 AT BB A x) TR o EEEM__ A, fx) FE5 xodESLR f(2) FEAE %
e &

(2) F)TEE 5 BESES  (50) RASH S\ (5) BHEBHER f(2) 108 5 T HH

S ft;

(3) A EA % TSRO ES n T &

2 B flx)=x(x+1) (x42) - -+ (x+n) (n22) U f(0)=

3. TERA T OAEE, APk s — A ER L

B () 7 v=a BRI X, U f(2) FE x=a ALAT RE— PR EHR( ).

&) Jmlr (et o) | e (B) il eI
fla+h)~f(a=h)

2h

4. P —HRGTHE B R — e LA B AT R R MR HR N », FRATER W[ 0,2] 44
R m 5 x AR R R m=m(x). BERER A A HETE & A A9 SR BE (X T ISR, 22
{4 BE ARG R K AR I R B ) 2 ]

: fla)~f(a-h)
(© by h

HE. (D) liy .
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FE SE5HS

S BB, R f(x)= S
6. RFFIEEL f(x) £ (0) K f1(0) , X f'(0) RBFLE

z 0
sin x %<0, o w70,

(l)f(x)—{ ’ (25 Fay=1{ i+er

In(1+x), z=0;

7. e R

0 z=0
TE =0 40 BB 57T Rk

8. KT H EEHY FHL:

(1) y=arcsin(sin x) ; (2) y=arctan i%;
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—Br-FEEE, 2515 T RO Tk 00 BB L SR AR (.

BRXMIECRAXOERERE, CFENIEENELET 2 o=
NAT REFETREE , B R8T T U G £ 58S S5 R TR, R0 F R

Bf(0) T xR B n PR, BB — T 2o M 0 RE TR



F=w =L

pn(x)=a0+al(x--x0)+a2(x—:c0)2+---+an(x—x0)“ (3-1)
FAEUFEIE f(x) , ER R p,(x) 5 fx) T2 R x—r B H (-1,) "B W EITET5 /N
FERATRAITE A AR p, (x) 7E LB BEE R B EE n Br SBE 2,
REBERRIRS f(2,) , £/ (%) oo, £ (%) HEEE, BIE B
Pa() =R %) s PLB)=F (o), PI(&)="(50), 5 P (2)=f (%),
WXL RRELTR(3-1) WEK 00, a1,0,, 0, W, (3-1) RREN S
HREABIRAL LS 8
8=f(%), 1+a,5f' (%), 2la=f"(x), -, nle,=f"(x),
FIEE '

af(5), @), G=gfm), e a,=efV(s).

WRBUER a,a,,0,, 7,0, RAB-DK A
f" (%) A £ (=)
2 (=) +eort o
THEMEHEER, 2T (3-2) W TER n RET
Z2 4 (Taylor) FEFEE 1 WMREHS(2)FE 2 L8E n B SE BAFE 58—
B, X FRBEBANE— .8

" xu) , (n)(xo)
f(x)=f(x0)+f’(xo)(x_xu)""%(x*xu) +“"+"f il

pn(x)=f(x0)+f’{xﬂ)(x~x0)+ (%—%,)". £3~2)

(2-x5) "+R,(2) ,

(3-3)
e
R(x)=0( (x-5)"). (3-4)
iR R, (x)=A(x) p,(2) M
R,(%)= Rl(x0)= Rizg)= =R (%)= 0.

T fl2) 7w n B, B fx) DT o B VRN A2 nm L B BB, T
R,(x) WA H A vl BT %, RALBL R sk 5 0, 78
R,(x) R(x)  Ri=)

n . —
m =1m =lim — e
smso( =1y )" w=won(x—xy) " =on(n—=1) (x=x,)" 2

ek (a-1) (n-1)
=3iﬂloff(x)_(xi)))= ELIETOR,. (xl:f: (%) :%!Rin)(xo)zo,
Bl R (x)=0((x—x,)"), E Bl 5.

L (3-2) FR R BB (2) TE x b (EFE v—x, ITERTT) B n MEPZIA, 2
F(3-3) TR f(2) TE xohb (i 2, WRERTF) B A RIL T4 (Peano) RINAT n HrFe
AT T R, (x) FEER (3-4) FAMIEHE AT, TREM » REFHZMAREM
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¥=F WHTEEESSEMARA

RIEf(x) FIFERIRE X —IRER Y x—w B (22, ) "B TS5/, ERGER T
BABEMBEHRENIDN THALMEE S —MATHANED S ENME T X—
[ .
REMTEEE2 MREHS(x) 7E 5 BENBE Ulx,) WEE n+1 B8, B4
WE—2xeU(x,), B
J" (%)

f(x)=f(xo)+f'(x0)(x—x0)+2—1(x—x0)2+---+
(n) %,
! n(, )(x—xo)"+Rn(x), (3~5)
Hrh
W i TR
Ru(x)= (n+1)1 (%)™ (3-6)
XB ¢ x5 x ZENENE
iE 3B R.(x)=f(x)-p,(x). R ELH
_ S 1 g
R, (x)= W(ﬂﬂ—%o) (EE x5 22 ).

BERR T & ,R,(x) E Ulx,) WEAH n+l HBH,H
R, (%) =R, (%)= Ry (%)= --=R{" (%,)= 0.
FFANEH R (%) Bnx0) " E W 2o Bx R EWEA ERAMESEREE(ER,
ZENBEHEFMEEETENLH), 5
R.(x) R(x)-R.(%)  RU(&)
(2=20)™" " (2-2)™'=0  (n+1) (£,-20)"
BHEANEB R (2) 5 (n+1) (x-n0)"FE B 2 K £ 038 K 0 X 7] b Jr AT 76 o i
#Z2,%
R.(¢)) R.(&)-R (%) R(£,)
(n+1)(g]—xﬂ)’==(n+1)(§1—x0)“-o=(n+1)n(§z—xn)"" (68 %5 62 ).
RUETHEREMT £, 88 n+1 K5, 28

R(x) _ROD(g) e -
(x_xo)rwi— (n+1) 1 (§%—txos ‘fnz_'ﬂ,@ﬁ&ftxo_%xz_ﬁ])

(x5 x2H),

EEE R ()=, (x) (B p™(x)=0), 1t k%42

(nt+1)
B()= Tt ey (et x 2,

R HIE .

WI(3=5) BN f(x) TE xohb (Bt 5, FOTERRTF) B4 Bl 1 HARTH n B



B=T =Hox

AR, T R, () ikt (3-6) BOUHLG B H A0
% =0 B, FEBY/A T (3-5) ZEHHLAS I H P EAR
A =fx) +' (&) (70)  (£FE x5 2 ZIA).
PRI, 22 B (B 2 R B o (R B e
AR EE T 2 WA, BT p, (x) EMESEL S (2) B, KB
|R,(%) | IRXTFHABREL n, % x e Ulxy) B, |F0°0 () | <M, IBLB R

f(+1)(§)( g )n+1 = M
(nt1) 1 S

AR (3-3) F, EB 2, =0, I 4FHH MY %4 T E LK
( Maclaurin) /A58

|R,() |= | 2= """ (3-7)

f2)=f(0) +"(0) w=--+

HERGAN(3-5)h, R 2 =0, A 05« ZA. AT LIA ¢=
ox (0<f<1) , NTREI AR (3-5) BRRF LR, BFTEH A LS BRI E
FEHMAR

(n)
f n'(o)x"+o(x"). (3-8)

(n) (n+l)
F(x)=£(0) 4" (0)x +f( ICTIE i O IO A C. PPN

nl (n+1)!

(3-9)
B (3-8) E(3-9) AT LA

70 =07 (@as LDy LD 20

REAG TR (3-7) MR HIAE AL

n! J

|R.(x) |< |2 ™. (3-10)

( +1)r
Bl1 BHERSS )= HHEE R BRI n BrE T mas.
@ AN
)= (x)==f"(x)=¢",
B
f0)=F"(0)=£"(0)=--=f"(0)= 1.
XS ERAAR(3-9) , FHEED £ (60) = ™ ES

- x‘Z +£+ eﬂr
e -1+x+51+~- T
HX AR A, EIE AT W 0 IREBZIHEREN
2

X x
e = l4+x+—++—,
| n|

™' (0<6<1).

Ris il p—
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=% ROPERESSEMNEA

X BT IR E N

- € n+l elxl
'R"("”"‘(nﬂ)!’“ ()1

INRE 2 =1, W5 THE e BERIEA

[x]|™'  (0<6<1).

1
ez1+1+—+---+l,
21 nl

Higz
e 3
D (D) [
Mn=100F, 7T EH e~2.718 282, HiR X R #ET 1075
B2 3K f(x)=sin x BHHRHE BRI HRIA n BraE w2 ma =
R HH

R, |

f'(x)=cosx, f'(x)=-sinx, f"(x)=-cosx,
fO()=sinx, -, f(")(x)ZSin(er?J,
Ffr LA

f(0)=0, f/(0)=1, f7(0)=0, f(0)=-~1, F“(0)=0
FENURFEFR B M40,1,0,-1, FRZAR(3-9)18(4 n=2m)

3 s 2m-1
e LY. T T
sin x=x 3!+5! +(=1) (2m—1)!+R2“(x),
He
Sin[9x+(2m+l)1 .
R - L2m+l sl m_ COS b% 2m+1
WRE m=1, B ABELAR
sin x=x,
XA iRZER
B 3
IR, |= —Cc’;’, % \% (0<6<1).
IR m SR 2 R 3, BRATTE sin « B9 3 YR S KRS LTt
; 1
sin xzx-—ix"' - #  sin xﬁx—_%x3+5—1!-x5,

=] Y 3, 1 5 1 T n =0
HREWBIMERA TR | H 2L E SRS TR R ER B B
EEEE 3-3 B, LET | |
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B=1 LR

i | .
=x+ix\3\\ N
4 6 \ y=sinx
AY
i ) n\x
\
\
\
\
\
3-3
i, 0w ] LATRE]
cos x=1—ix2+ix4-—---+(—l)m 2" +R,,, (%)
21 41 (2m) 1 wme1{%)

CDS[BDG‘*‘(TR"‘l)'ﬂ’] 2m+2 ( )m+1 cos Ox ?;n+2

;H;EF' R2m+](x)= (2m+2)' A (2 2)

(0<<1);

1 1 1
In(1+x)=x=—4"+—x"—--4(=1)""—=x"+R (%),
2 3 n '

— (_1)" n+l .
HA R (x)= oiD) (Lo (0<6<1) ;

a(aﬂl)xz+‘..+a(a-1) * (a-n+l) |

(14x)®=1+ax+
nl

X +R (x)
ala=1) » =+ (a=-n+1) (a—=n)
(n+1)!

B L ARG R H R E R E AR, SRR AW A I #E RT3 757
M, EZET BTE L.

HF R, (x)=

(1+6x) " 'x™" (0<6<1).

B3 FEEAEREHESTNETTTRAR, ﬁ*&@hmm

sin x
2 AT oRESE sin’ e~ (2—0) ,?ﬂl'iﬂ%‘%i%ﬁ%*‘ ) sin x Fflxcos x43Hl
A M ERTA 3 BrERF A ARTR, B

3 3

. % 3 x 3
sin x-—x—‘é—!+o(x ), xcos x=x—§—!+o(x i)
T
% % 1
sin x—x%cos % =x~—3—!+o(x3) -x+§~r~-o(x3)= §—x3+o(x3) ;
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B=F WP EEESSENEA

X BB E A R 2 BB TS5 NARBFMIEIE o(+°) , ik

@\ ) %xii +0 ( x3 ) 1
e s SN X—XCO0S %
s PVRRABHE lim———— =lim : ==
g =0 gin’x 20 % 3

3] 3-3

L $#% x—4 WERHEZHR f(x) = 2" -5 +2* -3x+4.

2. MLAZERHMAR, H « WEBF R S(2)= (s"-3x+1)".

3. REE f(x) =tk x—4 WERIFAOH A DIAE B B KT8 3 iR AR.
4. SRERH f(x)=In x 1% x-2 WRERIFHWH ML HERTH n HREHAR.

5. KRB (=)= *;I:BE x+1 R RIT BV A DR ER B RIA n BrEn A=

6. REBHL f(x) = tan x FHH ML ERTA 3 ek wHMAR.
7. REEL f(x) = xe” BIHR ML R n B2 THMAR.

2 3
S BRUE Ocx s AR o = Lo T 5 & BB RMERT 5725 22N F 0. 01,3
RS HOERUE, 21T 0,01
9. HEFI 3 AR RR T AIAE SREOSE U, A

(1) /30; (2) sin 18°.
10. FAFEHAKRT IR :

/ : 27
(1) lim (/o437 - /o' =22 ) ; (2) h'm“?iOEL;
e 02" [ +In( 1-x) ]
1+“;—x2— 1+x° 1
(3} lim——z—#—-; (4) lim [xhlen (1+—J] ]
“(cos x~€* ) sin «* e x

L RS (o, 0 ) AR S BH B £ () >0, Rlin L = 1| 583 4(x) 1,

xe(~o ,+» ).

LT BB IR YRS i Zent 0y

—. RHRBEERHIEE
R—ER-NROENAT BEFEK E 6. T A S8R E 8
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BEOY RHMBEESHEAMOY

BRI THTST.

IR RE y=f(x) T [a,b] ERFRE I (BRRERD) A EHERE—&KIE « #
IEm EFCFEE) BfhER X AT, N 3-4, i B & SAR R E AR 28 (RIEIE
H) LBy =f" (%) 20 (y'=f"(») <O). AL, REW B AES FHRHFSHER
TR A

4 i

A
|
|
|
|
|
I

I
|
|
|
|
|
b

0 a x o] a b X
(a) F% TS LA B gl Sk fn (b) ERECETE TR P& A1 AR IE
& 3-4

RS , BE 75 PR S RH0 75 S R B B R M 7

TR A TR R RO 89 H P BTG

WEB y=f(2) T [a,b] FHELE, 7 (a,b) WA S, 7 (o, b] EHEBFA =,
7y, <, ) | PRI B F PR 2, 19 5

Flxa) (2 =f1(8) (m=x,) (5,<<x,).

BT bR, -, >0, B, 1RTE (a,b) WS () RIFIES, B (x)>0,

TaBA f(£)>0.FL '
| Fx) ~f(2)=F(£) (1-2,) >0,
i
Fm) <f(x),

U ER y=f(x) TE[a,b) L ATREN. R, MR (a,b) SRS (=) BERS B
F1(%) <0, B84 F/(£) <0, FE F(x;) ~f(%,)<0, B f(x,) >f(x,) , KB EHy=F(»)
[a,b] EEBEED.

WA BB £ () 7E(a,b) RETEAS x=c BETE, TIAKAS SLAHHEGR),
B LS () FER A a,c] K B[ c,b] HABR IR (Bis) f, BEAER E [a,b]) B4
BRI ) M. BR, IR £ (2) 7 (a,0) S TR ENEREN, REEE
HAR SRR S B4 f() T a,b] BB AR,

A E i, AR

TE1 BT y=f(x) 7 a,b] EELE, E(a,b) WTR,

(1) WEE(a,b) WS (x) =0, BESREBRS A SR T, LBy =,(x)
#[a,b] b eigiem, )
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H=E BOPETESSENAEA

(2) ﬁﬂ%?ﬂ‘:(a,b)lﬁf'(x)s&ﬂ%%ﬁl&ﬁﬁﬁ%’hﬁﬂﬁﬁl‘z,ﬁﬂé\ﬁﬁifﬂx)
7E[a,b] FEERED.

NSRS 52 ke v A I T4 L i 5 e X ) (o F 55 X ], SR e AT —
AR T X8 L% RSB RN T4 5w AT, 5 544 5 5 8.

Bl FIE RS y=x-sin x 7E[ ~m,w ] _E B9RE M.

B BEAFTAERIE v, n) FES (-7, m) A

y'=1-cos x=0,

B UTE x=0 4bREST , BT LA B 28 1 BI40, B3 y =%—sin x 7E[ -7 ,m ] BRI

B2 PHERE y=e"-x-1 BB

B y'=e-1,

BREL y=e"-x-1 BB SN (-0 ,+e0 ) B HTE(~0 ,0) P /<0, FF L %L y=e'-
#=1FE (- 0] b PR HNFE(0, +0 ) B y' >0, BT RS y =" ~2—1 TE[0,+o)
R

613 SHEEH y =/ HEER

R XEFMENBHI(~0 ,+o ).

H 270 B, X REH S8R

2

V=T
Hx=0 0, RPN SECRAFIEFE (o0 ,0) 1,5/ <0, H M BMy = /2 7E (w0 0] | 2
B FE (0, + 0 ) 1,y >0, B UL & 2y =0 7
[0, +e0 ) t- B3RS, EHL BTN 3-5 Frm,

HATEZR), B 2 h,x=0 BEH y ="~ 144
BB RIE (- 0] SEIFHMRE L0, +o0 ) f4 | |
P TIERR &AL ¥ = 025013 h v =0 B &M y= /a7 = A e s
BT K] (- o0 ,0] 5 B EBAIR F [0, +00 ) B
ST T A i SR A 2.

MBU2 o8 A S R 0 XK )RR A6 B2 2 T R e B
RORRIST BT S I, B T LA B e A4 K ) B8 A1 3 e
IR R (AT, MR8 B 52 S K IRV 40, 6 R A4 i B SR
BRI — M, R 1 I F 530

INSREE y=f(x) ERE LRI L3S, I 57 IR SEORAETE M S0 S 2
PR AR BRANEE A, 36 4 LB A B A5 T S BOR AR ) M 4 =
Fx) BOSE SUR IR, BEREARAE £ () AE A A R M RIS B A6 2 IR T 4 = ()

y=ie

B 3-5



EmY BEMBREESHEMNMONE

FEFE~ R4 IR ) L B,

B4 HERE(x)=2x"-9% +12x-3 B EE X |E].

B OXEHMENER (o ,+o ) RIXEHEFE

f'(x)=6x"~18x+12=6(z-1) (x-2).
TR S (x)=0,RNfE
6(x-1)(z-2)=0,

B EERECE L (~o ,+0 ) EIFMR 5, = 1,2, =2 XF MR ( -0, +o0 ) 47
EAEARE (-0 ,1],[1,2] R[2,+%).

FEXE (= ,1)H,2-1<0 H x-2<0, LA f' (%) >0. [ y
1, BRH f(x) FE(—o0 1] L BAYENEIN. ZEXH] (1,2) M ,%-1>0 .1
1B x-2<0, UL ' (x) <0. B, B# f(x) FE[1,2] LA itk

A FEXE (2, +00 ) P ,2-1>0 B x-2>0, BT LA f' (%) >0. Ei, =
B f(#) FE[2, +o0 ) b BATEIEND. -1 {
HEE y=1(x) BB A 3-6 fim. %2
T E B2 — N P BRSBTS 2T r
BIS G o1 B 2553 .y
iE é»‘\f(x)=2«/§—[3—%],ﬁiﬂ
Aone B Ll e g
f(x)—ﬁ == (-1,
A)TE[1,+o0 ) b L, (1, +o0 )N F' () >0, AW, +o0 ) I f(x) BRI &
N, TS 2> 1 B, F(x) >A(L). ﬁﬂwﬂfﬁ:m
BT A(1)=0,8 f(x)>f(1)=0,B |
2% - [3——] , o
3-3

2«/,ZE>3-~l (x>1).
X

s EEH%H‘JEH&TEEE

EFE—BF, ’n‘ﬂl]@?ﬁ?’@%ﬁtﬁéﬁ&%#ﬂﬁ% @ﬁé@iﬁﬁﬁﬁﬂﬂ’{@ﬁzt Bz
HIZRH A B TR B R, i A L AR T RS  F — 7 m R 4l
i, E3-TRE A IS, BA TR LT 1, BEFHHE BEN AR, ACBR R L
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F=E HHPEEBRSSEARA

MR BIZN, TTADBR ) A N, B 18 M R

B
[R], BB A BRI 7T 1% 1 1™ o R EL ) . c
EMPILfT -5 2, 78 M LI L, i 82 BRH /

A TS T 3 18] B9 5% 5 T 33 99 2 6 BRI SR B 4 1 7 A
(B 3-8(a)) , A HIBIZIN, W E4FHH 2 (B 3-8(b) ). i
SR AP R R A 1 e R R R A T

=y

AR 4 20K A 0 5 B3 0 o 5 5 B 8 90 AR R & 3-7
R (BPEA RSB &) B B R R, FTEEL
H 2R T Y Y E S
o T
o) +(x) m
— 2 J(x) ()
| : 2 :
: xitxgy | | | l
sy (T ) | /) O )
: I ! i ‘
i ! I | I L
o X1 xtx, X2 x (0] X xtx, * X
T 7
(a) (b)
3-8

EX Bf(x)FEXE L&, MEX ] FESH S x, %, 1BH
(961"'%2] f(x1)+f(x2)
f <

2 2 :
MBATRSf(x) T EMERE(EE) ME(HEN) s NRIEH
Bty e ) #f(%,
[ | mdste
ﬂﬂﬂﬁ’\f(x)?if.tﬂﬁF?x%(ﬁi:)lﬁﬁ‘](ﬁgﬂ)-
SRR S(x) 22 1 WERA B 280, B84 7T LAFI T — WS 5007 5 e B 28 A
(AT e, g 2 T TR 2 0 7 4 31 .
EHE 2 iﬁf(%)ﬁ[a,b].tﬁzﬁ,:ff(a,b)WEE—M*H___ME%,%BZ
(1) %E(a,b)Wf"(1)>0,ﬂﬂf(x)1°f1':[a,5]LE‘JEH‘?%I‘_’]H{J;
(2) B (a,b) W f"(x)<0, M f(x) ZE [ a,b] F MBI 2 M.

T AR BB lo, b MERTIA, B 2 <oy, 30 =y, 342 -
%o =%~%; =h ]| Eg =x0—h,x2=x0+h, Hﬂ?ﬁ’l%&ﬂ B q:’ﬁ{/_\\ﬁ,fl%
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BT BB RIBES &AM

Flxoth) ~F(x0) = £ (540, h ),

F(x0) F(x=h) = £ (g=0,h ),

Hrp 0<9,<1,0<0,<1. B = A0, BN48
FCxo*h) +f(x6-h) =2 (x0) = [f (20 +6,h) ~F" (9-0,h) Th.
St f' (%) ZER 1 %y=0,h, %0 +0,h ] _E FERIFTHRIE B0 B sp{E A5t 18
[ (5a+0,k) ~f ' (x5-0,h) Th=f"(£) (8,46,) b,

L xy-0,h<g <, +0, h AL (1) OB, £7(£)>0, 508

S(xo+h) +f(x—h) =2f(x,) >0,
A

Sy +h) +f(%=h)
2

>f(%,) ,

JREp

2 2
FrEh f(«) 7L a,b] FHIETER M.
KT B (2).
ANSRAEIX A 5 1 m F PR (X [B] 460 L At 25 7 X ] (LS B 55 X ) ) , IR 4 45484
Ay
Bl 6 HEmZk y=1n x BN

f(x1)+f(x2)>f (xa"'sz ’

1 1
f# [ﬁlﬁjy'=;,9’"=—x—2ﬁ?uﬁl¥lﬁy=ln % B S (0, +00 ) 9,5"<0, By E 2

2 A, HHER y=1n x B

BI7 FIEHL y=x B MO

R Ry =3,y =6x. 24 x<0 B ,y"<0, FFLABHZRTE(—o0 ,0]) M0 ; 24 x>0 B,
y">0, BTLLRHRTE[ 0, +o0 ) P4 M3

—fBCHl, Bty =f(2) FEXIA) I _EFESE, x0T PHEY . ISR IR v =f(x) EE 5T 5 (=,
S(o) ) B, MR ER I PSR T, AR AR AR (0, (o) ) AKX BHER D4 5.

InfapsR TRk y=£(«) B3 R UE7

MET R EBEAE, &1 £ () WS T LLH 2 il £ 00 M5 H, J ik, g
[ () B o B2 PISRE 5, AR AR (20, (%) ) R BRI — 8, BT LU B S
e, RERY [ () 5 A M 4R 5 B bR R 7 (x) BRHEWIK |
RN F AL B, R () FEXE] (@, b) PIEA ZBr S50, R4 2 X RERY
5 RAL MR (%)= O BRILLISE, f(2) B SBCREFAER S, WEFTRER /" (#)
WIS EERK DR R S8 U Lo, AT LR T 7S Bk 2 X 8] 1 b iE
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=R fAoTEEESSEMNEAR

Zeph sy y=1(x) A

(1) K f"(%) 5

(2) & f"(x)=0,f X HRAEXE I NELR, FRBEXE TR F(x) FFETE
By E O,

(3) JtF(2) FREHE—NERE - RECRFEN A %, B [ (x) 7E 20
AFMEEER RS, BEA S FMBFFS S E, & (%, f(%,)) BB A, HRMNBHHFS
TR, & (%0, f(%,) ) REFA.

B8 REMZE y=2+4"+3x"~12x+14 H9#5 5.

, | i
By =6x"+6x-12, y"=12x+6= 12[:;4-7).

1 1 1 1 1
BT y"=0,18 £ M x<-—75ﬂ‘,y"<0; H x>—?ﬂﬂ',y">0.%]ﬂ:t,;,'—;?, (-?,20 ?]%

KRB A
B9 RS y=3s'-4'+1 93 R AR AL
B Ry =30 -4+ HOE N (~o0 4 ).

2 2
y'=12%°-12x%, 9¢"=36x"-24x=36x [x—?J !

. 2
ﬁ@jj‘ﬁy"=0,1%xlﬂ0,x2=§—.

x50&%=%m@ﬁmilﬁbw;m)ﬁ&EA%ﬁEmOmﬁL

2 2
03] [5+=):
E«mJnmqwmawﬁzwvwxntﬁmﬁ%w%ﬂ{mmjmJum@

2
3
w&gm@%{Lﬁﬁ%%&%ﬁf&wﬂwqamawﬁamyéwﬂiﬁm
LR EMRY. ‘
N _ s . 2 11 . |
ﬁ»ﬂWJ—LﬁﬂhU%ﬂﬁ%%~¢%ﬁéh=?ﬁr3?ﬁf— )m%

397
X AT .
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MY BHEHBAMSHEHMOHK

B, FH x=0 B =0 B (A £ 20 B, i 2<0 B x>0 2 1”>0, F M
A5(0,0) TSR3 HH R 47 4. B4R y =2 W, BAE (~o0 , +o0 ) PR ITH.

B 11 SR y =V 0184

M OXEBATE (-0 ,+oo ) HEELE, 2 x50 BT,

1 . B
S o oglR
La=08f,y Yy A I S (~o0 ,+o0 ) AR A REA TS AH 220 £ 5"
IR, BB (o, +oo ) SM B MK ] (~o0 ,0],[0, +00 ).

TE(=e0 ,0) 1, 7">0, X MARTE(— ,0] ERMETE(D, +o0 ) P, y"<0, KL 1E
[0,+% ) &M,
% =0Mt,y=0,45(0,0) BXLH— A,

e

2

> 3-4

1. FE BREf(x) = arctan x—x B BRI .
2. H|E R f(x) = x+cos x Y BATEME.
3. BRE T A EEA A X

(1) _'}’:2%3*6962"18:1:—7; (2) y=2x+~:— (x>0);
- 0 2 ¥
Bl ¥ (4) y=In(x+/1+2% ) ;
4x” =9x"+6x
(3) y=(2~1) (a+1)*; / /
(6) y= v/ (25-a) ()" (a>0);

o] x
(7) y=x"e™ (n>0,220);  (8) y=x+|sin 2x|. / /

4 W y=f(x) 7EELHAT R,y =f(x) HETE N E

3-OFT R IS B £ () BT B 310 o B B TUA R
BB — 7 .

Y Y i

It At NN

/O( % O{ x o] NS x

(A) (B) © ™
3-10
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¥=E HoTEEESSENNA

5. IEBATF ISR

1
(1) 2 x>0 Hd',1+?x>./l+x; (2) 24 x>0 A, 1+xln(x+m4)> 1+a*;
> ) . ™ E 5
(3) J:’;O<x<~2—ﬂq‘,sm x+tan x>24; (4) %0<x<?ﬁ~j‘ Stan w>a+

(3) % x>4 8,277

6. TWHEHE In x=ax (K ¢>0) HILER.

7. BiERA S RERE Y B E TR T ' T

f(x)=x+sin x.

8. WIAE—THF XM, B (x) FEXIE ] EiESE, T AR T 5EH : R A 2) 7 T E—FR
HFEEEf (x) =0 (Bf (2) <0), HESNERREAN R, AB2(x) FEK | 1 L ER1E hn
(R ).

9. T F L ay N

(1) y=dz—x"; (2) y=sh x;

1
(3) y=x+t— (2>0); (4) y=xarctan x.
x

10. KT 31 eR B BT 9 43 B M B B9 (X8 -

(1) y=2"-5x"+3x+5; (2) y=xe™;
(3) y:(x+1)4+e:; (4) y=1n(x2+]);
(5) y=e™™*, (6) y=x'(12ln z-7).

11. F A R EER A M N IR FHI AR

(N —(x +y" )>[ J (2>0,y>0,x5%y,n>1) ; st (x7%y) 5

+
(3) xln x+yln y>(x+y)ln % (2>0,y>0,x5y); (4) sin x>2—x [0<x<%).
™

Y12, Estﬁﬁﬁﬂf&y— =T RN TR-EL L.

13. 8] a,b AMTER, 5 (1,3) LR y=ax’ +ba® B945 57
14. HBEMLR y=as’ +ba’ +ex+d FH a,b,c,d, {18 v =-2 A MIRAHKEWE, (1,-10) K
RLER(-2,40)ElR
15, WA y=k(2"-3)" o k BOLE , 5 B 2R 45 AL B R 2R JBE A
16 B y=f(x) FE a=x MEWRKEA S ELEFIWE 7" (%)= 0, T £ (x,) #0, R
(%0, f(20) ) RAREIAT Hft4r

148



BRT REMRESHEAERIME

AT RERESRERERML

—. BHRERERE

TR 4 FRAER, R a=1 K x=2 BEH
flx)=22"-9x" +12x-3
fiy LR X [ B SR B, 7E AR = 1 R ZEIUARAE , R S (o) RERLRSEINGY , FE R #= 1
B MIARAE , BREL f( ) B A VRN 1. B AP FE AR 2= 1 B9— D 040838, X T &0
AR IR =, f(x) <F(1) BIRRSE 25t , X TF mix=2, WHFEE — I E LA,
XX 204 A AR %, f(2) >(2) WL (SFE 3-6) BA X R A S
x=1 R =2, 7EN I B A EFENE L, EBRINT AR L.

BN RE f(x) T v BRI Ux,) BEEN, MBERFEOMHT (x,) B

HE—x, 8
) <flxy)  (BLA%) (%)),

BATRER f(x,) BEH S () —MRAE (SHRME) .

R YR, {5/ IME G Ay B 5 A (L, 88 B B A A 1B B AR S AR (B 1
n, E¥ 4 S RS

F(x)=2x"-9x*+12x-3

ARIE F(1)=2 FR/MEA(2)= 1, 8 x=1 Fl x=2 REHf(2) HHRER

B 5 A e (LR IMEATE A R R . TR (o ) R BRI () B9 — MR AE, FB
Rt 2, MO — N BETE R, f(xo) B f(x) — DB R f(2) BB
5 SRS, f(xo) FIVEB R B A £ TR/ MERZEDL

TEE 3-11 5, By =F (%) BRMRKE:S(x,) , f(55), ZARAE S (1),
Fxy) s flxg) JEA KA f(%,) oARAME
Flxg) BN A KB [a,b] 1L, RE
—AMR/ME f(%,) R BB /ME, T &
H— MR IR AAE

E AR E 2, 78 RS R E
4t , 2 BOH) 28 Rk T 4. B B 22 A K
AN R T, R — 7 B AR 6
ME S x=x kb, #% B KT, B

i
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B=% BOTEEESSHMNEE

flay) ARRAE.

HATS — TR DS BT, IR BB f(x) 7 2T T, B f(x) 7E x, AL EUSHR
18,4 S (50) = 0. X R T 3 6 O SUARAR £ B A0 8 4% k. I I 4859 A4 SR T
EH .

EEUBERME) REH2)E TS, BT 0 ISR, W £ (x,)= 0.

FERE 1 PR : TR BRI S (o) AR SR B O BE A (B R 30, BRSO BE A 2R

| —ERARMA B, fx)= 2 S ()= 34, £'(0)= 0, ln= 0B AT S s A A B

150

A E =0 FIR RS IRBARE A BT L, SR T A5 R AT R BOML (B 5. I A, R T
B RORAFTE R S ALt T RETRUSAR AL 10 , RS () = |2 |65 v =0 AR AT (H %k
TEZ SRR /IMEL

BRI RBTERE S AT S LT ERTEERME? B EHE EE
WKRMEERR/ME? FEA T H SRR T St

BEUE-RAKM) REHS(2) 7 0 &S, BE x EEOBEU(x,,5)
NS :

(1) Faxe (x-8,%) B, £ (x)>0,T x e (x,,%,+8) B, F(x) <0, f(x) 7 2,4
ENBHRKIE ;

(2) B xe (%-8,%) BE, £/ (%) <0, x & (x,,%,+8) B}, £'(x)>0, W f(x) 7 o Bib
AN S HR/ME ;

(3) FxeUlxg,8) B, f'(x) MIFFSRIBARE, M £(x) 7 2, b2 B IR,

E XL MER ()RR RERRAEENEESE, B8 (o) &
(%08, ) PR RETRIEAN , TUZE (o ,%0+8) POEATEBLD , S e TF BAK £(w) 72 wo b 2RSSR A
B 5 e Ulxo,8) B, A F(2) <f(%0)- BB, £(x,) & f(x) B — AR K ME ( 3-12
(a)).

AU FIERT (2) (H 3-12(b) ) BAET (3) (1 3-12(c) . (d)).

FEE 2 0T 6] BRI RE A - 24 x 7 o BOSTIEHTE 0T o, R £ () RO i
EARG, A4 f(x) FE xo SO BUSRAE ISR £ (=) BORF2 RS TE TR 4 f(x) 75 W0
BUSH/IME IR £ (=) MAF S H RIS BB 4 £(2) 7 2o S0 W A0 18

TRYE LB B R, SR £ () ZEFTIT 300 X 8 P08 | B3 A b b T
A AREAT BT 51 B f(x) FE I 18] P MO A8 25 R R AR

(1) RESBS (2)

(2) SR f(x) LI A ERT S 4,

(3) ZHRS" (=) A SEBNE SRR T A& EBELIET, AR B 5
RE AL ISR, HE— T R AR M



| y=(x)

x>0 : fx)<0
|

=Y

o Xg

(=

y=f(x) i
[

F()>0 1 f(x)>0
|

(0] X
(©)

X

ERY HEORESSXERNME

y=f{x) /

S{0)<0 1 f(x)=0

f(x)<0 ﬁ <0

o

Xo X

()

& 3-12

(4) SR H B E SR RBUE, L5 R Ef(x) B 2R E.

BI1 SREES(x)= (x-4) v/ (x+1) HILE.
B(1) f) (o, +oo ) NIELE, B x=-1 ST R, B
oy S(a=1)
f'(z)= T
(2) 4 f'(%)=0,188 4 x=1,0=—1 K f(x) AT R &;
(3) FE(=0 ,~1) A, f'(x)>0;7E(-1,1) 1, f' (%) <O.AA T F A x=-1 &—4
A A XAE (1, +00 ) I, £/ (%) >0, BLBE A = 1 B—MR/MEA;
(4) BAAER F(~1)= 0, 8/MEH £(1)= -374.
MR F(x) ZERE S AL B B SO E BN D R, 40 T AR AR R R
£(x) TEBE AL BUS R A (E R4 /IME.
FEIEoRSEN) BEH/N)ELLEEZRSHES (%)=0,
(%) 0,0
(1) % £"(x,) <0 B, B f(x) 76 %, SCBUEHAE
(2) % £"(x,) >0 BY, F#L f(x) TE 2o L ERBARNE.
iE ERETE (L), BT S (x,) <0, KB SHAE LA
f1 A=)

IR BB IR B B E R SHE , 2 x 7 o B R/ 2 ORI AT

F"(x,) = lim
.:—.Io
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BZE BOPEERESSHEMNER

f (xj_—f'(xo)w_
(BLf" (x,)= 0, BT L 20 E] |
FACI

AT, 36 Fi 3 O 4RI Y L, /' (2) 5 o BFBAEL. BB, 24 -, <0 B 2<
%oBT, £ (2)>0; 2 x—x,>0 B x>, B, /(%) <0. FRARIEZIE 2 138, Flx) S x4k
BB K.

AT LIEBIETE (2).

FEH 3RO, R RS () TER A B~ BB () 20, B DR A 1, —
ERARAELA, 3 BT U B SBf7 (x,) FORFSIRBIE £ 50) AR A (ETE AR /ME. 8
SRS (%)= 0, FRAEHE 3 RARERI AL B L, % £ ()= 0, f"(x,)= O Bt f(x) 2E
xo AL AT REAARKME A TT BT #R /M, 0 7T RE I AR B0, () = —x*, () = 2,
Fi() = 2 K EAFRHE x=0 bk BB T3 = FhA 00, L, 1 52 S ZE I J5 A B —
T RENE IBAT L — -SRI A 2 A SRR S, IR R E T A
B ()= -+ =f " (1) =0, £ () #0, A A TTFI LA L HE AT M 22 /A 56
FiHEHIE (BT I 4). -

B2 REHS(2)= (+~1)°+1 BHRIE.

B (%)= 6x(xz—1)2.

A f(x)=0,3RBLE&H % =-1,%,=0,x,=1.

F"(x2)=6(x*-1) (54*-1).

B £7(0)= 650, f(x) #E 2= 0 AbBUABAR/ME, /1 y
fE354£(0) = 0.

B (~1)=f"(1)= 0, BB 2 3 Tonk 5. 2 25—
S8 () TEREAS 2, =1 B vy =1 22 AR RO

% B AR RS, £ (x) <052 x B-175
MSBERERT, £ () <0; N £/ (») BoRF SR o ff | !
BAS(x) FE v = -1 AW A R FIHE, F(x)7E x=1 Kb 018
A (7 3-13). Sae

— RXES/IMERE

FELRIAEF TREARRFEE R, WHESBIXRE—2 R — R
FLUERE R RE AN RE R RE ROR B 4 A B, 3302 e B e
LA AT AR — RGBT BimEs) RSB A TR/ ME A1



BEY REMRESSAERNME

RERE S (x) FEH XA [a,b] L H#SE, ZEFXE] (a,b) NEARBRA SIS, HE
ZHEARNMERELREET, RIS f() # o, b] R KEMR/NMEH

B, B X e s B R T, f(x) e, b] EMBRREME/AIME—E
.

ik, iR e R (B /AME) f(x,) EFF XA (a,b) FHIE x LB, AR 4, 3%
fO)EFREHNGERT 2T RAZZEFRNEANERE, TH f(2,) —EHE
S(x) BB KAB (SABME) , AT 2g—E R (%) BIEE R BRI R . 3L f(x) B9 B RAE AN
B/ ME AT BE7E X 8] o S AL B B L, AT R AN R sk (x) 7E e, b ] BRI (B
B/ ME.

(1) sk Ax)FE(a,b) HEISE R ORARTT T8

(2) HE () FE LR A AR R AR REE LR f(a), f(b);

(3) g (2) PIEEMKDN  HPRARER f(x)7E[o,b] ERBKE, H/DHY
B2 f(x) ¥ a,b] EHH/ME.

B3 SREHS(x)= |2 -32+2|7E[ -3,4] LB KXES&ME
-3x+2, xe[-3,1]U[2,4],
-x*+3z-2, xe(1,2).
; 2x-3, se(-3,1)U(2,4),
* :{—2x+3, xe(1,2).

# f(x)={

E(-3,4) M, f(x) BRES x=%;71<ﬂ3r,¢l% x=1,5=2.

BF A(~3)=20, f(1)=0, [—;—] =L [(2)=0, f(4)= 6, KCHEFTHB f(x) FE =3

REBUEEAE] -3,4] L HIBORME 20,7 = 1 F x=2 AEBAGEZE[ -3,4] LHIR/IMEO.
B4 SREkZE b AB EEXf9EEESH 100 km. TJ C BE A 4b2% 20 km,AC e H F AB

(F3-14). 5T ERTEE, EEABLRERE— 100k

A D AT BH—&A% CaggETREE ‘T b o

MEHRSAKEETRESHBEHRZEN 3 203@

5.0 TN BRI S BEEI L) C MEHRR

4,18 D R EAEfTAb?

& 3-14
8 % AD=x km,)l)| DB=(100-x)km,

D % f(x)TE(a,b) MBAATERA X REE R KA TR E SBUR.
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BZE WOTEEBRSSHENEA

CD=+/20?+x* =/400+>.

HTHRB EEBTARENERSAB EETRESHEHZ I3 5, Bk
IR BT RAZHN 3k, AR LETROEE RSk (FHENER, BE
SAREFEICR , BT LUARLE R ) ENBERI S B BIT) CEEMMRIER N v, 1

y=5k - CD+3k - DB,
B
y=5k+/400+x” +3k(100-x) (0<x<100).
B, RIS 520 .« 7E[ 0,100 ] WEUA{ERT BAR RS y BB R/,
He3R v 3 x B4

5x
y' =k ( 7 “3}
A/ 400+x

[ 1
=500% 1+—2,,ﬁﬁfﬂl))\y
£=100 5

AN B, M AD=x=15 km BT, BiE 8 5%,

FESR R B R (E (BUR/ME ) B IS BB RS R R TR BT f(x) E— X 8]
(BIRETCIR, FFEH ) AR S B R — NG, 2, 36 ELANEE & 2, BB /() FOAR(E
S BRA 2 (o) RARKABRS, f(20) R f(%) TEEIX ] _E BB A (B 3-15(a) ) ;24
Slxo) AR AMEERF, f(x0) BER () FEZ X 18] b B /IME (B 3-15(b) ) . £ /50 R jal 8 v
FHEB BRI ER.

BHTFEy' =0,18 x=15 km.

BT y|,.0=400k,y|,.,s = 380k, y = 380k K&

x=15

bd »
) 754
IZTx | :
|
| If(xo) | : :f(xo) |
! | | | | )
0 a Xo b x (0] a Xp b %
@ (®)
3-15

BIS —HRALMESFEAZTKEFHER KD EB (H 3-16). B
EESF K PEREAEE D HIR o, Rl v, , BRTEN R FRRIERR R B R
SR LB B

B B AZKEREEERN AO=h,, & B B EHEEER Y BQ=h,,x Hl
TRKEE R O 71 Q,00 MEEN L



FEY RESNRESERER/ME

BT MR RN RO NGNS, Bl
St A T AR TE. BB R ,,]N
B o HIZEEN POP=x, IRENSABE B LN
FERBI R TR AP, KSR S 00 4B 11 ek i

R +x* Ri+(1=x)? l
it Jhat(le) , xe[0,1]. i 5
Uy

T(x)=

Uy
FEATE « R4 SR, T(x) 700,0] £ B 3-16
AR/ ME.
BT

e by e b Vo R s [0,],

v R P2 ,\/h§+(l-x)2,
1 hy 1 R
T"(x)=— - = >0, ze[0,l],
! (h?+x2)7 Y fh§+(l—x)2}
7'(0)<0, T'(1)>0,
X T (x)FE[0,0] BiESE B T (%) FE(0,]) NAFEME—F R %o, H 202 T(2) (0, 1) N
FME— AR/ ME S, T2 T(%) 7E(0,1] By F/ME .
& a2 T'(%)=0,B0

o|w

%y I~z

vihitag vy ha+(1=x,) " '

ic
EA I-x,
=sgin @, —-—-———2=sin 0.
N e T e+ (I-x,)
R

sin @, sin @,

% L)
SRR, ME PR &R, TR APB R RHE R ENREEF
EAWNTHER, BT 6,0, 0 AR CRE AL A MITH A (JLE 3-16).

PRELHE ), SE BRI B , B AR 38 15 R A Ao TR R T LA M R T 2 R R S () B K
(R SR/ ME , 1 B —E e X (8] P RS X B SR f() ZEE XK B A # R —1
BE R x , AR AR ATIE f(20) RARARAE , BETT LABTRE £( o) B AMEHE/ME.

Bl 6 E—RERN d WEASERERE Y ER KR (E3-17). AR RE R b
FNTE b RLANA] e R RIS A A B o

R B FES T RE R R TSR R E
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F=F NHoTEERESSENEA

W= glubhz.

HE3-17FH,0 5 FTHENRE:
h2:d2_b2, d "

3N}

b

1
W=—(d*b-b*).
g (4 b-b7)

B 3-17
XFEL, WS b FFERECER b WAELTEERZ(0,d). 32,

[ b 6T A0 AR W=W(b) B AfE? Hik, 5k W3fb MTE
W’=%( d’-3b%).

% W'=0,M®%

]
b= [—d.
Td

HTFRERAMEBERE—EFE, MHEE(0,d) AHEE; BI7E, W =0 7£(0,d)
HRE— MR b=£d,ﬂfu,¥ b=gd B, W RS {E SRR XA,

1 2
h?.:dz_ 2=d2__d2= _d2
b 3 5
ll

2
h= [—d.
3

Nl ‘
dohtb=y3 72 11.
BI7 BEET EFEP G« THEHRAR C(x)=2"-6x"+15x, EHZF= 5 «
TEEIBAR r(x) = 9% AR BHE— BB R AFEH AL KT R
&, W XA Rk
B OHERM, B« TR R e R
p(x)=r(z)-C(x).
IR p(x) BUSBKE, BAE—BAEME p' (x)= 0 Bt Pk AR, H, 4
p'(x)=r'"(x)-C'(x)=0,
B
r'(x)=C"(x).
5



BET BHEHRESERERNME

%" =dx+2=0.
w20 oy
x,=2-2 =0.586, x,=2+/2~3.414.
S y
P'(x)= ~65+12,p"(%,) 50, p"(,)<O0. ot ——
WCHE x, =3.414 Ab3R BIH A FINE, MFE «, = 0.586 40
R RRRAT B
TRV, C () WHFFEA,r (=) HH 5 W
FRCA p' () R BRFTE. ERERER ES & ]
KAEAAEFKE L, (2)=C'(2) , BB A S 02_'5 5 2+‘v’5 -
T bRpiAs. £ mE RS R AE 3-18 a4 B 3-18
B FIR A& HE &
> 3-5
1. SRR 5 A AR A
(1) y=24"-62"-18x+7; (2) y=x—In(1+x); (3) y=—x4+2x2;
143% 3t +datd
(4) y=x+/1-x; (5) y=w; R i o
(7) y=€"cos x; (8) y=x—l_; (9 y=3—2(x+1)%;

(10) y=x+tan x.

2. RIE MR y = ax® +be +oxtd T R4 b ~30c<0, BE A BN BER A WAL,

3. I o F{ATER, BHS(x) = asin x+%sin e fE 2= AR CREAEERIN
17 R

4. R S(2) TE B0 n VS, ELF (x0) = f"(50)= = =f " (5,)= 0, £ () #0, M :

(1) % n HEBE, f(x) 7E oAb RS

(2) % n HBBE, f(2) TE s R BUBMRAE, H 34 ) () <O B, f(x,) FHRAME, 2 ) (50)>0
B, f(x0) WAR/ME.

5. R T 4 B , B BEMLf(x) = ¢ +e™ +2c0s x HIAR{EL.

6. KT A BB J/ME

(1) y=24"-32" -1 <x<4; (2) y=x'-84742, -1<x<3; (3) y=x+.1-x,-5<x<l.

7. (IEH y= 20 ~6+ 182~ (1<x<d) FEMBERAME? IHFREEHBRE

8. KRB B BAE T A AR B ME S R A
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F=EF RATERESSHARA

x

(1) y=2=22(x<0)  BMH:  (2) y= =2 (220) KM

% +1

9. B fo(#)=nx(1-2)" (n=1,2,3,) ,M(n)= Jmax f,(x) B3R HEmM(n).

10, REEFMEE R —EKGTE/NE, A FE REH 20 m KAHEEE . (55 R /B R B K 07
A REfE K B/ B A T AR K7

1. BE—BEEHEE, AR V,EEEE r MR L RS T L0, FEERERE/ N X6
RERSEMLREZ?

12, Foh X B 2 1R B B B AR T I [ ([ 3-19) BB ARY 5 m’. AR S « B2 R
7 REE B A AR B/, DT B T F A R

13, WHEER S ke Wik, EFKFE L, 25 F /AT 1A%30 (B 3-20). BEE R
w=0.25,[8J) F 5K FLRZEHA o L8, AT EH F 8RN RBANT

P

ST I T 77 777

P
3-19 3-20

14. H—ATHF, X RFECH — 5 XS 0.1 m A — R BN 49 ke MW F TGS
— SRR FFARIEKF (B 3-21). IRATHF MR BER 5 ke/m, REBA F1H9HFK.

15. M—Bey R MBS LB E—BBMAR— R (8 3-22). M EF BB R L
o MERET, BB 2 M AR

1m
-

0.
A
N

-~ —

B 3-21 3-22

16. XEENFHENR 15 m, BEE 15 mBEEL - 6mE 2 m HHESR(E3-23(a)),
AKFHRE] 6 m BAEET £ 3 (B 3-23(b) ) , (7 18 F %7



BAT BEEELHHEHLS

3-23

17, —G#F=AfA SO BAEENM Y AREEN 4 000 Tit, AELLWML £ LAHE
40 200 TORY, iR 2 —E AR L&, T H R AE T4 H 5 1E28 400 TEH 416218
PERELRE AN £ LA KGR A A Y

18. BAFIE—TERMEAN 40 T MRE—EENELMEN « 7T, B HN S QHH

a

n= s +b(80-x)

S a,b HIEWEC R AR B8 0 BB S BRI 2

FAT RmBEENES

H BT — B REEFFS, 7T LA 2 s B R e - R b B+, WA KR B R
W s AR BY T B SRR 5, 7T DL R BRI A P 0 A 01 X ) b g 141, 72 R A IXC [ b=y
O, AT AMTTA B HIE T REETE B FHRE . IS AR 8 AT, st ET LR R
ROPERS , T R B A BV 75 EU B

e FEE DU EN DR Z R, & B T EN A SR, o L5 (E i
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(e)) T2 o=, JHHEASR (8-1) HEIER S » WA MBI,
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B=E MOTETESSENEA

B2 FHRERFRE 2 +1.15°+0.9x-1.4=0 FSLAR EME, FiREF B
it 107

R A f(x)=x"+115"+0.9x- 1.4 g3 1 &[0, 1] BRA—FRE X E]. £(0) <0,
F(1)>0.

#£[0,1] 1

Fl(x)=32"+2.2%+0.950, f"(x)=6x+2.2>0,

(=) ZE[0,1] EWETER FE 3-38 PiFE(a) 32 /"(2) 5 A1) A5, B4 x, =

EER AR (8-1),15

1—M~0 738,

FicL)
£(0.738)

£7(0.738)
£(0.674)

£7(0.674)

o f(0.671)
%,=0.671 F0.671)

E HEARRESE HEE () (1=0,1,-) 5f"(x) B5, % £(0.671) >0,
LI £(0.670) <0, FRH

x,=0.738- ~0.674,

%, =0.674— ~0.671,

=~(.671.

0.670<¢<0.671.
L4 0.670 %, 0.671 VB AR A9 ME , HAR 2 E8/ N F 107

=. Bl&%iE

FANSGHERETERRN S, X f(«) W2, HHE £/ («) TTEEE WA X
B, AT S A
f(xn) _f<xrrl )

R (8-1) KAy £ («,) JXETH’J:&{J&? NN

%, %, ¥y

xn+1=xn—**—f< ) A=),  (8-2)

HA g, %, ARIIAE. AR (8-2) B LI X 2
R (5, f2,) ) FIR (x,, f(x,)) BIEIZE R4
BR(x,, f(x,)) AR X LEIRE « Gis sy O %Exﬂxn Xpml X
AR BRAE N 37 B AT BB (0 3 - 40) H I, XAk
vy

B 3-40



BIE=

DI I sxt 1 2 B TSR i .
B 2y=1,5,=0. 8. ESEFIE A0 (8-2) 8
T ) Fme) |

T ) ~F(xr)

f(x,) =0.699,

Xy

- f(x,) =0. 672,

T ) )
_ X%y
T ) A
B, HHE TR AL [ v, 5 xo/NEGH = (AT, B 0. 671 4B W ARROIE A R
B2/ F 107,

* f(x;) =0.671,

flx,) =0.671.

2] 3-8

L RIEMAHTR 2* -3 +6x~1=0 ZE K [6 (0,1) NEEE—HKI IR, 3 A = R X MR AR,
{FRERET 0.01.

2. BEA TR 2" +5x+1 =0 FEX ] (-1,0) P ME— B STAR , 3 048 55 SR 50 B0 3 UL, 1
REAF 0.01.

3. AEISRERKFE o +32-1=0 BLEMUR , #HRZEF L 0.01

4. R «lg x=1 WL RUR , IR ZE R 0.01,

&
[
1

N

1. H

i

B0, B (x) = In 2=+ ZE(0, +o0 ) WR AN

2. AT RS H T MANES, Mkt — N E AL L
(1) ®FE[0,1] L f"(%)>0,[ £ (0), £'(1), A1) =A0)BK £0) —A(1) BILAFEIF/NIF Fo
( e

(A) £1(1)>f'(0)>f(1)-A0) (B) f'(1)>f(1)=f(0)>f"(0)
(C) A 0)>f"(1)>'(0) (D) (1) >f(0) (1) >f'(0)
(2) B (2)=1"(2)=0, f"(x)>0,W( ).

(A) f' (o) B f" (x) B AKME (B) fl=) & f(x) IR KAE
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EZE HodERESSBENER

(C) flxy) () OB (D) (36, f(20)) oMLK y=f(x) B35

3. FIR— TS0 W o (x) P 0,b] L34, % (a,0) MR — AMEAL T %, (875 a,b)
WFEEE R £, 7(5) (@)= (§) (ba).

4. Blinf ()=, Rlim [f(x+a) f(x) ).

. ERETR f(x)= ¥’ -3w+a £ 0,1] LR TRATAEL

6. & ao"c;__]"?""&%':o:iﬁﬂﬁgiﬁi\iﬂxﬁ agtaxte+a, s (0, 1) REDH —IE R

T f(2)FE(0,a] EELE, FE(0,a) AAR, B f(a)=0, I EWRFE—RK £e(0,a),
BEA(E)+¢f'(£)=0.

"8. % O<a<h, BE f(x) FE[a,b] EELE, 7 (a,b) WA T, AF AT HEEE, ERFE—R
ée(a,b),

S8 Fa)=£f (E)n—-
9. R f(),6(x) BRAREE, B () [<8' () JEW: % x>0 B, |f(2) (o) [<g(x) -

g(a).
10. SRFFURFR :
. ox—x . 1 3
(1 ll—rgl—xﬂn % o E[ln(Hx) N x] ;

(3) lim (%a:cta.n x] (4) y(w_)u (Eoh a, 0y, ++,a,30).

=tk

1L SRTFFI MBI E & v L EFREN R R AT R AR
(1) f(2)=2"ln x,x,=1,n=4, RIHE B B AT

(2) f(x)= arctan x,%,=0,n=3, RIFELRT;

(3) flx)=e"" %, =0,n=3 (RIEFELHIN,

(4) flz)=1n cos x,%,=0,n=6, RIFIESHTA.

12. IEATHIRER

tan x
(1) §O<x,<x2<%ﬂf_|’ e

¥ ¥
tan %, =x,

(2) % 20 B, In( 1+x)>‘i“—‘;:"’fn—"-

% .
(3) ¥ eca<b<e®AT,In? b-In’ a>-iz( b-a).
e

13. B a>1, flx)=a’~ax FE(~o0 ,+o0 ) WIIBE K 2 (). [T o FAMERT, 2(a) B/ FERE S
/ME.

14. SRIGE «" ~xy+y* =3 _EYAIRRAFIR/N &S,

2 2
15. ws;;+—§;=1 WA — AT, ST B 3 AT T B BB T B ARk, R B A AETU Y
.
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BIAE=

16. sREF| {Vn | OB FIA.
17. BRI y=sin » (O<x<m) FHB—mAbRY B 3R Z R/ RHIZ S AL pyth 24,
18. IEBI 8 2°-5x-2=0 RAE—AER, FR L EREELE , B E 107,

xgt+h xg—h) =2f(x,
"19, '&f”(%u)ﬁﬁ,ﬁ%}g‘l}f( 0+ )+f(h2 ) f{ )=f"(xu).

20. | Ax)FE(a,b) BB R, B (2) 203EH3 T (a,b) HIEER S », 0, R0<i<1,H
S« l"t)xlﬂxz:] < (1-0)f(,) +f(x,).
21 WHERE o 71 b, {F f(x)=x—(a+beos x)sin x H2 x—0 BFEF = B9 5 /.

s=wEREE & s=upEm T
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Py E
ANEB Y

FESE B, BATINE T e K — A~ R 3 s ) B, A B e B R R,
BIEF R 2R EEN T RS TEAMREX RO #HEAR R —.

F—1 AERoHEE SR

—. BERESFERDITES

EX 1 MRERE ] L, AASEH F(x) HSEREA f(x) B E—x I, EE
F'(x)=f(x) B dF (x)=f(x)dx,
ABAEE F (=) 8RR f(x) (%) dx) FEKIE I ER— RS
BN, A (sin x) "=cos x, B sin x & cos x HI—JE %,
NN xe (1,+0 ) A,

[In(x+/2*-1)]"= . I :#
i & x+«/x2—1( m] «/xz—l,

FERE (1, +00 ) PYHI—NR B

H In(x+/2"-1) & !

x*-1
RTFERE, RATERER: M RBREE AR, BTN ER S — B
TE? XANERDEE T —E i, X BN E i
FREHFEEE MREHf(«)ERE ] LES PLERE ] L EETEHRY
F(x) EXE—xc ] HH
F(2)=f(x).
IR RN~ RRE



F—T FER/OEESHER

TR T B 45

S— R () EX E T B RS, A —A R F (x) , XHE—x e ], 5
F'(x)=f(x) ,JB4, SHEMEH C, BRGA

[F(x)+C]' =f(x),

BIRHEERT # 4L C, BB F () +C 1 f(x) B R REL X UEH , IR £(x) H — AR R,
IRAF(x) B BB 2 AL

B MEERE T EF(x) £ f(x) B—BERE, A7) 0 H AR EHS
F(x)BHAXR?

B @ (x) Ef(x) WA—ANBEES, B E— el &

@' (x)=f(x)
TE
[®(x)-F(x)]'=®'(x)-F'(x)=f(x) -f(x)= 0.
HEESEE—FHELAE, — KA SE0E TR REOb B, BT
D(x)-F(%)=C, (CHRENER).
XEH O(x) 5 F(x) RE—AFEEL, % ¢ HEZHEHET, B
F(x)+C

BT f(x) BB — AR RS

B LA LA R, TATB TR 2

EN2 AERE L, B ) SR SRR ESIAS () (Ff(x)dx) O
EI:'EI] I_tE"]TﬁE$n ,'LE.'VE
j (%) dx.
ERiES [ HABDT, f(0) MAMREY, (=) d BAWBRRRIR, « BARSY
TE.
U YR RTEAS BRI, IR F(x) 2 f(x) FEK A 1 b B9— MRS, FE4
F(x)+C B f(x) BIRERSY, B
Jf(x)dx=F(x)+c.
RTARERSS [ A(x)dx TR f(x) WAEB—RELL
2 I:E_“a
4-2

e Eiﬁ[%} -2 SRR £t MBS R
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fxzdx= %+C.
i 2 if%dx

P §x>oaﬁ,m‘-(lnx)’:%,afmnx%%&(o,m)m@—ﬂ\ﬁ@ﬁ.lﬁ&t,
(0,4 ) 4,

1
j ~de=In x+C.
X

4 <0 B, B F(In(-2) '=—(=1)= =, Bl In( =) R E (- ,0) PO —
R B, 2~ ,0) B4,
J.%dx=ln(—x)+c.
e 450 J 2<0 I RARRK, T
j—i—dxtlﬂx |+C.

B3 BHZGET R (1,2), AR BE— AR RR RS TIX AL ER R F A5,
SR HR £ R,
B BRITRAERTERR y=f(x) B, R EE— 8 (x,y) RIS RIER N

dy_

e 2x,

Bl f() 2 22 B9— 1 JRRERL

B % fodx:x2+C,ﬁ&:Z\E%’|“"é"§k C f# f(x)=2"+C, BB H BN y=2"+C. &
FRR M@ 4 (1,2) , 3K

2=1+C, C(C=1.
FRIR AT B
y=x2+1.‘
B A ) OB A OB O £ ) RO B 5. A ’ ys4l
R B y =2+ B 5 (1,2) ROTR A B, AR »

BT T B 55— UM (BI0 y =2 ) B y 4 V“ﬂ
AT (B 4-1).

B4 TS AT o E 0 R R o S
Sz,
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BT FERIOHER5HR

ROPTEEEh AR, BRI S AR E O T A ¢ Y E B
R ARRERE, BURTRR T S8R S e S L BUE
AR, A8 1 5 T O 32 BV A A B A R R A
2% 1=0, 5 t=0 B A BTTEOLE KRBT N o, 2ERTZ] ¢ B AL 4
A x (B 4-2) x=x(2) EERH B
R YR LAE,

dx
— = B 4-2
3 o(t),

B SRR AE R 2] ¢ B 18] L3 B AY BE (W5R v (2) <0, R A BB H MRS T ).
A
d’s dv

_=%=a’(£) 3

di?  dt
B0 R S AERT 2 ¢ B ) _E 3B Sh AN B , ()= ~g, B

dv d*x
=8 B a7

SR (1)t =, B o(0) R BOIREEAK, B0
v(t)= f (-g)di=-gi+C,,

H—Jl U(O)zvu,%%‘vozcl ,:.FﬂEE
v(t)= —gt+v,.

Bk x(t}.EEdE;E=v(I) B x () B v(e) B R RS, &k

x(t)= jv(t)d:: f (-—gt+vo)dt=—%gt2+vor+cz,
B x(0)=2,,78 x=C,, FRERESMEH
x=—-;—gtz+wat+x0, te[0,T],

HHp T 275 s T L 9 B 221
MAERR A E S, BT A TR R

B [f(x)dn £ f(x) RIREH, BT

L[ f)ae] =10,

d”f(x)dx] =f(x)dx;

£}
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FoE TERS

XETF F(x) R F'(x) B REEL, By LA
jF'(x)dx:F(x)m,
aiclE
de(x)=F(x)+c. (153
B, BEE (LHES d #R) SRAERGERE (FHRRARSEE, L
2 [#7) REWMN. SIS [ 5 d EE—EH, MERY, REHNEE— R

— EFRoE

BESAFRMEE R ER MR, AR ATR B AR AT DU S8 AR AE R A FR
VAN

p+l

B, (| = STAT B 0 A, TR

ptl

x
By = -
J’x dx !L+1+C (,u,# 1).

AR B BHMARA AR FTERIIE—EERAHRSARTIR—1, X
MREBEUMEETLSE.

Jkdx=kx+C (k REX),

utl

@J JL"dx—

+C (u#=-1),
@f—=1n|x\+c,
x

5 =arctan z+C,

]

dx )
=arcsin x+C,
2
~%

A1
® J’ cos xdx =sin x+C,

@D J’ sin xdx =—cos x+C,

®f

- 2
= Jsec xdx=tan x+C,
cos’x

@f ,dj; = Jcsclxdx=~cot x+C,

s x

@ f sec xtan xdx=sec x+C,



T FERSHESSMHR

(i) j csc xcot xdx=—cse x+C,

@ fe’dx:e’+C,

x
a

@]a*dx: +C (a>0 H a1).
Ina

Ph b+ =ABARGRARRAER AR, BARGE, T HE2 LB AR &
BHR A XQBF ¥

d
55 k[
X
f2 fd_x— J”ﬁd . +c=-Lug
% x—_3+1 B dgt =
il 6 ﬁfxi/g?dx
5 “3“” 2 )
i fxza/;da: indx= z +C= —x7+C=—xfx +C.
5 7 7
Fhl
dx
Bl7 K |—
=
i 1
f# f dsx ﬁﬁdﬂ‘: = +C=—3x'?+c=—;+c.
e ) % » %

LE=AG1FRA, H MBI R R R R BASRIRAERR BRIE
T BISER e + TE S, K5 B AR BB R0 A X QRKA RS
= FERDHIER
R ERSBE X, TIARE EH W TR
MR REHS () K o (») HREHFE, N
[ [A(x) +g(x) Yax= [ fx) dat [g() d (1-3)
iE K(1-3)REWRR,E
[[f(z)dut [ g(x) ] '=Uf(x)dx] J+[fg(x)dx] =f(x) +g(x).

XRR, (1-3) REMWE f[(x) +g (=) BREE, X (1-3) XGmE PR RSES, EX
FEBRMERER, B TERS R A MERE L b —MER RS, Bk
(1-3) RAEHR f(2) +g(2) WA ERS.

PR 1 3¢ T4 FRA s AR R AL K.
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FOE FERD

Z{Bl AT LIEBA AR B TR A B9 5 M.
MR 2 REE () HEEEEFEE - AETEY, N

fkf(x)dx=k jf(x)dx.

F A TR >R AR E RS 00X PR, 7T RASK ) — 26 18 B BB A 8
B

B8 5 [Vx(-5)dx.
f# J‘«/a—?(xz‘-S)dx = j(x%—Sx%) dx= J’x%dx— fo%dx
= jx%dx*SJ x%dx=-§-x%-5 . %x%+c

= %xi/;— E:rc«/9:+C.

EE REROTERETER, AENERRR , BENSFERTETHEEL,
FEERT R B IEREY, B SRR NELH 8 WESRKE B T

2 yp= 10 " (2 2 103 5oL )
(Tx\/;—?x\/;+C) —[Tx?—-—?xz +C] =x7~5x2 =/x (x*-5),
B L6 R R TE . |

Bl 9 xjﬁgﬁm
4 J(x;zl)adx : jx?—-3x::-3x—1dx= J[x_3+_z__xi2]dx

= dex 3de+3j——fi§—x——3x+3ln|xf+——+C

x

Bl10 sk J (e =3cos ) dx.
7 J(e"—?acas x)dx= fe”dx-3j cos xdx=e"~3sin x+C.

#l11 3R f 2*e*dz.
@ EA
2%e*=(2e)”,
FrEAVTHE 2e BAE o, HFA AR A XD, FE

(2)° , ._ 2¢
In(2¢) = 1+In2

fZ’e“dx= f (2e)"dx= +C.



BT FTERSHMSSHR

12 5K [ tan’xds.
BB EARSRPEE BRGNS, M A= A E LSRR b AT 25 A
B4 R e BETRES
Jtanzxdx= f (sec’x—1)dx= j sec’xdx— Idx=tan z-x+C.

, 2 X
#Hi13 sk J’sm ?dx.
R EARSRPERAXFHERBARS, F LA —&, T M A=AELR
AT , 8K J5 BB TR A4

2% (e -1 P
fsm 2dx—f2(1 cos x)dx= 5 J’(l cos x)dx
sy dx— dx . o +C
=3 J % jcosx -2(2: sin x) +C.

1
B4 R [ — s
sin’—cos’—

2 2
% RLel—R, RAA=AESEER , R ERRS

J“W‘J—-“—dx = J - g sdx=4 j esc’xdx = =4cot x+C.
sin*—cos’— (sm xJ
bl 2

2% + 2"+ 3
WA

B BRRBNSFHSEHESTA BY S WMAMERE, TR ESR
RIrR PTG, R EBBETREST

4 2 4
fz":“—“+3idx-_-j(2x2-1+2 ]dx
x° +1 % + 1

2
=2x2dx~[1dx+4j R 8 2 i Bt 2 6
£+ 1 3

S8 4-1

LA AR SEHEEE T A% ;
1 = 1 _ '\/‘xz ‘—1
(l)f x2+1dx=ln(x+q/x +1) +C; (2)szmdx* -

+C;
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FOE FERD

(3) J’(z——l'ﬁ dx=arctan x+%1+6; (4) J—sec xdx = In|tan x + sec x |+ C;
% + x + X ;

s | TN
(5) |xcos xdx = xsin x + cos x + C; (6) |e" sin xdx =~{e (sinx — cos x) + C.

2. RFIIARERS

dx
1) [, (2) [ wfrar; QFf=
dx "
Aedr; 5 | —; (6 " du;
(4) [ #edx; ()[M ) [V
(7) jsxzdx; : (8) j(xz_3x+2)dx; (9) j% (g BEH);
&
(10) [ (7+1)%ds; AV [WED i (1) [
a3 | 2 | da (14)] e i Rl (15)] E |
(1 )j 'E+x H 1+x'l 1_x2 ’ Ju H
(16) fB"e“dx; (17) Ju—adx, (18) Jsec x(sec x—tan x)dx;
2 % dx cos 2x
(19) ICOS ?dx; (20) J’ 1+COS ZZ; (21) Icosx sm xdx;
(22)] oo b 7dx; (23) fcotzxdx; (24) jcos 6(tan G+sec §)d;
COS xsmx
(26) j3x +25:2

3. SR %&Bﬁ%ﬁﬂﬁﬁﬁﬁﬁﬁiﬁ%ﬁﬁ,%ﬁuﬁﬁ% Sn) ,ﬁqﬂ%iﬁkfﬂ EHE SR

f(=) B RBL UK B y =0 («) RABA TR, SRS T BRANELER, LB y=0 (<) B
BN TR . SR T FUAY 7 AR R B4R SR AR,

d :
(1) 4 =(=-2)%, y],.,=0;

dx 2 &
(2)-&—2'_1:_3! E ,;—j_l’xJ =

4 IRFRL20 nvs R BRI EARATRE, M BEATI T 50 m B4, RAEMEE. TS T
FIBBR:

2
(1) mﬁﬁm§=—k WRAMS | <20 B |, =0 o,

=0

(2) sk =0 /Y9 ¢ {ERARR B s {8 ;
(3) RfE s=50 & k 4.
S —HZEE A (,3) ,E.?E{fwf.‘%&t%ﬂ%%ﬂ%*f?ﬁﬁﬁ%ﬁ&ﬁ@ﬁ,Eftﬁﬂ’{%ﬂ’ﬂﬁﬁ-
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BZW BERDGE

6.~ ELRBILFRED, &1 s FREER 3¢ n/s, 6
(1) 3 s FYEETE A RNIEERZE D
(2) WiESE 360 m TELHE?

1

~f x—xz

7. iEBH arcsin(2x—-1) ,arccos( 1-2x) F 2arctan i—x—fﬁ% B SR R
—x

BT BTk

FIRRATS R SRS BRI BN AR ERA RIS RY. B, B 5E
P IR RS sRovk A4 HA EA  4 5 B TR R s A4, 1
P B A5 B O 2, B30 & BB AN B B i TOARAN o, T AR LT 2. BT B0
EABPR, FHEAE STk

# f(u) BAREH F(u) B

F'(w)=f(u), [Aw)du=F(u)+C.
MR u B R u=e(x), BR o(x) T8, IR 4 BIEE & BEMAE, A
dF [o(x) ]=fle(x) Jo'(x)dx,
TTARHETR SE A 9 52 S
[£To(2) )¢’ (x)dx=F [(x) ]+C=] [ f(u) du]
FRAETHERE.
FE1 8 w) BEREY, u=0(x) TS, WEHTAR

[flen )@/ () da=[[flwydu] . (2-1)

u=gp(x)

u=p(z)

B IEH AT I, B Jf[qo(x) lo'(x)dx R2—AEEMICS , BNBX LR, B8

FSAH dx G S » FOBA TR, MBS o' () de=du T (E
BRI S o, RATEE L W — E P E SRR T RERRS [ F (2) ds

A [ dF (x) SRR (x) do=dF (x) JEHARHR F'(x) dx i24F dF ().

g L AR (2-1) SRR E 7 T&%Ekfg(x)dx,ﬁﬂﬁﬁc@ﬁg(x)"ﬂuk%
g(x)=fle(x) o' (=) W, H4
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FHE FTERS

[e(xydn= [flo(x) 1o () de= [ [fu)du]

u=p(x)

R, BREE g () RORR G BEREAG 0 R BH /(w) BORR A3 SNSRBESR A8/ (u) B9 R R 4L, AR A 1
BRET g(x) KR BREL

fl1 ok fZCos 2xdx.

% BEREHF, cos 20 B—NH cos 2x=cos u,u=2x EATIHME & HE, ¥
BAFRIFEPEER v B8 B /8 u=2x, FF

JZcos 2xdx = fcos 2% « 2dx= Jcos 2%+ (2%)'dx= fcos udu=sin u+C,
B u=2x LA, BI75
f2cos 2xdx =sin 2x+C,

15 2 *J?, 2xdx.
B BBRES = u=3 e BT "= KR EF, BH TR
BA T RSO T
1 1 1 1

34252 312 "2 3+z (3+2),

M4 u=3+2x,[FF

3+2x 2 3+2 (3+27) ‘dsv f"" _d”'

=?1n|u|+6=71n¥3+2xl+().

—RB, SEFRE [fantb)dx (0720, BATHEAER u=an+d, IBEALY
(L i

ff(am)dx_f f(ax+b)d(axth)= — Uf(u)du]

© 4 u=ax+h

13 :Rj

2
%
dx.
(v+2)°
R S u=x+2, M x=u-2,dx=du, FE£

% (u—2)2
J'(x+2)3 f duvf(u -4u +4) ud
= j(u"] -4u? + 4 ) dy =In lu|+du™" ~2u7%+C

*1n|x+2l+i- 2
x+2 (x+2)




BT BRMDE

B4 K j Yne™ dx.

B ERERPN—AETFR e =" u=a’, M THET 22 BFRHELE u=
CHSE, TRE

]2xe”1dx = Jexzd(xz)= J‘e"du=e“+C=e”2+C.
55 3k J'x\/l—de

 Wu=1-x0 du=—2xdx,El]~~1~du=xdx,|?§lﬂ:l$,

i 1 7 3 2
J’x«/l-x dx —-J u? - (—-——J du= 3 u3 +C=~—-§—u1+C=~—%—-(1—x2):+C.
2

ENMT R EERE LG, A —EEHPEER u
1 6 ﬁj i (a0).

x 1
d — = —arctan — +C.

1 1 1 1 1 x
—dx =J_. - J
2.2 2 2 2

#® | 3

a a

£ Ll RS LB S TERRS u= T JEREFS— [ —du 25,

RETRERSEE «, ARBERICXELSTRE HEME.

BT R [ (a0)
a —x
S
dx 1 dx a Pooel X
fit Jm=J;'m=Im—M051n:+C.
a a
18 g%fxziazdx (a0).
B BT
1 1(1 1
Fa 53(;:3";5) ’
Fr LA
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1 1 1 1 1 1 1
sz—azdx _Zj [;_EJ dx_i;[fx—adx x+adx]

za[j—d(x a) —ad(x+a)]

=2—(1n|x-a| 1n|x+a[)+C—2—1n +C
dux
5l 9 *J’m
d(In x) d(1+2In x) _d

® fx(1+2lnx) 1+2ln » 2J Iing g 142l 5[4C.
1 10
B HFAE=o R,

2

[%@:2 [ afa= % | ey;dl(ia‘«/a_:)= %&ha
FEBE-ERSHGT, BN RER T 2E =8 R, R A A
W, FEERAR S =faE%R.
Bl 11 3R [ sin’xds.

it fsin3xdx = jsinzxsin xdx = —f (1-cos’x)d(cos x) = —cos x+%cos3x+C.
12 sk f sin’xcos’ xdx.
i f sin’xcos’xdx = f sin’xcos*xcos xdx= j sin’x ( l—siﬁzx) *d(sin )

= j (sin’*x~-2sin*x+sin®s) d(sin x)

1 . g 2,5+1_?+C
= —sin’x—— — 3
Seina 7%

3

_ﬂiﬂﬁ ’ Xﬂ—:f' Sin2k+1x cos"x ﬁ Sinnx COsﬂ‘ﬂx (ﬁ* k e N) ﬂ@ﬁﬂ{]ﬂﬁ g aé\ﬂmm
PR u=cos » B, u=sin x, RIBLHE. :

5l 13 ??ftan xdx.



BT BuRHE

i 1
7 Jtanxdx:JSIdex =—f d(cos %) = -In|cos x| +C.
cos x cos x

I ATR

Jcotxdx=1n|sinx]+c.

il 14 3R Jcoszxdx.

i jcostdx = J 1+CZS 2xdx= %(J dx+ J’cos 2xdx}

1 1 x sin 2%
_EJ’dx-FT[cos 22d(2x)= 7+ r +C.
F1s Jsinzxcos4xdx
o 1 i
S Js:n xcos xdx =§J’(1 —cos 2x) (1 + cos 2x)“ dx

1
= EJ (1+cos 2x—cos” 2x—cos’ 2x) dx

=1 - cos® Xl g
= Sj(cos2x cos 2x)dx+8j(l cos” 2x)dx

1 1 Led
= EjSinz 2x - —Z-d(sin 2x) +-é~j —2“"(1 - cos 4x) dx

1 1
= —sgin’2x+ s —sin 4x+C.

48 16 64
R, W T sin® rcos®s (,le N) BEE S ATA A= AIEER sin’ 2
L (1008 20) cos'= - (Lcon 22) ik cos 20 MO, INERFRG 15 BT Y7
EREBIMILR
B116 3K [ sec’xds.

i Jsecﬁxdx = J (sec’x) *sec’xdx= I (1+tan’x)*d(tan %)
2 4 om0l =
= J (1+2tan’x+tan‘x ) d(tan x) = tan x+?tan x+?tan x+C.
& 17 3k J tan’xsec’ xdx.

it J tan’xsec’ xdx
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e f tanxsec’xsec xtan xdx = f (sec’x—1)%sec’xd(sec x)

1 1
= f (sec’x—2sec’z+sec’s ) d(sec x)= 7se07x- —5~sec5x+ -3—sec3x+C.

—fEH, 3 F tan"xsec™x BY tan® ' xsec”x (n,k e N,) B @B AL, AR KRS
Hru=tan x5f u=sec x ,RELR,

& 18 Rk j csc xdx.

d d
" J.csc e I Si:x ) stin —J;;os ol

2 2

___J' =j =In |tan —|+C.
ta L 3 ta
n —cos — n —_——
2 2
H R
.k
sin— 2sin"—
2 2 l-cosx
tan — = = — = — =cse x—cot x,
2 x sin x sin x
cos —
2

Fr A J::'@Z:%fﬂﬁﬂﬂﬁﬂ—\‘ Hr
fcsc xdx=In| csc x-cot x |+C.

#) 19 R [ sec xdx.

B FELGIRER A
fo st = s+ 2) o +)
caR [x+ %J ~cot (x+%)

Hl20 sk f cos 3xcos 2xdx.

" ANAZAER RS AR,

=ln

+C=In|sec x+tan x |+C.

1
cos Acos B= -*2—[ cos(A-B) +cos(A+B) ]
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1
cos 3xcos 2x= ?( cos x+cos 5x)
Tz

1
fcos 3xcos 2xdx = s f (cos x+cos 5x) dx

=%[J cos xdx+%J'cos 5xd(5x)]

1
= —sin x+ Esin 5x+C.

2

EEETE H T, AT LU HATIAR B A (2-1) 7ER A 2 R4 B il 4 16
A REG RO RFENEMIYFF -, AXNQ-D) ERFEFLREFER
H B AR (2-1) RRAER D, — B0 H R I E & R HAH KT 1 IR o8 2
SHERBEE BAELPRRE—ENET, MEMME SR ETEA S s
o(x) WA —RARAE, BENEEBRITE, R TAS-SRBN G T, A EM
BEM%T A7 _
EREFIFBEER KRBT, BN u=e(x) WEEAER FTEIHHH—F
R B BRI x=y (1) , BIFFIBS 2T,

—. BIEmTiE
FENBNE - K BTERBLEERL u=0 (), BE [fle()] -
o' (x) dx NS [ Au)du.
FEGA FHE AT R B SR R 1=y (0) A [f(x) dx 1
B [Flg() 1y (1) dr BRF— MR EBRL:, STAR TR
[fyda= [ £Tw (o) g (.

RARMBTRBE - SAGH. Bk SXELNRERSBEHAE, B
FLu () 10" (DB REBGHR, [ FLu () 1y (2) de SRR LA =0 () W B 1=

OB E, T HRIEXEREGFENERA SN, KMNBEHEERR vy (1) 7t
BIFE—~ X 8] (5 X 8] 0 7 8 R A9 « ROFR4F KB AE XS B7 ) B 2B 7] R/, I3F
Hayp' (1) #0.
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A LR, BATI A T R H
EE2 Ba=y() RERANTREH, IR ¢ (1) #0. X [y (1) Jy' (1) BBE
HE L, MERTAR

[f& =]l ma] (2-2)

b=y ()
Hepy ' (x) B x=¢ (1) IR B
iE s fly(e) Jy' (o) BIRRECH @(0) I8 Py (2) ] =F(x) , FIE &R K&
REE IR BN, 53

do@ dt

Fiiz)= =« =L} J9'(2) « ——=F () 1=f(x),

Y’ (t)
BP F(x) 2 f(=) KRR BT LA

[#x) de=F(2) +C= 0y () 1+C= [ FLy(2) 1y () ]

1=y (x)
XERHER T AR (2-2).
T EZER AT AR (2-2) B

Bi21 sk j«/ahxz dx (a>0).

B RN MERETERRY " ARNTTUA A=A TRAR
sin’t+cos’t =1

FALERK.

W x=asin t,—%<z<-},mﬂx/a2—x2 =+/a’—a’sin’t = acos t,dx=acos tdt, T 2Bk
BT =R, RS bh
f«/az-xzdx= facos t * acos tdt=azf cos’tds.

FIFRF 14 Bg55E
t sin 2t &
j Va5t dx=q® [?_an'; J+C= %H%sin tcos t+C.
BT x=asin ¢, —~"21<:<§,E?u
t=arcsin i,
a
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2 2_ 2
cost=m=\/1_{ij :\/a G

a a
TRIKBDH
J’ N at=ut dx= %arcsin i+%x«/az—x2 +C.
i 22 jtf f"2 (a>0).
x +a

1 EY Y RET N B S By =< s /s
1+tan’t =sec’t

T =R

o T
& x=atan t | —<t<— I
% x=atan [ - 2),@]

Vxt+a® =./a*tan’t+a’ =a/tan’t+1 =asec t , dx= asec’tdt,

TE
dx asec’t
jm= j oy tdt: Jsec tds.
FIHAGI 19 FZE RS

d
J - =In|sec ¢t+tan ¢|+C.

«/xz'-l-a',2
% T B4 sec ¢ & tan ¢ Bl « HOBRHL, 7T LIARSE tan z=%{’ﬁ$ﬁﬁ,ﬁ£ﬁﬁ2(l§l4—3) :
i)

:ln(x+»\/xz+a,2 Y*+Gy

Hrh €, =C-In a.

5 23 j‘aj f" — (a>0).
-a

x
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&AL ERIBIZE, AT A AR
sec’t—1=tan’t
FAe AR BB R A E LR x>0 F x<—a BFAK B, BRATEFT X &P 4
BIRAETS

2 x>a B, % x=asec ¢ (0<t<—gj L

Va'=a® =./a’sec’t-a® =as/sec’t~1 =atan 1,
dx=asec itan tdt,
FE
J- dx _ Jasec ttan ¢
m atan ¢
N THE sec ¢ J% tan ¢ B/« BYBREL, BATHRYE sec 1=

dit = fsec tdt=In(sec t+tan t) +C.

gt
f{/ﬁﬁﬂjzﬁﬁz( E4-4) 185 t
2 2
tan = Y2 ¢ : B 4-4
a
B ik
f 2 _ 2
j ey {i+ * 2 J + € =In(x+/a’=a? ) +C,,
xz - az a a
He €, =C-ln a.

Ha<=a 0,4 x=-u, B4 voa. i FEER A

dx du
f e __J o ==In(utv/u’~a") +C

e [T 3
==In( —x++/x*~a> Y4C=In —-—x——fui—-yc

=In(~x-+/x’-a®) +C,
Hh €, =C-2In a.
B w>a B x<~a WG RESRE, TEHE

f\/;dx“z =1n[x+«fx2-a2 '+C.
x—a

198



BIW MTRNE

M EBHENBIFAILUE S R REREE Vo~ TUMER B rr=asin ¢ 1
ERA; MR PREREE Vo +a® , TUMERE r=atan ¢ LERK; WREBFBH S
/ot =a® AT DMERHR 2= xasec ¢ AL ER = (B B0 R e B8 4047 FR R 3 00 BLK 1S
i, EBUR AT gE R, A ERR T iR E A E (gl 5.5 7).

LR BRBAAV 2 W, A TAERR, BEAAZARSe v=atan t F x=
xasec t4h, 3 T H| B AR

ch? i-sh’t=1,
KA R#x=asht,x=zxacht RHAERR.
4w, ZE B 22 F ¥ Ex=ash ¢, M

Jxt+a® =+/a’sh’t+a® =ach t, dx=ach idt,

T=
jx/%= IZZ: :dt= jdt=t+C_—;mh_z.+C
=lnl:%+ {(%)2+1}+C=ln(x+\/m)+cl,
£% € =C-lna

A 23 8, Y x>a B, Tk x=acht (:>0),

Vxt-a? =,/a*ch’t-a* =ash t, dx=ash tds,

FEY x>a B,
I . J‘aSh Ldi= fdt=t+C=archi+C
Tt ash ¢ &
2
# & C,=C-Ina.

Y x<—a B, 4 x=-acht (:>0), X4T R

dx
=ln( —x=+/2"=a" ) +C,.
e
PRI AR P RA N BN RS AR, TR A E A X B
AR

@Jsh wdz=ch x+C,
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® j ch xdx=sh x+C.

FERNTED BT RANF— T RAE AR SR—EIRS, R TR TR EER
BRI EREF «.

«/azﬂxz
4
x

%) 24 jtf dx (a0).

B o= 0l dx=—d—f,?%

1
a’f?-1)7% |¢]de,

% x>0 6f, 8

2_.2 1 ) X
f"“j‘ dx =-2—2[(a2#—1)2d(a%2—1)
X a
3
(aztz—l)% (a*-x*)?

o 3a® 4 3a’x® e

?

5 x<0 B, BRI B R.
FEATT BB ?ﬁJLA%‘”ﬁ}%UFéé’%?%ﬁ@JE@ B EAEATT38 % o 4R A =

R Xk, ﬁﬁﬂﬁfﬂﬁ‘/z}ﬁ BR T EAHG RPN, BRINFEILA (b
a>0) .

@jtan xdx==In|cos x [+C,
@fcot xdx=In|sin x [+C,
@fsec xdx=In | sec x+tan x |+C,

@fcsc xdx=In | esc x—cot x|+C,

dx 1 x
f ; = —arctan —+C,
a a

a2+x
dx 1. |x—a
@fxz—az _Z_L;IH x+a +C’
d
@f\/% =arcsin %«%C,
3 =In{x+./x"+a* +C,-
J"\/ac +a* )
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@j\/x?—i—ﬁ =1n|x+«/x2—a2|+C,
i) 25 K
I m
j dx ’_‘J d =_J d(2x)
V&g () 2 S
FIRARS, FEH
j 4j = ——ln(2x+«/4x +9)+C.

w26 K|

14+x—%

v d [x_%]
Ve T

d 2x—-1
f i =arcsin 2 1+C.

o 1+x—2? ﬁ

B 22 R RATAASR x=atan ¢ EBPHEHFHRRV +d” X BT
HEPIRE B (2 +a”) B R HE T 4.

27 5k | e

MALA@, E75

(« —2x+2)d
B O ABRER_RERKAMFF B_REARXBAR(s-1)>+1,4

™ 'n
-l=tan ¢ | ——<t<— |, 0
x an [ 2<<ZJ,LJ

x*-2x+2=sec’t, dx=sec’td.

TR

X
SO
j(x2—2x+2)2 s

(tant +1)°
7 | S sec’tdt
sec t

= f (sin’tcos 't+3sin’t+3sin tcos t+cos” t)dt

= f(sinztcos'lt + 3cos ¢) sin tdt + f(Ssinzt + cos’t) dt
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. f[(l - cos’t)cos ™'t + 3cos t][ = d(cos t) ] + J(Z ~ cos 2t)dt

1
=- J(cos'lt + 2cos t)d(cos t) + 2t -~2-sin 2t

=~In cos t—cos’t+2t~sin icos t+C,

# tan t=x—1 {ERBI = AT (B 4-5) ,EH
P
1 _ w1 27 x-1
cos f=—————  sin = ————,
xt=2x+2 xt=2x+2 t
1
TR
2 & 4-5
|l
(" - 2x + 2)
1 %
= Eln(x?' - 2% +2) + 2arctan(x ~ 1) —*m*‘ C
> 4-2

L AETHERESEROBMELTAE LB RY, EFRNAL(Flndx= _41~d(4x+7)) :

(1) de=_d(ax) (a50); (2) dx=__ d(7x-3);

(3) xdx=__d(2*); (4) xde=__d(54%);

(5) xdx=__d(1-4%); (6) Fdx=__d(3x*~2);

(7) edz=__d(e*); (8) e Tdx=__d(1+e’ ),
.3 3 dx

(9) Sln;xdx=_d[cos?xj; (10) ?=_d(51n|x{);
dx

(1) 7=_d(3"51n|x|); o (12) W=_d(arctan 3x) 4

de ; xdx 7
(13) ﬁ._? =__ d(l-aresin x) ; (14) m = d( /14 ).

2. RKFFIARERS (ETF a,b,0,0 HHEL) .

(1) [etds; (2) [ (3-2¢)’ax;
dx

(3) [ = (@) [ 3/;%;

(5) j(sin ax-e* ) dx: (6) fﬁ—;@m;

(7 J‘xe-”zdx; (8) fxcos(xz}d.x;



(15) ftan'ox - sec’xdxs

(17) A
(arcsin x) %4/ 1-4"
(19) ftan T w2
(21)[ 1+ln x dx;
(23)f In tan x AER o
cos xsin x

(25) fcosz(w:+¢)d£;

(27) jcos 208 -g—dx;

(29) jtanaxsec xdx;

(31)j d;

/9=’

(33)f22 1’

(35)]

,_x..

) | ;‘___1

(39) j—"’i”gdx

(41)_f~“‘:7::::1

(48] jx 242043 &

g

(12) j cos™( wt+e) sin( wi+e)dt;
sin x+cos x
~3/sin X=C0S X

dx
Lo J'xln 2o In x°

(14) |

(20) arctan\f;dx.
Vx (1+x)

(22) J.smxcosx
(24) jcos’xdx;

(26) j sin 2xcos Jxdx;

(28) j sin Sxsin Txdx;

3
(32) ji:z«dx;

i
(34}J(x+1)(x“2);

2
(36) [—2Z (250,

dx
| Ze

(40) j T

(42)j =

41
)j( +1)

BRITRD &
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FHE FERD

B=T1 NERriE

B RAER & RECR SN A &R B, B2 T HoniR ok SERITH A
RETRAR MR BN, kRS — R B BEA T E— BB

BWEH u=u(x) K o=o(x) A ELRH, URTEHERRAGHAKXN

(w) =u'v+w’,

B, 18
w'=(uw) ' —u'v.

XA FE XA KA ERD, B

f uv' dx = up— f u'vdx. (3-1)

ARG-D AR IES AR RR [ w'de HEME, TR [ u'ode LA HH, 25
U AR R T
HEERL, GTEAR(3-1) BN FENHR
[ wdv=uo- [ va. | (3-2)
BB LI F R T E XA BB AR,
Bl sk j xcos xdx.
B xR RRITEMER B REER, IERA AR SRR T B2k

PR u F do TB? W% u=x,dv=cos x dx, M| du=dx,v=sin x, LA THSARL
(3-2),%%

chos xdx=xsin x~ j sin xdx,
m fvdu= f sin xdx ST, FFL

choa xdx =xsin x+cos x+C.

FEXAFRAET, MR u=cos x,dv=xdx, N

2
x

du=-sin xdx =—
u=-sin xdx, » 2

T

x x
xcos xdx= *2—005 x+ | —sin xdx.

2



F=ET SERSE

FRAARORS WERAERES R

HFT L, A0 2R w 0 do SRBUR X, SRR tH 451, B LA P 420 R4k B 4 243
Bl Fll dv B—RE SR u Ml dv —MELETERA

(1) » BE5 R,

(2) fvdu%thfudw@%fﬂ .

B2 3 [ze'dx
B iR u=x,dv=e'dx, U du=du,v=e". FL£
fxe*dx=xe*~ f edr=re" " +C=¢"(x-1) +C.
B RS ERRS AR (3-2) BB, 6 1.6 2 R RE T RR Y

jxcos xdx = fxd( sin x )= xsin x— j sin xdx =xsin x+cos x+C.
fxe"dx = fxd( e’ )=xe"~ J e'dx=xe"—e"+C=(x—-1)e"+C.

H3 sk sze"dx.
R R u=+’ dv=e"dx=d(e"), M

fxze’dx= fxzd(ex Y=xte - fe”d(x2)= x’e =2 Ixe”dx.
B [xe'dr W [ 2o d BB, EARRBRH « WIEWHH HIE WA T

— ¥R 2 T, Xt [ xe”dy EEA—R A TR ERATIUT. T2
sze”dx =xze”—2jxe”dx=x2e’—2 de(e’)
= x’e"-2(xe"—e") +C=e" (x> -2x+2) +C.

BE EEEAPIT AN, MRRHE SR RHAE (R) RERRE R

FIE R R A9TRAR , WU AT LIS S8 0 30 AR 0ok , SRR R BCH w X R — R S B4
HERURT LA RE R B R R PR (R — . X B R E R SR B %L

w4 K fxln xdx.

B tHu=Ilnx,dv=xdx,
2

2 2
fxln xdx = J‘lnx d[%]=%ln x—j%d(ln %)

2

% 1 % x
= jzln x—E fxdx»- ~2~ln x—z-i-C.
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Bls sk J arccos xdx.

fi# % u=arccos x,dv=dx, Jli

x

f arccos xdx =xarccos x— f xd( arccos x) = xarccos x+ f dx

1-o°

1
(1-2%)7
FENBRDHEERLERELUE , AL ES BB —H 08 1E u, W—E 41
dv. AEIEWARREANE R o(») dy (x) BB, @R Ao HE S A=

Fle =k f xarctan xdx,

~d( 1-x") = xarccos x—+/ 1-x" +C.

1
=xarccos x—— j

1
& J xarctan xdx = ) j arctan xd (x’ —arctan x-—— f 1+x
__x_ " * 1+x? "'1 x_ : 1
= 2&1’0 an x j 1+x a.l'C an x 1+x
2
X

1
= Earctan x~——2—(x-arctan x)+C= *";-(x2+1)arctan xm% x+C,

BE BT =A0F AT AKIE , iR R R RN R B S R R R =
A EREROTAR , BUAT LAS 18 R - R AR Ak , FF R0 B R AR = 1 R SR w.
LA AR BT R B 07 R B S Y,

&7 Eﬁje’sin xdx.
fi& je"sin xdx = J sin xd(e") = e*sin 5~ J' e’cos xdx,

FAARNRG SR LR R R — KB, 3 5 RSB — RS BRE
%18

. ; : .
je sin xdx =e"sin x— j cos xd(e*) = e*sin x—e*cos x— fa’sm xdx,

BT EABRGBEZTRRIORIGBY [ osin ads, EBHS S LR £, SR
BRERL 2,28

) 1
f e”sin xdx = ?e‘( sin x~cos x) +C.

B _EXG RO E T, B LAAFN 455 %5 C.
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B8 sk J sec’xdx,

fi# J’sec:‘x dx = fsec x d(tan %)
= sec xtan x- J’ sec ¥ tan’xdx
=sec xtan x— f sec x( sec’x~1)dx
=sec xtan x— f sec’ vdx+ f sec xdx

=sec xtan x+In | sec x+tan x |- fsecsxdx.

BF LREROBETREIRIOBRY [ secsds, MEBHGS bk, SLXAWE O
- TR e

fsec“xdxz %—( sec xtan x+In | sec x+tan x| ) +C.
RSB P EEERARITE 50805, ol 5, FTEEkRE—FF.
B9 K [Fd
B A=, M x=t, de=2edt. TR
[ Fax=2 [rean
FUFRF 2 858, 3 e=/a R EEFTRES

je‘f;dx=2 j:e‘cu:ze‘(n-l)+c=2eﬁ(ﬁ-1)+c.

2 4-3

RFFIARERS

1. jxsin xdx. 2 fln xdx. 3. farcsin xdx.
4, Jxe"‘dx. 5. J'len xdx. 6. J‘e”cos xdzx.
T J’ e ¥sin %dx. 8. J‘xcos -z—dx 9, sz arctan xdx.

10. jxtanzxdx.

13, f In*xdx.

11. Ixzcos xdx,

14, Ixsin xcos xdx.

12, J e dr.

2 2%
15.fxcos zdx.
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16. [aln(2-1)dx. 17. f(xl—l)sin 2xdx. 18. fl“ =
19. J’e]ﬁdx. 20. jcns In xdx. 21. f (arcsin z) *dx.
22. j s 25, f xlnxdx. 24. j e gy,

EU AR

HIEEENA TRAERSNANEL T E— TGRS BRS%E, THE
RIE AN AR BB RTAE BRI

—. BEESHRS

o< )
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22-1=3x1243x1+1.
X n LA BUAR D , 18

(n+1)°=1=23(1242% 4+ +n?) +3( 142+ -+n) +n,
1
BT 1+2+--'+n=—-2—n(n+1} HARALRK, B
7’ +3n2+3n=3( 12+22+--'+n2}+%n(n+])+n.

BHE, G

1
124224 4p? = < (1) (2n+1).
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[fa=tin == S e,
TN FAE— RS R E S n, A
b b-—a &
Jaf(x)dsz < f(xifl)'

B f(x)=y, (i=0,1,2,-,n), ERAITIE

fzf(x)dxﬁb;(yoﬂﬁ"'m-l)- (1-3)
SRR & =x, , MIATABAT A 2
[[ ) o= gy, (1-4
LLERE B EM AR TR, AL
(1-3) \(1-4) AR AR, A v

FEF LR JLAT B SR . 2R 406 T Y I LR
A MBI TR AR UE. Bk E RS MR R
Y8 b TR AR A S (DAt 5-3 BR.

REREMME R 7L, ¥ RS A B
4 25 ¥ ( LFR =& £ (Simpson) ¥ ) , i A 4
mr .

AHETE R K [ a,b]n B4 f(x)= v, 12 y=/(x) EROS (x,,7,) 0
M, (i=0,1,2,--,n).

b4 b 3 2

O] @xx Xp1b X

B 5-3

PRF BB DR R o=/ () RR/NIREE M, M, FRELRBM, M AR st R
R FHABERERHEERE (E 5-4(2)) , BRI E R LME S

: b-a(yo*+y 7 +n an-1+ynJ
dx = + + e+
Lﬂx} n [ 2 3 2

_b_a[% 3
n

i gy B +an-1}> (1=5)
B BTG AR (1-5) BB EAME R R A 2 (1-3) R (1-4) FRABFIASE BUE
B2

AL GBI G LR y =f(x) b RIS/ NILE M M, FO MM, &R, A
M, M M, S IR y=px+qutr (p#0) (0 (B 5-4(b)). BHSATE, LI
WA RN i I v, o0, ] SR O B AT E R

1 b-a
-‘;(3&4 4y, +y,,) * 2Ax= gn-(y;_l +y, 4y, )
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5-4
B n AE%, B2 ER o eELUE R

b b -
Lf(x)dx = 3na

[(J’o tdy, +y,) + (¥ YAy ty) Fo (Ve + Ay "'J’n)]

b -
= Ut H A b b ) 22 bt 4 y,0)) (106)

4

B2 BRTRAR(1-S) MR AR (1-6) LR [ ——ds 31
E(B n=10,7EEE S A/NEL).

B IE v IR
3 o | Yi
0 0.0 4,000 00
1 ' 0.1 3.960 40
2 0.2 3.846 15
3 0.3 3.669 72
4 0.4 3.448 28
5 0.5 3.200 00
6 0.6 2.941 18
7 0.7 2.684 56

0.8 | 2.439 02

9 0.9 2.209 94
10 - 1.0 2.000 00

ERREAR(1-5) REBEUE S
§,=3.139 93,
LA (1-6) KEBFLUE N
S,=3.141 59.
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AP A TR R TR (E N

L4
| ——=dv =7 =3.141 5926,
0l +x

A S, (A BT R TR BRI R 3= /NF 107
WHERMECEN T ERE , X EREEN R ETENN AL R, &8

STEELTRE ERBE N E, AECERE IR BE YA B F E R0 151
HE.

« ERSRIER

AT VEHE RN ERRL, 3 ERSEL T M S FEHE
(1) % b=q if, ff(x)dx=o;

(2) % a>b B, jjf(x)dx=-f:f(x)dx.

i ER AT, S AR L FRRAT , A B 4 i E R A AT B4 .
TEIHSERS MR FHISER PR L TR AN, IREERI 58 | BR
TRRA , HB R 4k R o T BB B R R e AR 40 R ] 4 T AR 6.
HHE1 Ba5pHhEs,n

f [of(x) +8g(x) Jdx=a Jif(x)dxi—ﬁ Jig(x)dx.
[ Lof(o)+B(x) Jdv =lim > [af(£) 488(2) )%,

“lina > (&) Ax+limB 3 g(£)a,

=q Jif(x)dx+ﬁ j: g(x)dx.
PR | S FAEEA FRA E S92 4 At BRST 9.
HR2 % a<e<h, N
b ¢ b
| flayda= [ fx)das [ fx)ae

i EES(0) ERE [a,b] EATER, BRI o, b] BREST , B4 FIAOHRBR
BRERASH. B M, AR, TS ¢ TR E 4, [e,b] FHBAHMLT
[a,c] BRI FIDOc,b] b R9BRSF, B R

[;] f&) Ax;= Euzd S(&) Ax,+ [czj]ﬂfimxi.
A A—0, b3 F AT EUR IR, B8

227



EEE ERS

[ seran= [ fayans [ )

B R I E AR X T AR K 18] B AT A
HERDHHFTHE , BATH A0 o,b,c BN ALEINE, BAHERX

Ef(x)dx= j:f(x)dx+ ij(x)dx
ARSI, 24 a<b<c BY, BT
[ feyan = [ feyane [ fiaan,
TR
j?umx=£ﬂwa~ﬂﬂww=ﬂﬂmm+ﬁﬂwm.
HHR3 MREXE[e,b] £Ef(x)=1,HA
J}dx=Jidx=bwm
XA TR IE BB A B T 5E R
R4 MRERXRE[a,b] Ef(x)=0,HBA
_Kﬂxﬁhzo (a<b).
iE BERf(x) =0,
FEYS0 N (i=E,2, o n).
ST Ax =0 (i=1,2,,n) , Hlk
> fE) x>0,

@ A=max{Ax,,Ax,, -, Az, | >0, FHREIFHARLER,
i1 WRAERME(a,b] Ef(x)<g(x),BB4 .

Kﬂw&sﬁﬂ@& (a<b).
E B g(x) A(x) 20, il 4
[ let) A2 Tas=o
BRI |, EEEEO RS,
ie2 | fwas|< [ 70 la (o).
B

- 1f(x) | <f(=) < |f(x) |,
BT 1 Rt 1 ATae
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[ A< [ 1) L
MRS "M EmSRRESf()EREe,b) LHBRERS/ME, N
m(b-—a)s_Jif(x)dst(b—-a) (a<b).
i FA m<sf(x) <M, LI BHEE 4 R3S 1,75
f mdz < f;f(x)dxs f' Mdx.

PO PERT 1 R 3, BpS T B IR A K i .
AEBTULA , B PR R B AR 2> (X [R] b A9 B Bede/MEL, 7T DAME R4 B Y

KBS, TR [, ' de, EHOBTRRH ()= AR 51| Lot

ﬂué’ﬂ,ﬂc%ﬁ%d\ﬁm{%] = Bokfl M= (1) "= L e TR 5,78

1 Y oy (1
Ex[l—;]éj%xdxs_l)([l 2],
By
%S_j;x4dx-.<_%.
BR6(TRARERE) MBER /() ERNEA[0,0] LES, BLE
[a,b] EE DI~ 5 £, EFRBL
[ fx)ax=fg) (b-a) (asesh).

EAARMMEG P EARD.
E B S PR S BRI b-a, 5

=M.
m< Lf(x)dx

S, BB [ () de e [, M) IRIBHAIKIA] L6 A0 A L0 (S

BETVEE )R, Ela, b LELFE R & ERER(#) ER ¢ £RIES
XA E RIEUEARSE , BINA

@ FTLUER £ e (a,b) , BIETE T 6.
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BHEE ERH

1 b
| S d=f(e) (asgs).

PISRAETE b-o, MBFTEIEN SR,
BB
[ fx)ax=fie) (b=a) (¢% a5 b2
T a<h 8 a>b ALRRILH. y
Yo 12 A S0 F 0 LT R 45 rse
lab] LELBEE—K EFER/RURE[ab]HE /Or—r—oa———o
Ll y =/ () M B M B EST
— BT £(£) H— NERETEE 5-5).
AR EART o
&)= o= [ fix)as -5
0 B A ZE KA, b] SO S, BUATHRER 5-5, f&) TR B o AL
TR XN B AT o (1) LRI 3, R IR T, 7, ] b 8RB0 B
[Foya, B,

e
o
8

Ty
W)= 5 [ w0, £elT,,T,]

ERIBEYETELT, , T, | BCBIAT A P AT 45 8 .

>R 5-1

L MRARRSESGHE R MR y=+"+ 1 FHES s=ax=b (b>a) K « H1F7 B B8 B K
g2
"2 MR E SGHE TS

(1) Exdx(a<b); (2) j;e’dx.

3. PRS0 JUA B SRR T 51 25,

(1)j;2xdx=1; _ : (2)J;mdx=%;

(3) j sin’ 2di= 0 (4) f___ el xdx=2fjcos ads,
4. MRS BT E X, K TFHIRRS

(1) foxdx (150) ; (2) fz [%ar 3] by



B—H ERIOFESHER

(3) f_lmcu; (4) f} V9 =2 dx.

5. 1% a<b, 7 o, BT AR, B [ (5 - ) de BUBEAL
6. EAERSH LA, BT DA T SR

. j:ln xdx + J-;e‘dx =e.

7 BAIn 2= [ e, RARHREAR(1-6) Rl In 2 BIEAE (R 1= 10,3 HATR 4
BLNEL).

8. [ Y =18, f0ds = 4,[ g(x)ds = 3%,

(1) [ fads (@) [fi)a;

) [ glx) s @ [ +T47(x) + 3g00) e

0. EHEFUHIHR

) [Wd =k fow kREB); ) [1-@=[s=b-a

10. i FHISRIHIE:

(l)fz(ﬂc2 + 1) dx; (2) J?(l+sin2x)dx;
(3) foarclan xdx; (4) Ioe‘z_’ dx.
F 2

. A 0,1 BRI | b > [ [f(n)ae]
12 8 f(x) R g(x) Bl a,b] L2 G

(1) #ELa,b) k, f(2) 20, Lf(x) %01 [ fx)x>0;
(2) FteLa,b) £, f(x) 20,8 [ f(x)de=0, WL a,b] 1 /(x) =05

(3) #tela,b) |, flx) <g(x) B [ fx)de= | g(x)do, el 0,8 1 (=) =g ().
13, RIBEEA R M RIS 12 BAOSE, S8 T I R Rl — R K

(1) J-;xzdxﬁ%f;x:‘dx? (2) J’? xzdxﬁ%f:xsrh?
(3) [Inxds E [ (1n )7 da? (4) [ wda R [ In(1 + ) 7

(5) J'; s R f;(l +x)dx?
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ERE ERS

BT WS EARAKX

FESE—T A — R E R W E SGHERS B Bl F Al F R A1E S, B
REHEARMENTELR ()= BEEEE CRTEENERS B AR ERA
S E R R PR MR e ity R B, HEMERE R T B, RATH A TR+ E
TERRITBIHT 7 8.

T EFEMSERR AR F R FRR AL R ik, RATH AR H 4B sh P B E
(LB BREY s (1) BB BB v (0) Z B BR RAEE— 22 OB AT

—. TEERENPUERYSEERY 2 ENKER

A —YRE—HR Lizah X R FBUE RS B W oK R, e i —
B Wi 2 SRR AL s (o), BRBESD o (1) (HTiT @RI, 1 L
ww(t) =0).

MEB—TTRNE - Yy PR e A 8] (BB [ 7, T, ] P9 05 A B2 T 1A S B o 0 (1) 7E
[T,,T,] EBIER

J:zv(t)dt

SRFR; A — T, KB EEAR X LUE I B RS s () R R T, , T, ) e
s( Tz) s T))
SREFR. LA L, (08 R8s (¢) SRS o () 2B M TLE.

j;zv(t)dnt:s(Tl) -s(T)). . (2-1)

BA s ()= o(e) , BIALE RS s (¢) BB RS (o) BB ES, FTRIE R R (2-1)
T, RERE () ERE [T, T,] ERERSET o(e) BB RS (¢) FE X [ T,
T, bW E

sCT) ~s(Ty).

LR BRI B B MR S R R E— A FAS T
WY ELE, HATRESE =B RIS, R RS () ZEX 6 [ a,b] bl A4, f()
EXF[a,b] ERERSRET f(2) WEEH (BN F(x) VEX[E [a,b] FHHE

F(b)-F(a).

= PSRN ESRESY
B SCx) T B[, b TR, 36 EL B W a,b) 1 H— & RATTIE A ) 2



FZV BRSELLR

WK [ a,x] FBIEFRA

J:f(x)dx.

B, BT f() e[ o, x ] EABIHTTR, E XA AR X B« RS R R4
B ERR, LR B R A SR BRI, BT, T R,
BRSBTS BIAE « 57, T T R B AT DU i

J: O

IR LR ZXE [o,b] EERZES, IFAHTFE—BUEN » [, ERSE—
SERIME, BTEAETE(a,b] L LT —A B8k, 1T ()

B(x)= J:f(t)dt (a<x<b).

AR () BA T HEER 1 i H I EEHE.
EE1 MREHSf(x)ERE[a,b] FESE, BLRS LRHHRE

®(x)= J:f(t)dt
ZEla ] LS, HEEHWSHE
QD'(x):&%JJf(t)dt:f(x) (asx<b). (2-2)

iE FHre(a,b), W« FEHE Ay, LAEIHE R B/, F8 x+Axv e (a,b) , T
D(x) (B 5-6,EF Ax>0) 7 x+Ax Lo R EE R
@ (x+Ax)= rwf(t)dz. y
IS R BRI
AP =P (x+Ax)-P(x)
- [T rwa- [ e

= [+ [ goa- [ foa

x+Ax
= j £(t)de.
BN A P EEHE, A SR,
AP=f(¢)Ax,
X & x5 atAx ZALIE ERFHREREL Ax, BREE RS AT BB E
AP
e =f(£).

B FRE f(x) 7, b] EELE, T Ax—0 B, £—x, B limf(£) = f(x). TR, %
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ERE ERS

Ax—0 XF 1 270 i B PR B, 7c S 9 48 PR A B i A 7E HL5F T () X B2 1, BB 4
o (x) MREAFTE JFH

D' (x)=f(x).
FEx=a, ] Ax>0, W FEETIE &, (a)=f(a); & x=b, B Ax<0, | [F 3 7] iE
D' (b)=£(b).
SEH 1 EER.

EANEBIEH T — 1T ERGIE BERE f(») BELR » WERIRERT, K
EREFA f(2) A5 BRI R KB S AT AN ERE | HER O (x) BIELE R
f(x) B— R R Bk, BATF | A F R R R TR

EE2 WMREYSf(«) EXE[a,b] LELS,ABATH

o(x)= [ A (2-3)

MR Sf(x)FEa,b] LHI—NREH

ENERMNEREE . —HEEE T LKA RRBRFEN, A —TTEH
FHdRR TR EFRERD SRR B E AR R. B, RATE0A 7T 888 1 R ok 4
FITEERD

=\ Fif -FHRRRAN

AERMNRBEEE 2 REA N EEEE— MRS EATHE, CAHTARSE
BotE R M AR

EEI(RRASELEE) NRBY F(2) RELES f(x) ERXE[e,b] LH—

MREM, B4 ;,
[ fx)dn=F(b)-F(a). (2-4)

i BB F (o) RESES S (x) 09— R, R 2 58, B4 b
B 1
@(x)= [ f1)d
R f(x) l9—RERB FRXFARERZE F(x) -0 (2) 7 0,b] L BERKE—
AEBC (BMEHE—F) B
F(x)-®(x)=C (a<x<b). (25
LR 220,18 F(a)-0(a)= C. X &(x) X (2-3) B EH R
HIAE() TR @(a)= 0, B, C=F(a). LU F(a)RA(2-5) b €, [ (o)
RA(2-5) Kbt (x) , 7T
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J:f(z)dz 4 F(x) - F(a).

7 E R4 v=b, BB BI BN AR (2-4).

b RS MO SEALSE (2) TT4D, (2-4) AT a>b B RIRERL L.

AT HERR, G F(b)-F(a)iBH[ F(x) )., FRQ2-4)KXXAE K

[ foda=tFa 1

AR (2-4) R BB Newton ) ~3675 JB 3% Leibniz) 2400, 45 1M AR 4 2 A A
R EAAARFE—HER T 2B SRR RR N ERRSR 2R 2 AR T
B —MEGEREER [ a,b] LRSS T EHE— R RS B a,b] £
HR KA R B T — N R E R B, KRB T 2RO E
51

FERATE LR AR (2-4) RHE R RS R AR T

Bl SHEE—TRREES |

B ET RN NRER AR R R AR,

! T Y L | 1
jdxH . 0. IO W .
0 31, 3

3 3 3
. A dx
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1
fi# E?arctanx%“xz%m/lﬂﬁ@ﬁ,ﬁu
A e =[ ]~f3__ ﬁ_ t -1 _i_(_lj—l
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-1
& e (| |]7 =l 1-In 2=<In 2.
x

@ 41§ ( Isaac Newton,1643—1727) EERFF PR, MRS NEEE SWMAMESEHRERAA
FrEet RAE 1687 4E i IRAYE 2 ( B AR 22 BOE R ) 4.

377 R 7% ( Gottfried Wilhelm Leibniz, 1646—1716) fEER%¥EHE MES MR - HEEE MRS EREZEH
iR B 5 BT A B 3R 1677 SER— B FER .
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RELE =#S

IO 3, AV A E AR (2-4) BB F(x) BAE f(2) ERHLK
[ a,b] R ES.

B4 HEERBME y=sin 2 E[0,m] L5 »
3 B A T T P (T 5-7) MRS,

RO E R R B — A L T
H

& 5-7

A= Jmsin xdzx.
0
H F—cos x & sin x f)— R REL, BT A
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5 KELL 36 km/h EEIRHLRTE, AIFAEEWEEE BREUSINEE
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TRIEX BRI, KR I B B
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BIZERM )T IRER BT 10 m A BEELE.

Bl6 UEBARRSPEREME . A R f(x) EHIX A [0,b] b %, MZEFF X (a,b)

fif(ﬂdx =f(€)(b-a) (a<t<b).

iE B f(x) B8, MEREREELE, B/HR F(x), BBTEa,b] L F (1) =
fx) BEFT-EHRHEAR, G '

[#0)ax = F(b) - F (o).
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BIREBF () X [ a,b] L RHAEEHEA KM, B P ETH,
EIFXE (a,b) NEDFE—K &,

F(b)~F(a)=F'(§)(ba), £e(a,b),
s
[ 7 an=f&)(b-a), ¢e(arb).

ABIR G R E—T5 TR 5 B EE B A BOHE. WA A9IE B R RS E 4 h
EEE SO T EEHENKER.

TEEZEJLAAR(2-2) #6)F.

Bl 7 B f(x)TE[0,+0 ) NIELEE f(x) >0.IE B F L
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FE(0, +oo ) PO BAAIE AN BR 2L
E mAK(2-2),1%

d x
S [gwa=o, =[fna=f=.

O VO OO O KEEDYOL
T el e
BB, 2 0<t<x B £(1) >0, (x=1)f(4) >0, B 6 B R {HZ AT 41
f;f(t)dt >0, J:(x -t)f(¢)de > 0,
BRELF' (2)>0 (x50) , T F(#)7E(0, 40 ) PU Ky TR L
e B

@I} 8 ili—r}& cos x - :

x

fi# /E’%ﬂii:%—/l\%ﬂ BIARES, BRI Rk B SR E. 0 F AT B AL

[t
ERL cos x A FREFRG AER x BB AT E MR L u=cos x AFEEENE SR
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d 1 5 d COS %
Sl [T e [ - (con)
- . (—sin x) = sin xe ™.
o R
-l f e dt 5
5-1 11m cos % o lim 31n xe 0 __1_
10 x2 30 2% 2e
> 5-2

L iR R y= f;sin tdt Hx=0 F x= %H{fﬂ@?pﬁ,

2. Rer SR o= [ sinudu,y = [ con udu BATERTHCST » B S
¥ % dy

3. 3Rk J'De dz + Iucos de = 0 FFHf e By B AT « ﬁggﬁﬁgxﬂ‘

4, % TR, B I(x) = j' v~ dt AR 7
5. HETHI% 5%,

d ' d @ &
(1) f«/1+rdc (Z)E‘EZ }+t4_;

(3) %—J’:::cos(ﬂtl}dt.
6 B f(x)= [ VIt e[ -1, ) ERBRHIMELE, IR (0).

7. B flx)= fo[jh +.ﬁdu] dx,s}tf”[%} .

8. W fx) B =YL S8, v=1(2) HE R E
5~8FTR. 8] F I 4 B9 s — A FRAME o 2 9
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(1) fﬂ | sin x |dx;

10. ¥ ke N, .IE FFI&.: -

(1) Jﬂ cos kxdx=0;

(3) Jﬂr cos kadx=1r;

11. % k,leN, ,H k=LiEH .

(1) J’1r cos kusin lxdx=0;

(3) j sive s Sk =0
12 RFFUEE:

rcos 2 dt
% 0
g S

13, &%

FZW RRSEFLR

()J-J'a

a’ 45

0 3t + 347 + 1
(Y, =gy
(10) J.Ttanzﬂdﬂ;

(12) [ () do Bt f() = { 1

(2) f’ st B

(4) J.1r sin‘kxdx =,

(2) j“ cos kxcos lxdx=0;

. £, xel[0,1),
x, =xell1,2].

R P(x)= J:f(t)dt 7E[0,2] ERyFRIE, it (=) 7E(0,2) PRI ESE.

14. &

1

—-"sm x, O0<sx<m,
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sk @(x)= f;fmdaz:s(— o, + o) FEEETR,
15. % f(x) 2 a,b] E 4, 75 (a,b) WATSE £ (x) <O,
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16. LA L PR R
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2
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BFEE ERS

FHTFET (Fresnel) B3 3 P HE R
(1) HE9 - () KA B
(2) 5K 5(x) WBAMEE.
7. B f(x) FELO, +o0 ) PIFELE, B lim f(x) = LUEWS 4K

5 = e"‘JJe‘f(z)dt
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—. ERDRETIE

T BB T B R R, S T A

R RES () ERE0,b] LES, T x=o () HREH:

(1) p(a)=a,p(B)=b;

(2) o)) (H[f,a]) LAHERSH, BRER R, =[a,6]0,
nE

[fna=[slewle (3-1)

AR(3-1) MEERAHITAR

i ERAT LA, b EIR R R R, B R (L R P i
BUY e, L RO EER 2 S0, AR 0 JR A B 7 BT U, (3-1) 58
PR SE ARSI A P2 - B B/ B F () 22 () B— B,

| [ #)de = Fb) - F(a).

FA—HERO()=Fle(t) ], ERE F(2) 5 x=0(:) B ATHRMNEL 2L
BRFCR LN, 15

O Ho()WEBRREH[a,b] 8 o(e) HEEREMN, HE f(x) % R, ¥4, 2 B SR sr.
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R B(1) £/ [0(1) 10! (1) f—MREA. Bt
[Fle® e ()t = 0(p) - B(a).

Xt @(6)=FLp(1) 1% g(a)=a,0(8)= b TT40
3(8) -0 ()= Flo(B)]1-FL¢(a) ] =F(3)-F(a).
LA
[ A0 dx =F(b)-F ()= 0(8)-B(e)= [ FT () Tp' () ek
EAEI THIAR,

BR[| flx)dn 180 doe, AR ERUMEE R4 9 — 45 e
AN AT, BT U MANE SR BB, BT
AR, R [ fx)dr 05 BB p (1) TR dr BRI o' (1), IEAFRE v (1)
B

RASSTAR AT ERER: (1) i 2=p() BERER « REAHER
i BUHRE SRR AR « WA (2) ik £ [ 0(1) 1! (1) B— MR
()], P AR RS TRBEIL 0(0) BRMFRER » EH, THER
FE ¢ 80 E FRABILA O(1) ARSI T

Bl HE [V (a50),

f & x=asin t, ] dx=acos tdt,

W x=08),Bt=0; Y4x=aff, B ;:%_

. il 1 T
J Va' -2’ dx = azj.lcoslndt =a—f2(1 + cos 2t)dt
0 0

0 2

a’ I £ _ wa®
= ?[H?sm 2.!] . =1
BT A WA R ER A A ERL, BT AR P E A FmT AV E,

FIETHE ¢ BEH «, T« BUEN ¢, 18
[Fle()lo"(xds = ["fnyar
SR BT 1= () K3 ABTER 1, a=p(a) B0 (b).
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B2 HE f?cossxsin xdz.
0
R P t=cos x, M| dt=-sin xdx, B
Wor=0 B, i=1; m:%m,z:o_
T _
3 5 : a1
J: cos’xsin xdx =~ Jltsdt = Jotsdt = [*g] i =—

TEG) 2 1, MRBEIIFARHE LR ¢« WAERIH L. TRAAEZEE. 3
FERAXMICEE R ITESRNT .

J: cos’zsin xdx =— :cossxd(cos %) = —[COZ x] : =—[0—"é-*) R

B3 HE f:«/sinsx - sin’x dx.

3

@ B F sin’x—sin’x = +/sin’x(1-sin’x) = sin? x - |cos x|, 7E [0 —-']

| cos x| =cos x;?"i[—g*,'ﬁ] F, lcos x| =—cos x, fF LA

e
j Jsin’x - sin’xdx = J smzxcos xdx + f sin?x( — cos x)dx

2

T .3 T 3
=f sinZxd(sin x) — j“sinzxd(sin %)
0 ;

R WRZEE cos x I [ l;',ﬂ] EIEIE, MifE/sin’x—sin’x = sin%xcos x HE ¥
FEEER.

.4 ﬂ'ﬁf x+2

° 2x+1

R R 2x+1 =, xz%,dxndt,ﬂ
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Aol ) (b)) -2
BlS GERH. .

(1) # f(x) Tl -a,0] LG E B ES, 1Y
[ ferde = 2[ ) ans

(2) % f(x) #e] -a,0] LG B Yy, 1)

J‘:f(x)dx =0,

E B
[ foa=[ forae+ [foax,
MBS [ fx)dn A 2= -1, 078

[ fnd== -0t = [~ 0ae= [ 1 myas,
FE
[ fmran=[f-md s [fm)an = [1#0) £~ ) Jam
(1) 3 £(x) R BT, D
) 4f(=x)=2f(x),
M
fiﬂf(x)dx : 2f:f(x)dx.
(2) # flx) A AL,
f(x)+f('—x)=01
Wi
fiﬂf(x)dx = 0.
FURGL S W%, % TR BB AL A BN A T IR B L 0524
BI6 /(=) E[0,1] L% R

(1) fff(sm x)dx =jff(cosx)dx;

(2) j:xf(sin x)dx =g~ﬂf( sin x)dx, HIHE
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r xsin %

2 L &
0 I+cos“x

E (1) iﬁx=%—t,l)'llj dx=—dt, B

W= HT_T,:=%; s x=~g*-57j‘,t=0.

T 1’ ,,
J’ff(sin %)dx =- Jif [sin[%- t)] dt = L]Tf(cos t)dt = J:f(cos %) dx.

(2) Ba=am—t, M dx=-d¢, B
=0/}, t=m; Hx=wAif,i=0.
F2

j:xf(sinx)dx =- f(ﬁ - t)f [sin(mw - ¢) 1dt = j:(w ~ t)f(sin ¢)de

= j:f(sin Slp f:af(sin £) de =1rJ:f(sin a2 e J:xf(sin )il

Bk
rxf( sin x)dx ="1I~J"f( sin x) dx.
0 2J)o
FIR L4, BhE
T xsin x T sin (™ d{cos x)
de =—| ————dx =-—
jol + cos’% 2J0 1 + cos’x 2J01+coszx

T s mf_m_m)_7
= Z[arctan(cosx)]o 2[ J i
Bl 7 W f(x) BESER R RS, BN T,iE8
(1) [y dn = [ fix)as;
@) [ 1) =n[ fx)dx (n € N) B

j:"m Foin Tedx

E (1) E0(e)= [ flx)dn, B

@)= [ ds - [fx)ax] =fa + 1) - f(a) =0,
£19(a) 5 o B, Bl (a)= B(0) , ]

j:wf(x)dx = f:f(x)dx.
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a+nT a+kT+T

(2) [ flayds = ZJ fx)dn, e (1) 50

[ = [ fayas,
S
f:wf(x)dx . nj:f(x)dx.
B FV1 +sin 22 2w AR RAL &L, FH LRSS B
jﬂ J1 + sin 2z dx =njomdx =nj0 |sin # + cos x|dx

=ﬁnﬂ

5m

sin (z +%) ‘dx ='\/§nJ: | sin ¢ |de
e

=ﬁnJ:|sint|dt_=ﬁnKsin tdt = 242n.

2

1| 8 _d
£l ﬁ:%:j(zds Ty
2
i E]xz—3x+3=[x —%J +%,é‘x—%=§tanu[|u!<—} T
3 2.9 J3
g 2 | Ziap? A =Y
(x° = 3x + 3) [453(: u] 16secu dx 5 sec *udu.
§x=OEﬂL,u=—%; x=3ﬁ‘?j‘,u=%.
F&
3 % TR, g 38 9] 16 3
= =2 =i d
Io(x2—3x+3)2dx J_%[4tanu+?anu+4 9 2cos udu
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3J37 o \ 4 4
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ﬁ 0 ﬁ 0
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3 o 3/3
B9 PLEREK
1
- 0
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xe™ x=0,
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W8 [ - 2)de

B Wa-2=¢,M de=dt, H
Ma=10f,e=-1; Yx=408,=2

Fr
4 2 0 2
2
Lf(x - 2)ds —j_lf(x)dt _j_l Pt Jnte dt
=t i ’ e ....:!.'... "‘2}2——t -l__l '4+...1_
*[aHZ]_l [28 s TRt Ty

= ERSNSERSE
RIER RGBS ERARN M, u(x) ,v(2) 7 a,b]) L EA HE S8, N
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TEielE

b

Luv'dx =[uw]® - jiﬂu'dx,
Jiudv =[w]! - Ibwdu.

A3R(3-2) MEBRAM AT, /A 2o S B 22 O34 T L
FAE FIRAA

1
F110 HE jz aresin xdx.
0

L 1 1

1 L
fig j arcsin xdx = [ xaresin x]* - fz -
0

0 0 V1 =4
1
-%+ [m]: allylos

1
2
Bl g | s,

B ERBOTHE. SV =0, W 2=, dx=2¢ds, B
BHa=08,t=0; Hx=1fr=1.
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FE2
f:eﬁdx = 2f;te'd: = 2[;td(e‘) - 2( [2e']} - j;e‘dt)

=2(e=[e']s)=2[e~(e-1)]=2
B12 SERERA AR (MM RNESRAR 147)

I = 2sm xdx[ Iﬂfcos"xde
0

-1 n-3 3 1 =
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A2 22 kT eEER
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n
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2
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0

Ll

™
- - 7 2 . -
=[ - cos xsin" 'x]* + (n - l)j sin" *xcos’xdx.
0 0

BB —METEBE TR cos’s BR 1-sin’y, LRS- RF A, B
I =(n-1) j?sin”"zxdx -{n~ I)J’?sin"xdx =(n=1)I_,~(n=1)I ,

H AR

=1
L="""g

XASFAMERRSY 1R T TARRBIE A
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-4
A s
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n n_2 n

R AR EETT T &, H2 LK TAmERE 0 5 1 Ak F&,

L omel 2me3 05 3 1
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e i e =12 =
IZm-i-l 2m+1 2m'"1 7 :5 3 1 (m Lt ):
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5 T 7
1,= jodx =?, Il=f031nxdx-1
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pomcl 2m3 5 31
™7 om 2m=2 6 4 2
[ o 2m 2m=2 6 4 2
2m+1—2m+1 zm__l 7 5 3

m

2 Ed

(m=1,2,-).

EFRAD [ cos'sds 55" sin'vde 4B, BT 6(1) ENFTRIE TEEE.

>R 5-3

L HETFIERL:
(1) J’;sin(x +;r] dx;

(4) j:(l - sin’@) do;

dx
(2) j-z(11+5x)3;

(5) f;coszudu;
6

[ B2 ® [, e,

(o) [* ﬁ; ol s
“”Lﬁ (14) juﬁ = (03
ae) [ :/T‘ix—ﬁ; an [ IS,

(19) j_ x*sin xdx; (20) jT"4CUS49d9;
™ i3

xsmx

(22) J’ A2l

(23) F“cos xcos 2xdx;
7

(25) J: /1 + cos 2xdx; (26) fﬂ [sin (x + 1) |dw.

Jif(x)dx 4 Kf(a ¢ i

1

3@*)§J = |*

1+ 11+

4. iF8H :. Lx’"(l - x)"dx = J;x"(l -x)"dx (m,n e N).

5. B f(x)7E(0,1] B ,neZ JEH.

(3) stin pcos’pdy;
(e}j V2 = &% dx;

(9) Ex2\/a2 -5 dx (a>0);

(12) j11+J_

(15)jte 4 de;

2 xdx
(18) J’n (xz - 2x +2)2;

3 (arcsin x)*

1=
(24) J'fl A/ cos x — cos’xdx;
2
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'Ef:f( 15in x|)dx = fzwf( | cos x|)dx = J?f(sin %) dx.
6. % /(1) RIS EEH TS [ ()& RBEEGE A1) RERKIERK, iEW j’ f(1)ydr B3
Epe

7. Bmg () RIS y=xe” R EBL K [ o(r)dy
8. HETILERS

(1) f;xe“‘dx; (2) j:xlnxdx;
(3) [* tsin wrde (0 O ) [ i
4 sin x
7(5) llj_jxdx; (6) f;xarctanxdx;
@) f?ez’cc-s xda 5 (8) fleogzxdx;
(9) K(xsinx)zdx; (10) fsin(ln £y
(11) fl|1nx|dx; (12) j;u -)3dx (m e N,); |

(13) J .= rxsin"‘xdx (m e N,).
0

T R E RS

FE—ELPRRE T, ¥ B2 X6 Jus5 X 6], 25 AR m HCh TR w3
o, ENELANETRIHATRAERLS T. Bk, BOIXT @ RSB FRAHE, A
T R B AR B

—. ESRURERS
B S() BRI, +e0 ) LR (R 50, AR [ f(x) de, RARIR,

lim [ f(x)ds, (4-1)

AR ERERSMER (4= F0 B ) R R [0, o0 ) ERIR ARG,
2 [ fx)dn B
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[ ferdn = tim [ fx)as, (4-17)

IRIESSE (4-1) WEERRTHAE, TSI AR KBRS | fx) do IS RIHSE X

WmF:
BN (1) BEHSf(x) ERE[a,+0 ) FELE, MRMWIR(4-1) FE, MARK

B [ ) de MR, SRRBARIR N X R BRSO BRI (4-1) FHeE, M4
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A1, REAS () IR (~o0 ,b] B8R, FERR 1<, 5558
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B F(x) B f(2) 2, +o0 ) ERO— RIS 2 lim F(x) 7045, MR R
[ Aw)de = limFx) - Fa),
# i F () R MR AR [ fx) e B
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[ Hoan = (R 127
2 F (oo ) TAAERE AR | ) e R
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[ dx, BoRigR
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AT IR SRS SRR RO =% (4-4) B0 B f(x) E K] (a, b ] MO
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i (2) ds (4-5)
HON BRI ) R 0 ,) LM EB THREH [ f(x)ds, B
jif(x)dx =£1_1§1ff(x)dx (4-5")

TEA
(2) WEBSf(2)EX B [a,b) LELE, A b H () HBRA, MEER(4-5) HIE,

BLHRRERS Lf(x)dx s, FFFRIEAR IR 1% B R 00 1E; BRI (4-5) Tz
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BS TRENRS | 5 rlst

B BRRER (%)= —“iﬁ IHXE[-1,1] F =0
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517 'Rﬁ%f”’ﬁ’f ﬁ":
x(x +

i XE RO ERRre , BTR x=0 AR ERARA.
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"HEAT RERIMWESGE &

FLE TR WS, AT RSB A SR 45 AR bR B ) TR BB B, SR 5 e B PR , AR AR PR
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i a<t<to , B 0<A(x) <g(x) B jmg(x)dx sl 15

Jif(x)dx < j;g(x)dx < J+mg(x)dx.
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R B TERMER AR AT LIE R i M R
b

y=—+a —x
a

B o it B L ) BRI FEE 0% R BE RS — JEI T B AT SLAAR,
Bx HRNEE, EHECKEN -0, 0] JRFEMHREFHEE T -a,qe] BE—/N

B8] v, ) O B AT R 20—/ Y e B B AR

(& 6-10) , BARTTER ‘ 5]
dv= %ﬁi(a%xz)dx. ~ b
FRFR AR MR RS o
v=[ w:—z@%xz)dx:?’:—fz ju (') & L
=2m ;[alri] := f3—‘—mbz. =i

X a=b B, IEAWIRER BN LB o Eﬁﬂ?:?w’kﬁygéma'

FIS LERUIBIT R LS MR v=0(y) , B y=c,y=d (c<d) 5 y BT
FELARRA B TE , 58 v S — P T AR A BERS (1B 6-11) YRR Y

V=1Tjj [e(y) 17dy,

B8 HEHEL x=a(t-sint),y=a(1-cos DN TFO<i<2m f—H 5 HL
y=0 B B BB B T 43 B 5% .y Sl R 0% T A 90 R ok o .
e BIERRERTRAR, BF R ETHLE » MRS T R B Mt (A TR 3

2ma 2w
V.= jo wyz(x)dxz“rrfo a*(1-cos £)* + a(1-cos 1) ds
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27
= 'msz’ (1-3cos t+3cos’t—cos’t) dt=5n'd’.
0

BTk B T2 52 y ‘Bl e % T B e % R ) VR AU T B B R T R J% OABC 5 OBC ([
6-12) 5358 y HTREHE T AL A HE s PR B PR AR 2 25 BB B BTsR  fk AR

a 2a
Vﬁfﬂ w(y)dy- [ mal(y)dy
_ J"'r 2 Con2 - & - ;
=m | a(i-sint)” - asin tdt—TrJ’ a“(t-sint)* + asin tdz
27 ]

o
=—ﬂaaj (t-sin ¢)’sin tdt=6ma’.
0

2a L B
=x1(y) x=x(y)
A
Q na 2ma x
6-12

2. HITEEER SR AR

DB e S A A AR B A P T LA 1Y« SR — A ST AR S e, 18 0 038 3 @
T EBETF-EROSMRENER, L, XA TEGERGT U AETSE OB
. 62

N 6-13 FiR, BB RN B, H WKL Kr=a,x=b BEET « 8

BRI FEZIEL L A(x) RFEE « BEET « BOBREER BE A(x) HERW
BOTESE AL AT, B x WL, BB K R [0, b] SLAFMN T [ a,b] HE
— /N (2, v+ de ] B9 — T MO EAR, SE LT IR EALH A(v) (B H do B RAE AR AO B
BRI

dV=A4(%)dx.
LLA(x)dx FotFRRER , EHA X E] [ a,b] EVEETRS, (B8 BRI R
V= f A(x)dx.

B9 —FHEELFENROEEENREFL,FESREZEA o (B
6~14) T E Y E AR AL VR BT S SL AR B AR AR,
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R BGXTESEEENRENESR « , RE RO HEET « S
HEH y W04, R HFRR O+ =Rt » W EB S« BRET « WHE

A = . BRI A B AR 5 B ytan o, BV B/ R tan o
TIRER A (x) = %(R2~x2)tan o, FRETR T HAEY

% NG g Koo 2
V=J (R*—x")tan adx= j (R*—x")tan adx
-r 2 0

=tan a[sz* Lf] := g-Ratan a.
Bil10 SKLIERR R MENIE CFTEETREERNELEAT . EN L MIEE
FEAREIARTA
& BURE T A «0y T, B.L 0 AR
R FFE xS E B SR TUFAT (B 6-15). KRR A
Bty =Rt « WM A (-R<s<R)EEHT
AP H, BEFEEBSSE=AL. XBEMNE
BA

A(x)=hy=hy/R*-%*,
TRIGRIEB SRR

R R R
V=jRA(x)dx:hf «/Rz—xzdx=2hj R~ dx
& -R 0

_ 2 12"- Ly _’lTth
=2R hfo sin“8d@= 5

FEIH P 560 LE B30 A A R 60 T 1 1 5 0 TR A A — 2k
=. FHEERZREMS

T 1nIE I 9 R T LA P I 40 P 2 25 S 7 10 46 2450 TR PR 2 i B0 R
T 5. T PSRN 7 5 S 2 7 F T 1) e 5 R 0 H BOME 8, A TT I P 40 e 3
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Fl.

Moo M, M, =B FFRUCERR O A8 — T
(Bl6-16). ¥4 A B CREMA S NE &

M M ERE I — R R R Y (M| |

B BRAEAE , AR A BRULH B Sty R MAB A, 360 | 470
It B AMAB & AR .

SR R LI (BB 165 T EMME) A
T

EE KB EMETRKH.

X ANREERA TR ANIERA. 1 68 i R IIR AT SR A€ # , 0 7T B A = A4 R
K T EBAFAERS M TR SRS P EEE &I A H E AR |

I BT

& 6-16

x=¢(t),
(ast=p)
{y=¢(t) A

U EF o), 0 (1) E a,8] FEBEELESHE, H o' (1) ¢ (¢) FRK HZE Bk
HEX LI,
BEH t hERSTE, CHAKRE N «,B). M F[a,8] EE—/NKE
(o, e+de] BO/NMER IO BE As IEBIEETX R B Z Y (Ax) *+(Ay)* B H
Ax=@(t+dt) —@(t) =dx=¢'(t)dz,
Ay=y(t+de) = (2) =dy=¢'(2)dz,
FrLL, As B RUME G4 BIK TR N
ds =+/(dx)2+(dy) % =+/0"2(2) (de) >+ (1) (di)* =/@"2(2) +y'*(1) du.
FRITRIME R

5= fﬁ«/;o”(z)w'z(z) dz.

LI EALR TR
y=f(x) (asa<b)
B EA A(x)FE[a,b] FEA—HiESSH XN MENESHGE
e a<x<b),
{y=f(x) ( _
M TSR B3
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b
§= j v 14y dx.

LRI R AR T AR
p=p(6) (as6sp)

G HEPp(6) 7 a,p] EEFESFH, N b EALIRSHAFRHXRAE
x=%(8)=p(6)cos 9,
{y=y(9)=p(9)sin 6 .

LR LR A 0 AS BRI SE IR TE, MKITERN
ds=+/%"(8) +y™(8) d6=v/p*(0) +p"(6) do,

M FTR I K

(a<6<p),

5= fﬂ«/pl( 6)+p'*(8) do.
BIUL AR y= oot AT o< 9—BAL(H 6-17) MK IE

B OEy = WK TR

ds=nfo ity * dir= /1 00 i
B I, BraR IR

5= jiJlTx‘dx: [%‘(14-;\:)%] b:%[ (1+b)T~(1+a) 3 ].

7
3
y=%x2
y x=a(6—sin )
{ y=a(l—cos 6)
2a
o a b x 0 Ina  x
& 6-17 B 6-18

Bl12 AL (F 6-18)
x=a(f-sin @),
{y=a(l—cos 8)
H—Ht(0<o<2m) B
B K TEN

ds =+/a?(1-cos 8)*+a’sin® 9d@
=a+/2(1-cos ) df=2asin %dﬁ.
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M, BRI

i 2 2ra
§= jz 2asin -g;d(‘): Za[ ~2cos —g—] i =8a. 0 T A

BI13 SRETEKFERL p=ab (a>0) HETF p=ab
O<o<2m—Er( 6-19) Bl

B OMKTEY B

ds=v/a*0*+a> df=a/1+6° dé,
TR A &
$=1i f:ﬂ«mez dg= %[zm/nw +In (2m+y/ 14477 ) ], ﬁ@%_iifﬂ-
> 6-2

L 3R 6-20 & B ER R L.

y ¥
y=Jx
y=x
0 x o] x
(1) 2)
A yA
gy y=2x+3
5] x
\
o x
(3) @
6-20

2. KT 514 261 ol £ I R A ) P T RO TR«

(1) y= 25 4yt =8 (FROAEVEH)
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(2) y= L 5HB y=r R x=2;

(3) y=¢",y=e" 5 HZ& x=1;
(4) y=ln 2,y 5 EHZ y=In a,y=In b (b>a>0).
3. SRIML y=—n"+4x-3 BEAEL(0,-3) F(3,0) KL A HILR B FEl AR 9 BT A TE S

4. RIWHE y* =2px BHEFER [%,p] Ak Bk 2 B R Y L A T AR,

™

5. 18K a,b B{E, EHH L y=cos (OSxS?) 59 A A T L ARG 4 T ) T R 0

y=asin x Hy=bsin x =2/}

6. 3R e T 71 £ Bl £ BT R Y R T ) TR <

(1) p=2acos 6; (2) x=acos’ t, y=asin’t; (3) p=2a(2+cos @).

T. REHEL x=a(t-sint) ,y=a(1-cos t) B—H (0 <e<2) S HEHH T B L Y BB A9 TR

8. RATEIELE p=ae’ (-mw<O<sm)RETEE o=o FFE R ER K ETH

9. SRTFFIE Bh4k B B B E T A9 A FEEB A9 R -

(1) p=3cos @ K p=1+cos 6; (2) p=+/2sin § B p* =cos 26.

10. 3RO TR y=¢" T 07 RMRT R R RO IR 205 DA K = B0 10 Z (8] Y B T 9 T 7R

11 FERE[1,e] E3R—R &, E 6-21 FFR M BAR IR H E AR /D

12. BAHYIL y=px* +qx (EA p<0,g>0) EE—FIBN S EHL x+y=5 410, HHIIE S «
B BT R AL S FE BTN AR K AL 18] p D g A M{ERT A SR BB RME, FoRk e kqE.

13. i y=+",2=2,y=0 FTR LA ETE 35158 « 1 1% v HIVESE , VT TR iR R AT AR,

14. BEFBLR «*°+y*° =o”” BB A BT 28 » BUBERE (E6-22) , 1 FTE e R AR

15. FAFRG A EIERI B 6-23 sPERERAY AN

H
V=mH| R-— |.

1 y=lnx ;
i
Z
/ 1
o 1 £ e x —a of 1 a x
X p
\
\

B 6-21

6-22 6-23

16. 3RTF 51 B 0 1 22 B L AL I 489 R B MR 28 B 72 e O e R R B R
(1) y=«" ,x=y", 58 y i
(2) y=arcsin x,x=1,y=0,4% » 3,
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(3) &*+(y-5)=16,%8 x 1,

(4) BE x=a(s-sin 1) ,y=a(l~cos 1) {—Ht,y=0, LHHLE y=2a.

17. KIBAL o' +y" <088 x=-b (b>a>0) ek Bt e g A,

18. B — B, F8 0 b, b TR R , IR 6088450 510 2a,2b A1 24,28, sk
TRAg R,

19 HERER¥EN R (E, MR ETRE - —4 B % ER0HERETE S0 =R
R (E6-24).

20. e : 1P EER Osasx<b,0<y<f(x) 58 y BUBER: BT AL AU HERE 1R AOMRAL Y

V=211-Ji f (%) dw.

21. FUFRL 20 BOB5 AT B HEILE y=sin x (O<w<m) 1 » BUFF B MBS T 717
BRI .

(1) 58y BbEsE;

(2) BRES »=—m gt

22 BERIYRy =2 MEL v=a,2=2 K y=0 SR RN EEETL N D,, WL y= 2 F1E
Rx=a R y=0 FFERMTEERN D, , K 0<a<2 (H 6-25).
(1) BUOK D, 58 « BHERE T AT BERE (RHETR V, , D, 55 y BINER T AL AU RE R IRHEAR 7, ;
(2) 8% o BFIER, V,+V, BUEBRFE? kA (E.
23 WML y=ln v EHN T3 <v<2/2 89— BRI .

y
y=2x
o Dz
(@) T a 2 x
6-24 6-25

2. ISR = (2 1) Wby’ = 2 it — BB KE.

25 HEHWE 5 =2px (p>0) AT A BX LR FAT— SM(x,y) BITE.
26. THEBFL x=acos’t,y=asin’s (& 6-26) {2k
27. VSRR (1N o) ISR HITRLE , (404 5 B R S 4 M 40 (B 6-27) , AR 8 S I
RO Y BB R, B TR N
x=a(cos t+isin ¢) , y=a(sin t—tcos t).

TR AR T O<i<or B—ERIMAY K BE.
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a
{x=acos3t 5
y=asin’t e
7/

p :

prens 0 a 3 ,'/
3

! [o] x
\ : J

{x=a(cos t+isin £)

y=a(sin t—tcos 1)

6-26 6-27

28. FEIREE x=a(t-sin t) ,y=a(l-cos t) ERAIELRE—HAL 1 : 3 B9 5 BOALER.
29. SRATEIELL p= " HIN F 0<O<o W—ERINHE

30. KLk po= 1 HRTF <0< H)—BILK.
E5=1 ERI>TEHHEE LA NA

—. TR ELZRMRIID

WHEERE, RV A EMELE SN EETE AN FEREZY
& &, B3X 7875 15 SHaE sy or ] —2 R4, YRS TR s BF, 1 F 314
PR BT

W=F -s.
IR RAEE SRR BT 2 BB 1 R AR HY , X ah 48 B A8 ) x4y A A oh 4 [|]
R EDE A R R AT AR ) BTN T

Bl1 DR+ KA RMRE B ERRES 04, BEEE—48
. XA g%t B R B A R . 3B AN E , G SR A — N B IF B R XA
HGRIERE R 0 2 r KM, IR AR GRE BVE A 8RN R

h%% (k £EX).

TLPE 6-28, 43X A TEERAT PR R M r=a A0V - o

BEHE r=b (a<bd)kbBT,iHEHREH F 3 EHHRET. a e h §
i FELARBEhE R, B 5% AL IE i R 6-28

FNRZR. B r AFNER, ENAEKKE N a,b]. 38

Qe.d
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[r,rdr) 9 a,b] EHYFE—/NR L AT TE A M - BSB0E] rvdr B o 50700
a@yjﬁfw’:—fdn BT

dW= k—qdr,
TRIRE L
e[ vel-7] (o3

TR ARG I R AL, B R S0 E MR AL (r=a) BEI RS T
S B B 5 S B AR Bl W AR, B 3 7 % B T R TR B B SRR IR A4

A N DAY ) .
W= rzdr-[ r]n ==
(‘ (
| ’,_
|

B2 FERERN S WRBEEARPEE —&
X x+dx

BENSEAFRAET, B TRAMNEK, BARS ( | (S
B —MEZE (TN S) WA o IR B A b 4b(HE
6-29). HREB I B, SREN BTy,

R BULFRARINE 6-29 BR. 15 14 B 1T U
FHAERS « SRR IR, — RN W&‘%iﬁ%ﬁ? Fe3% p SRR V BIFEFR
EEE kB

Sy R

6-29

k
pV=k B p=+.

V
By V=4S, BT
k
P=;§-
TR (EREBELNA
F=p . S—jiL S"“i
%S x

ESERHGE RS, R VRN, B » 24K, U ERERE LM A
R,
Box ABRDER, EHRLKE K a,b]. 8 [2,x+de] Ha,b] BE—/NKE, %

TR\ x BB s B, 20 F BTSN T e, ISR

k
dW=—dx,
%

TRITRETIS
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TR AR SN A T A ol

BARE ERSHNEA

b
W= j R ek a2
a x a

FEEE ST, B BRE— S M L, (1] AR SR
B3 —ERR IR N 5 m, REEAE R 3 m, AR T K. RS
Bk 2 B0 H S T
B fEx BN 6-30 FiR BUREE x (Z540% m) 1 y
WEGER, CRALKAN[0,5] mTF0,5] HE— ir
IR e ] K ARy o, 5 EEE o l
B 9.8 m/s”, X HRKFTZE /120 9.87 - 32dx kN.HEX

o

=3 m-=

[ x

- dW=88.2mxdx,
HeBIThTTR. TRERAZIA

s 25
W= 88.21Txdx=88.21-r[x—] e + AR T
0 2 2

0

6-30

. KED

BT BN b ALRIEIRY p=pgh, X p RAKMIBE, ¢ £EHNE
B A —ERH A B TAUK T B AN b &b, BB 4 , AR — 32 (K 5
HH |
P=p - A

MBETPARG EBUEAEA B4, B TR 9 S A3 p A, AR —
FHK RSB L R R F A BB T B v

Bl 4 —AHEHCE B AT AR , 7 P B K (B 6-31(a) ) B MM R %7
W R, KEIBEER p, HH AR B — ST TR B .

Zh

(6] (b)
B 6-31

B ORE—RERE N, TURER TSR YK P EELEOH, S ERE
B — -2 i — T2 Bk ES.
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gnE 6-31(h) , 7EXNE A EBGEEO HARE R THELSH « 3, i B0 kT
2 y Bl XTXA AR R, BRI E B R x*+y* =R* (0<x<R).Blx HE
AR, ERAELKENR[0,R]. B[ x,x+dx] K[ 0,R] FEE—/NE ], KB & bR
Flo,arde | AR BE RAL I ESRIE BT pgx, A £ W EARIE LT 20K~ dx. B
I, 1% 78 Sk — M BT 327K FE A S AOUEL, BIIE 1 TG
dP=2pgx/R*~" dx.
FRIRES N

R R 1
P= fﬂ 2pgun/R* %" dx = —pg J’o (R*-x*)7Td(R*-%%)

2,00 2.2 2pg
ol
=. 5|7
MY BREFNIE , R 51N my ,m, AEEER r TR AR M| AR/ R
F=Gmlm2

2 ?
r

H G A5 H R, 5 M M S W RS HES .

MEHE—REEN—DEENE 5, A, THELS S SERANERR
AEAGH) , B2 mXT B AR5 R 5 R A, AR B R AR R T
(e pa = g

BlS BAE—KENIKEEDu WYIREE EHPES LS o BA4E
— BN m BFE MR BN R A M 3.

R BUEIRRINE 6-32 B, M T ¢ i b, R
RMAT x5, BHNRENES 0.8y ATRAZE,

bsszz/mmﬁjjﬁ[—— —] #ly, y+dy1ja[—— —]J: o\

a ﬂ'»f x

ktg@ [S]ESp

E—/NXIR] R B EHR T [y, y+dy ] B9 —/NEEEA

WE RS, HEE A pdy, 5 M HBEEr=d' + BT -
LASE BRI B R B9 5 | 3 A 2Rk e 53 /N B 40 B 4

s M 5| AF RN

.

6-32
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TR i AF FEAKFJ5 053 5] AF, BT UE , BV EREXT B8 M RS D2 KFF 4
J1 F TR A
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ErE ERANER

dF, =-G — ampudy
(a*+y )’
FRES| HFEKEFES 1R

T - Ga 26 1
F;=—j i cdy=- ?md'

T (aP+y?)T 8 . faaE
EXPEREERD 3| DS B 14 F, =0,

SRR LRAR, T BT ES.I , 31 K T 5
HEEEE b M EAER

> 6-3

L é%ﬁﬂiﬁ,&*ﬁ&ﬁﬁaﬁ&*ﬁ%&m F (B0:N) SKE s (840 om) BIELL, B
F=ks (kREERE).
YN R IEIEEE B R B 6 om, TTEFFAAIZY.
2. HRH 20 om0 80 cm RYE B AFEWERS 10 Nem® HFI RIBERERAE, BEERR
ARG DN—4, MW E ML T
3. (1) B BEER m (YR NIRRT A E) b LA SR

_mgRh
T R+h’

H g RENMEE R ZHIRIGER;

(2) —BAEBIRTENTE N 173 kg, 7R THE 630 km AL ABE. FEX B T EMNBE
&) 630 km B4, FERRHIIRT | NEME L7 B £=9.8 m/s”, HiFR¥EFE R=6 370 km.

4 —YIEEIR =’ ERES), MR SEE T RIE . EYIEE =0 B E
x=a B, 70 AR5 RE 1 B e 2.

5. FISRERYE — BT AARAR , A X ET BUBE 7 S5 8k 4T ﬁﬁ/\*ﬁﬁﬂﬁlﬁﬁﬁﬁtﬁ TR
— WA, B ERET R AARAR 1 em AR KES W BT HET MBI SIS, (54T 5 WA, 4k6T W6
ARBE L7

6. BB LKH, B 15 m, 0% 20 m, WK, S URK KRR, HEMEZSTH?

7. H—RERERER R, BRI 5K AT, —&X AR RIT4RRA AT KSR
iE: KA —ZAR R FRRAENRE S ABRE LK EN 245

8. H—SEBLMIT, ENFARLEK 10 m 76 m, Bk 20 m 8K MK S K EHF. 718
R 1B — M B 32 i 7K R 7.

9. —IEN 8 em B 6 om WEE=FABH  MEMIRIAKT, T L, BET LS5 KETA,
TIRE/KE 3 cm, R EEHFFHES.

10. WA — KB LRTEN u AN ER ESEN—RBEER Y o BA0E—FEN
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m BB M AR GRS Bm M 931 .

1. WA —8H RELAR ¢ WENEARE, HEREENF B 0 EBOLE —FREN m 8
B MARSRIX AR XS T8 M Y51 .

[

P )

R

& 7N

L.
(1) #i£k y=x"-55"+6x 55 » BABTEEI UM BTLAO TR A = j
(2) Hi%k y*£(3*x)i:$ﬁ BT 1<x<3 H—BRUL AR E s=

2 LR =PRI T A%k, ki — N ERRI 4538
(1) "B EB—KEN lé&%ﬁf&fi&r-ﬁﬁu HEE, S WA RMERN o bF—FEHN m
MERAM (E6-33) , BHSIARBICUEAM 5HEZ

(8 BB F BRI H ( )3 — 0 a:i} x
G ' Gmu & 6-33
(4) j_[———(a STy (B) [ s &
Gmu T Gmu
(C) zj__ o (D) 2f P

(2) BRI [0,5] £,7(2) >0, (x)>0,f" () <0.4 A, = [ f(x) &, 4y =f(a) (b-a),

A= L) 4F() ] (ba) A )

(A) A,<4,<A, (B) A, <A, <4, y

(C) A,<A4, <4, (D) A,<A <4,

(3) HLBFMBEMF A TR, 4502 B 155 i — 1 / \
NS EEHHOTHEL, EAN TR
BABET h (7 6-34). ERA A FREBRA TR 7 \ i / x
I PR~ QBHE, ERESRE( ). 1 )

(A) PEOHEXT 0t

(B) P SYHRET Q f9H

(C) P BHBUNT Q B0HH

(D) 7 h R ARG, P 5 0 HBARRNKA%R

E 6-34

3. —&BBK3 n, BELR s m LHERBER w(x)=

o kg/m, [8) x A EE, [0,x] —BtH)

B R —
4. KEHIZE p=asin 8,p=a(cos f+sin ) (a>0) FrE BT AL HEFR
5. @ 6-35 Bin , W T B EARIKE /ML y=+",y=2+" 1 CRBEITHL y=2¢" EBIE— &
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BARE ERINEA

P ERXTRIBITEIFR A 0 B fEAHSE , SRHRLR C TR
6. IMMILE y=ax’ +bx+c (a520)EF 4 (0,0) , H¥xe[0,1]
i,y =0.3R405E a,b,c BIE, FEMELE y=ax’ +bx+c SHLE x=1,

y=0 FJ?EI@?EH‘JE?R%J%, HEEZER LS « Bhiede m s ie st ik

RS/

7. FRRE G y=1n » K%, ZULR S y=In x R
« 'l BBl - T D,

(1) RFEETE D BIER 4;

(2) RFHETE D LEL x=e Jefk— R FiR1ess A iR v.

8. WMLk C HREL y=2e™ (2=0) WE,M(50,y,) K C LH—MBE, MT HMLK CEEA M
ARRIEIER. SR R C L% MT F0 T B ) 1) 75 576 PR 222 feb B 3P [ A TR

0. Kl R y=o7 , H% x=4 & x ST y R VERE A0 HERE Fh O F,
10, SR (2-2) 4y" <1 48 y MRS TR AR AONERS RAOIRTR.
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11, SRIIL: y= %ﬁﬁ 2yt =3 TR B TR A 0TI

12. 3420 r BERILAIK S, 3REY_ L3R SKEAR YD, B3R5 BE 5K R, BURER MK R B , 1
Z /0T

13. 3K o M b SR, SWE o AR TEEA, KO T TFRETMAA TR - 4, &
a>b, RIREIEBER p, WoR MR ST AY E .

14. HETEL x=acos’t,y=asin’t L HE—SMMWEFENF/INEF RSB ESERNT T, EE
R O 4hF — B R R, R BT R FESE — 5 BB A BN X R & 1S 1 A1

15. A TRITHEL, B ANEERIT L B R E ST, 505 57 R 4 2wk 9 B 4
0. A R XA R RE 1 BN S AT 3 4 F ROV BE I e ( LR BCH &, k>0) ISR — R 4TI
HEITHHT o m RIFEHH R, ERIVEE R EITHE BRI DI 5 87— W 3T B B Th 2 L S o
Hor (0<r<l). ]

(1) RELATHE 3 W, AP THE L T 2157

(2) FHEITRERR , MIREE L A0 HET I T 27

ey S EREEE




BUE
oy J5 Fe

BRI 25 LS4 B P AT JR A SR O T A e, P R R T AR R B
WA ARG H L T SR BB R AL BT EAEE S LTSRS,
EEDREER B TRENRECCR BRI REFTRAEMNER, & 0TS &
ARRM BB BHSH KRR R R L RN R B MO B M RE T
& eI, R AR RS, SRR B VB A E T EN BN TR —
AL RULRNE A RB 5 R AR

BT o RN ER A

FERATERL I A% 3 o T A b LR 3858 40 TR A 2
i
Bl —fEIEITA(1,2), BAERHE EAE— & M(x,y) ShEOHIE ORI H 2x,
RXMLR .

B RBTREA N y=p(x) SEESR LR, TR ERy = o (2)
R LR

dr_ .
dx—Zx. (1=1)
VEST SRANEH y = (x) BRI T 55 A
x=10F, y=2 (1-2)
(1-1) RPHBLY 8 y= [ 20dc B]

y=x"+C, (1-3)
Hp CREEEH '
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FLtE WHOHE

&M x=18,y=2"RA(1-3)X, %
2=1%+C,
HLEE C=1.48 C=1 RA(1-3) X, BIfF Tk Mk 7 72
y=x'+1, (1-4)
B2 FIEWELL 20 m/s (FYTF 72 km/h) BT, M4 shad 71 £ 3-8
HE-0.4 nv/s”. M FF A 305 £ /0 B 815 ZE 4 GBS 4 LA R P R e X B (B AT T
Z/ R
R ORVIEEFEHHE s AR T s m RBEE, KBH 0B B3 1 5
A REL s=s(2) N R R R

d%s
-é-t;=—o.4. (1-5)
BEAh, S HEREL s =5 (1) BRI B T I
t=0Bf, s=0, v=%=20. (1-6)
B(1-3) XA —IK, %
v=%=—0.4t+61, ' (1-7)
BR—K. 57
s=-0,28+C,1+C,, (1-8)
XE C,,CHEEEFE
EEM“1=08),0=20"RRA(1-7) R, B
0=,
L&A 1=08F,s=0"HA(1-8) K, %
0=L,,
£ C,,CHERAN-T)R(1-8)K,#%
v=-0.4:+20, (1-9)
s=-0.2¢6*+20z. (1-10)
FE(1-9) K4 v=0, 1B EIFI ENFF 1R H h B 45 Fr R BB 8]
= %=50(s).

FHE £=50 {UA (1-10) R, 1535 20 75 H1 Sh ¥ BeA T 0 i B 72
s=-0.2x50*+20x50=500(m).
EAWMIFFRRRR(1-1) F(1-5) HEH R BN S, TIIEL 845
HE i, LRFRAER RN B RH S AR MR TR, oY i



BT WOTENERES

SHTR i R R
P52 75 R BT B SR S R R RO BB 9 SR Y, T e 4 AR R Y B,
R (1-1) R—Ms 7R, 58 (1-5) R ZHis e m, i
2y xty oy = 35°
RENHHHR, T
¥ =4y +10y"~12y" +5y = sin 2x
BG4 R
—fiicH, n A SRR R :
F(x,y,y,-,y")=0. T I
XS FERRR(1-11) ™ RSB IR, T 2,5,y -,y S AT DR i
B0 n s R
y"™+1=0
oLy by B SR B AR o R L
IRBEMFRR(1-11) iR B - S50, R4 AT R
¥V = flx,y,y ey, (1-12)
LURFATE M35 R AT R B AR B B M SR TR sk R B I S

HI BT 8961 FERATE B, AEBFIT S Lo S BR IR B A, 3 S BT o 572, G Hh
TR TR R (AR T2 B, 4% H BORE 9 B, S X BB A M T
BEEEZ T RBENES R X B HZ S TR B, R R =
o(x)FEXIE I FA n BrifS S8, MEER M I I,

flz,0(x) 0" (%), 0" (x) ] =0,
AR 2 BBy = () BRI TR (1-11) ZE 8] 1 F RO

Flan, mE(1-3) F(1-4) BEMAHFRE(1-1) B, BE(1-8) F(1-10) F L
WA FR(1-5) Hfg.

MRS R MR SR RS, BB 55U 4 R i BOH
[RD, SR A I I 3 5 TR B0, g (1-3) B R (1-1) iR, B8 H 1 4
EREFELMHR(1-1) 2—Hri9, LR (1-3) BHFB(1-1) iR X, B
(1-8)BFR(1-5) 09, E&H 2 MEBRE, WHR(1-5) B i, B B
(1-8) BHR(1-5) K& .

HTERTEEEEEH, FUCERER LW E MR RENE— %
LSRR e . T 5 4 U W0 7 WL 00 W LR e, o 0T S S MM

- O ERRMEETEEMER N, MR, ENFEEFMEESEEEHN MRS (SEAEEA
WRT BHE ML ERAME).
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FLtE HoNE

I, ERIE R A SE PR B, 2 5 R S SR A i n, 41 1 AR RS (1-2) K
il 2 SRR (1-6) R IX A R A1
BT EFHRAEECH y=¢(2) , MRS T EE—HTHY, ﬁm%ﬂéﬁﬁ%&
BEHHEAMHR
_ x=x,BF, y=y,,
HE M
Y | ery=Yo,
Hh xy, v, BRA ERE ; RS T ER N, BEARREEREERNFGE
=%, y=yo, ¥'=yo,
5 AL
Y | ausg=Y0r ¥ ey =70»
Hom xy, oM yp ERELA B HOME. BT o B
WETERTHEEFHRUE REAMS I ENEE Aln(1-4) REFE
(1-1) ¥ BB (1-2) B¥HF, (1-10) REFR(1-5) 7 R &4 (1-6) B
R TRy =f(x,y) WRVEEE v | ..., =0 FFRMBXHE— AR, M — B
o R R IE R AR, 1B R
{ y'=f(x,y), i13)
¥ s

20 =Yor
W R B R —4 R, MRS 7 FE M B 40 il 28 B IR A (1-13) B
JUA RS BRI 7 B B A R (%0, 70) IR BH R By 5 AR B 0
B &
{ v"=f(%,y,5"),
Y | smr =Y00Y" | ony =70

B TLTRE S, R T R BIB I AR (50,70 ) BFEIK AR VIR BB N vy IOBRARRSY
i £%.

B3 k. EE
%=C,cos kt+C,sin kt (1-14)
RO TR
dx
E;~+kx =0 (1-15)
HYfE.
B ORHPTERE(1-14) K55
(;11—: =-kC,sin kt+kC,cos ki, (1-16)



T WHHOTRHEARS

d*x
E=-k2(flcos kt—k*C,sin kt=—k*( C,cos kt+Cysin kt).

S BRI AR (1-15), 8

~k*(C,cos kt+C,sin kt) +k*( C,cos kt+C,sin kt) =0.
FH(1-14) RETH SBRAFR(1-15) B RA—MELSE, FIEH(1-14)
RBATE(1-15) K958
Bl4 EAEH(1-14) % k20 BLREATE(1-15) MR, Rk B EL f

dx
x|,=0—A, E :=0_
B KA.
B OBEHE =08, x=A"RA(1-14) KB
C,=A.

S 1=0 Eif,%x;=0"{ﬁ/\(1—16)it,7f§=

c,=0.

1€ C,, C,BMERA(1-14) R, 545 B R B 4548
x=Acos k.
AR 7-1
1 3R B T B 5 R A
(1) 2(y")*=2yy'+x=0; (2) xzy"—xy'+y=0;
(3) "+ 294y =0; (4) (Ta=6y) du (x+y) dy =0;
d¢Q .40 ¢ . .

(5) L¥+R % + c =0; (6) d6'+p—-sm 6.

2. ST IS B P MR BCR AR BT S R R R -

(1) xy'=2y,y=52";

(2] 9=, 3=l x-divos.x;

(3) y"-2y'+y=0,y=x"¢";

(4) ¥"= (A +A,) ¥ +A,A,y=0,y=C,e* " +C,e'?.

3. FETFFIEER , Wik A 45 —J0 75 12 BT 8 8 RO R BUH BT 4R 100 7 AR A% «

(1) (2=2y)y'=2x-y,%" ~zy+y’ =C;

(2) (zmy=x)y"+xy" +yy'~2y' =0,y=In(xy).

4. FETINEH D W BEe R TS RS 5, (4 BB B BT A BvME &4
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(1) #=y*=Cy | ,y=5;

(2) y=(C+Cx)e™ x| =0,y | .o=1;

(3) y=Cysin(2-C,) ,y |, =L,y | .. =0.

5. B i TR SR Y B4R T R B4 AR

(1) BHERTES (x,y) AbBOETA AR R4 TS M AR BRI T 7 5

(2) B L& P(x,y) AhEOIERS « BBYSSE N O, HLREE PO By HF4Y;

(3) HIZR bR P(x,y) REIVIZ S y BHEOZE SN Q, BB PQ B FER o, H 1L & (a,0).

6. FMA FRER— YA . EASIRR R p W FEE T W AESEREEL, SRE
B BUR .

7. —AEFRETR IS e, AR S5 R R E AR A BLE H, o BB k0. (B i rE R fhsd

BPEHEIRARRFEERETER , BHEEN r EEETREALH 3 h iy ,Eﬂ!%?ﬁ%%ﬂﬂ@%,lﬂ%’
W TR & DR R 7

B ArEERNMS R

ATEEIY, AT —B L T

y' =f(%,y) (2-1)
i — LA k.
— i A RS RN T X R
P(x,y)dz+Q(x,y)dy=0. (2-2)
EHE(2-2)F,EE x5y R, ERATBERU x HEHAR y AR B HRE
dy__P(ry)
dr  Q(x,5)
(BB Q(x,y) #0) , MATBMERL y HEZE » HETEHHRE
dy  P(x,y)
(XB P(x,y) #0).
FESR—TTRIE) 1 &, BATBR— B e
ng—f=2x,
=
dy =2xdx.

EERPRRS BB R XA TR B R



BT USEEBOMSSE

y =52 +C.
BRI ZFE H— M) 75 R R R AR Bl40 , X F— B4y 2

d
Exx=2xy2, (2-3)

B BER LA A L PR AR 0 oK B B R A% MR BEE
FR(2-3)MAMEE S » FERBEERNTE v,

f 2xy*dx

ORI, SR ERMEFTE. 3 T s/ BT, 7678 (2-3) mmﬁiﬁjaﬁﬁ%,@wﬁ

(2-3)%%
ii%’ =2xdx,
¥
WH, R« 5y BABESRNFR, REFRRSE

—i=xl+C,
Y

1
+C’

e (2-4)

Hi CREERE

FTLARRE , B 2-4) B0 B — il B2 (2-3) , B & E —MEBEE L, L
BRI (2-3) HERE.

— i, AR — A — B H B RES B

g(y)dy=f(x)dx (2-5)

M, SR, BRIE A F R E B—W R & v R dy, B —3 R & « WRECH
doo , AR A R T RN Al B AR A T

BETTR(2-5) HA RS g (y) F f(x) BRELER.H y=0(2) RFR(2-5) B,
KERA(2-5) PREIESER

gle(x) lo'(x)dx=f(x)dx.

W LRI, I E y=0 () BIHER ¥, B

[e(x)dy = [ £(x) .

W G(y) B F(x)WIRA g(y) B f(x) HRRE, TRA
G(y)= F(x)+C. (2-6)
B, T (2-5) M R R R K (2-6). RZ, IR y=D(2) BRH R FE X (2-6) Fitf
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BEtE BHTE

SRR, TRATE g(y) #0 AT ,y=0(x) LRI (2-5) HoRE, T L, 1A
SR ST, 2 ¢(y) 0 B,
F'(x) _ f(x)

¢ &y’
KRR y =D (1) WRITER(2-5). BT, MR ABERM I (2-5) F,2(y)
R f(2) LR, B g(y) #0, B4 (2-5) RFIBEA BB RR (2-6) , AR
R T HER(2-5) KO, (2-6) LRI MMAHT R (2-5) B Bl Wi TR
(2-6) AT LR A, B I (2-6) ST 22 10 A R 7 78 (2-5) HOSE MR, B )
(2-6) MBS R (2-5) B BRI (24 £(x) =0 BF, (2-6) R FF B 52 O J o
2= W(y) AT N R (2-5) H9fR).

Bl SREA R

P'(x)=

dy

=2 (2-7)
438 .
B HREQ-TRUSELEN, TBTRER
s,
y
PR
dy
j - ] 2xds,
5
In|y| =x"+C,,
Nt}
y=e™ 1= 1el1e”,
Fxe® RAEBITHEH, X y=0 127 (2-7) 958, BB F B (2-7) K ER
y=Ce”,
Her CHIERFEE

B2 BATHEITCRG S T AN A B TS o Fi A MMt e
AR X PR WM. i R T B I , G A 2530 v B 5 2 B o 35728 g el
JFFHEEMBIER.C/me=0 ET%H’J{?%% My, REZTEARRFHEE M(¢) FERT
8] ¢ AR{L YRR

2 ShAVEASEE LR M(0) XAt A ¢ E"J%%ﬂt%"”t—. HTHMNETEESHEER
EH, BB TR



FIT USBEREMSE

dm
= =AM, (2-8)

A A (A>0) BH %, Mf3Eas BERE A EBRS Rl T ¢ 880t M B85 5
dmM
E<0 3

R, WEE R
M|, _,=M

TRE(2-8) BB RS EAESE
%4 =-\d.

P AR

j%=J(“/\)dt,

In M=-At+ln C,
B
M=Ce™,
LR T (2-8) AR LIFIE LA E5 8
M,=Ce"=C,
Bt
M=My e™,

AHEARM A, i A L, 4 glﬁﬁa‘i‘ﬁw’ﬂ
I TR B ([ 7-1). .
‘ BI3 Bk NMBKGISBET 5, BARFEERFER4T M
IF, BT 22 [ S5 B BRIE b, H iR R v B FF k< \
B (0=0) BEEE R, SR IE< F 9% B B 5 i i) 49 o 0
B OEREERTEEEN (1) BRESES P FE
i, RIE 2 20E ) P 580 R BV (B 7-2). EHKNK mg, 105 0 —50 A K

N ko (kN ERBIRED) TS 0 MR, N TSR FF 2 40 F1
F=mg-kv.

(0] t

7-1

RIEF IR ashet

F=ma
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BLE BHAR

(Erb o HIERE) B E () MIEREWTERN
dv

ma =mg—kv.
BEE PESENHN
v ,.0=0.
FER(2-9) RALSBEEN M EEERR
dv _dt
mg—kv m’
PR _
J‘ dv g de
mg - kv m’

| mg—kv>0,7[%
- Lintmg-ty= 246,
k m

Bp

EELR TR (2-9) BUEAE.
FAER G v | =0 fRA(2-10) X, 7

__mg
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FRERAIFREN
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(2-10)

(2-11)

e (2-11) A LU th, BRI ¢ B9300K, BAE v BWREEE TR A, BA £

"6 MRt L, SR TR B IEIE 3 L LR BB T 4R .

B4 AEA L o KERFPES, KNE BRI S, MLEEEERY
1 em® (P 7-3). FFRART 2585 PO BEUE T 7K, SRAK A/NFL IR e 72 mh 20 88 K T A 780

h (KIS L E O B B ) BER 8] ¢ ZRAL AR , HEoROK IR 52 B s i A 18],

R BEAGE, AKFL A AR (BPSE L O AR TE A9 K B PR FR V S A

b RZRAELER) Q ATATFI AR :



I UHBLBRAMSHE

dv
Q=*&:=ksq/2gh, (2-12)

R EY TS TEP O P — HEH IR,
F3—J3 T, AR/ e (T G [ ¢, o+t ) ), K BT S BE i b JR 3 B+dis (dh<0), M| X
AT72 5]

dV=-mr’dh, (2-13)
Horfr B2 ¢ BEAOKE AR (B 7-3), GiEm 2
BT dh<O T dV>0 9% T H \ K
re=/T=(1-h)7 = 2h R, S "E in
FrLA(2-13) AR, ofr
dV=—%(2h-h*) dh. (2-14) E7-3
B (2-12) M2~ 14) B, 18
kS+/2ghdi =~ (2h-h*)dh, (2-15)

BB AN BB B h=h(t) R BB R,
SEAT, FFAa T 2548 PO B AR , BT AR S0 BB h=h(¢) BRI B T HI00E &4
bl us=l (2-16)
TR(2-15) B[4 B R K. A EEREE

drze—T o ahtpTy ai,
kS./2g
PRy, 15
™ 4 3 2 s
t——kS@(3h ~h +cJ, (2-17)
Hep C BEEBRE
ERMESRMA(2-16) A (2-17) R, 18
4 2 14
R e

TEEFIRHY C AR (2-17) KFF4LH , 3i7e
147 [ 103 3 z]
= = —h? 4 hT |,
: 15kS2g N T T
Lhk=0.62,5=10"" m’,g=9.8 m/s"fLA E, HEE S
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EHAFET AWML A S R PEBAKESE b SHHE ¢ 2880 R
F. B AT K I 52 BT B R IR]
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BELtE BOAR

t=1.068x10* s=2 h 58 min.
XEREHE 2 4 FRAITEB I HNE dV B9 214 5 & (2-15)
. XA N B AT R R B ST M T R — T R

R 7-2
L SR THIR 577 T2 B8 A -
(1) xy'—yln y=0; (2) 32" +5x-5y"=0;
(3) V1-d'y'=/1y"; (4) y'=xy'=a(y*+y")
2 2 dj/ xty
(5) sec’s tan ydx+sec’y tan xdy=0; (6) e =10"";
(7) (e —e*)dx+(e™+e’ )dy=0; (8) cos x sin ydx+sin x cos ydy=0;
28y s 2 _
(9) (y+1) Eﬂ: =0; (10) ydx+(x"~4x)dy=0.

2. RFFUA 7 TR R BT A0 B S5 B 4545«
(1) y'=e7,y|,.,=0;

™
(2) cos x sin ydy=cos y sin xdx,y \M:-I;
(3) y'SiIl x:y]_n ¥, ¥ | ’=%=e;
ok T
(4) cos ydx+(1+e™)sin ydy=0,y | L

(5) xdy+2ydx=0,y | x=2=1;

2
(6) -2, 11
p de p’ =1

(7) &(1+y*)=a,y | _ =0, 5 a>0.

3. BB T KB BT , B% 10 om, A Y 60°, 3 FEA RS 0.5 e 871, Rk
E R ROk BTN .

4 RRH 1 g RAZHAEBMERED, X5 A B RE K, 7R S5 R E R
B2 £=10 s B, BEFSET 50 om/s, 58 /1 4 g - om/s?, FIMGESITFE B3t T 1 min /5 BB AE 2
e

5. EEOEBAMT MMM SNETEESTHIAR R SUE . f 2R RHEE, 51
1600 4F )5, AR BRI R, M— ARGBHT R R S0 ¢ (9 RBCER.

6. —HIZEITA(2,3) , CIEFIALARH B 4E — VIR R B 0 5 T4, R .

7. AMEWTTHLA O &b RIS (FIRHTATELS ). RARESY o, MBI E 7 1A 4 5
BB, R b, I oA — 2 Ab 7K T B 5005 1 0 12 B M TR AR IE L () R
k) RN RO 2.
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FET FXRH B
—. FRFE
AR — B4 TR LR,
dy_ (x
dx“”(x}

R, AR ARLFRX R R ek 5 AR, filam
(2y=y*) du—(2*~2xy) dy=0
EFRTRE, B R E T

dy _wry*
dx xlf-ny’
B
l_[lT
gb_r= x x
dx 1_2[1J'
EFWHR
(s
de s
R, 5 R B e S R B
=i

u ’
X

AT AN T B LRI R (3-2)F

ey Y du
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RAFRE(3-1) [EEHE
utr —=¢(u)
Bp
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du dx
p(u)—u =«

du  ds
ol b

KRB ,@;u—i—mg w, (1R BT 48 3R 7 TR A AR

PR, 7%

1 E|HE
d d
y2+x2£ =xy:i%.
B FEHEAUSR
2]
dy_f _ls
dx  xy-x’ Xilg ’
BRI AL =0,
d du
y=xu, =utx E;,
FRIEFBER
de  u?
likxy — =
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du_ v
x dx  u-1
NTEERE.R
[l—i] du=@
u x
Pimii g, 18
u—ln|u|+Cl=ln|x|,
®ER

1n|xu|=u+C1.

u%ﬁ_tit*aﬁ u, BT AT REER Y

Inlyl=24¢, B y=Ce¥ (C=se).

302



HZT FRAB

B2 HEATHECENETR -HIERME, T y
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B OROURITEZ 0 MBUELRES (B 7-4), B
BIZK L LF y=0 JEEA.
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LRM U ER—%5 « WTATHES MS. kst 5 M 14 AT 5 « Bipgsefa %
o REEE, LMT=a. 5 —J7 T, LOMA RASRMAR, LSMT 2RS40,
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3
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PN x

7-4

PMcot a"0P=l,—x (T OM =+/x"+y* . F AR5 5 72
Y
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X
B« BERZE,y BIFHZER, Y y>0 b, EXEIH

de =« x )2
s T
Y

d
RRFRFE AL =0, M 2=y, 2oty Lo A F3t 18
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v +1 Ty
Hon .15

Ttk T e T i 6,

%
H

2
(3Jrn.
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¥ ZC(x 2]

SR x B AR B A,
T, AW RTTRNERE
i

YL yv=x LA LR, TR

dy  ax+by+c
dx  a,x+b y+c,

% c=c, =0 RRFKN, BUARRFRA. EIEFRMETE , TR T IR BRI EARNFT
KGR :2

(3-3)

x=X+h, y=Y+k,
Hebh Rk RRENTHR T2

dx=dX, dy=dY,
M (3-3) A

dY _ aX+bY+ah+bk+c
dX @, X+b,Y+a h+b k+c,

MR FEH
{ah+bk+c=0,
ah+b k+c, =0
a b b
MERAAR| #O,Eﬂz—l#;‘,%ﬁéﬂuﬁﬁh&kﬁ"b’ﬂ‘]ﬁﬂtﬁﬁﬁéﬂ.ﬁ
1 1

B, TR (3-3) B RFFIR T2
dY _ aX+bY
dX o, X+b, ¥
REXFFRITRBRSS  FEBEF L -k A X,y-k £ Y BB HR(3-3) BB

1 bl 1 bl
6 =B h Rk RIS, B R R E  = = AT
HR(3-3) TR
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dx  A(ax+by) +e,
FIAFZEE v=ax+by, M|
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REAITEERMH .

Lo ) e
b lde @ T Avte,’

L AR T L T — i

B3 Ry

dy ( ax+by+c J
dx a,x+b y+c, )

(2x+y=-4) dx+(x+y=1) dy=0.

oY ﬂ_i[éﬂJ
PR O R S nialrs I £

B BEHBRRITE(3-3) WAEL S x=X+h,y=Y+k, U dv=dX,dy=dY, R AJE

LR

(2X+Y+2h+k-4) dX+( X+Y+h+k-1)dY=0.

R iRA

{2h+k—4=0,
h+k-1=0

B h=3k=-24x=X+3,y=Y-2 EHEHRY

13

ERFIRTE.

(2X+Y)dX+(X+Y)dY=0,

Al
g__ZX-fY___X
dx = X+Y Y’

1+—

X

Y dY du
é\? =y, M Y‘—'Xu,& =u+X &,?%fﬁﬁﬁ

TEAER

LTl T
u+l dX

_ .l
Wi+ 2u+2 X
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BtE BNAE

g
In Cl—%ln(u2+2u+2)= In|X]|,
TR
o
—= | X,
a/ u +2u+2
By,
C,=X*(u*+2u+2) (C,=C%),
Bp

Y +2XY+2X*=C,.
Pl X=2-3,Y=y+2 LA LI E 5
2x2+2xy+y2—-8x-2y=c (C=C,-10).

& T-3

1. SRFFI TRy TR A -

d
(1) ay'-y=+/y*=" =0; (2) xﬁﬂln—i";
(3) (a*+y") dx—xydy=0; (4) (£°+y") da=32y"dy=0;
£5) [szinl+3ycos J—] dz—3xcos %—dy=0; (6) (1+23””)dx+2e"’"(1——§-} dy=0.
x %

2. SRFFUFFURIT R LB 46 WL 5 R
(1) (9*-32")dy+2zydx=0,y | _,=1;

(3) (#*+2ay—y*) da+(y+22y~2")dy=0,y | ,_ = 1;

Pl =T

3. WAERA 0(0,0) M AL, 1) —B I E B R BI04, % F 04 L4E— K P(x,y) , I
OP5EABOPHEEBMERY  ,RMLIN0AN .

4 R TFIIFBHFRNE, HR L ER

(1) (2x=5y+3) dx—( 2%+4y-6) dy=0;

(2) (x—y=1)dw+(dy+x~1)dy=0;

Y

dy
4) x — =y+xsec—
()xdx ytaseo=,

(3) (3y-7x+7) dx+(Ty=3x+3)dy=0;
(4) (x+y)de+(3z+3y-4)dy=0,
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BET —MENEsHE

ST —Br&ims i

A %‘EH*E
»E
L p(x)y=Q(x) (4-1)

M- RO, E BN FRAIEL y RESHR—RIE R0(x) =0,
HATR(4-1) BRAFRAY; TR Q=) #0, A AT (4-1) FRAIEFF A,

B(4-1) HEFREMET B AT REEFREHFTRE(4-1) WE, Rl]1EHE
Q (=) BB EFTE 72

Q+P(a.:)3r=0. (4-2)
dx

JrR(4-2) MK R FHEFFIRGE TR (4-1) TR R (4-2) BATAE
R, A REREE

ﬂ=—P(x)dx,
¥

WsmiR o, 15
In|y|=- jP(x)dx+Cl y
B
y = Ce [Pt (C=+e),
XX R B FHIRER A R (4-2) BYE R .
ERMNERIEE TS ERREFREMEFTR(4-1) FER X T EEIE
(4-2) BB C Bl » FIRA BB u(x) , EMEL
y= ue"jp(’”}d", (4-3)
T

%= e frme _ uP(x)e"fP(’)d“. (4-4)
X

B (4-3) F(4-4)fRAF R (4-1)18

O HEES fP(x}dx FR P(x) HRA T E A R RS
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FLE BOTE

w'e [FEE - yP(x)e PR 4 P(x)ue O = Q(a),

B

urean(z)dz - Q(x) , o = Q(x)eJP(x)dx'
PimiR gy, 15

u= jQ(x)ejP(’)d’dx +C.
B ERRA(4-3) ERIEFREME LR (4-1) AERE
y = e-JPWUQ(x)efW”dx i c] . (4-5)
¥ (4-5) XA B A
y = CeTPO¥ + PO Q) el s,

FRAMRE TR B F KRR (4-2) WER, F - RIEFREETE
(4-1) B—45A8 (FE(4-1) BB (4-5) HER C=0 EEBXMFMH). AT, —
B e SRR Gt 05 R 3B AR 45 T X B B9 IR 07 AR A 5 AR ST R B — AR A

= Bl1 R
] ¥y B
L R
7-3 F—— (x+1)
TR, |
R AEFIRAME S . SRS R R FFIR 7 R AR
2 _
dr a+l’
dy 2dx
y x+l

In|y|=2In|x+1]+C,,
y=C(x+1)* (C=%e%).
RAREESE B CH u, B4

y=u(z+1)?, (4-6)
A4,

%=u’(x+1)2+2u(x+1) ;
RAFSEIEF R, 18
u'= (x+l)%.

PRy, 18
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EOT —BaMmssE

u=%(x+1)%+C.
FHEERRA(4-6) R, BB AT R FRRA B

y= (1) (oD Fac

Bl2 BB 7-5 B, HP BB s E=E,sin o (E,, 0 #RH
B), R MK LAEE R RER (1)

R
W ()31 Ml %8 5T,
L AR L B S o ; s
E
[ /AR
E-L & iR=0, Nt
B B 7-5
di R E
Gl e
dt L L
& E=E sin ot XA L2, 78
; E
%+%i= fsin wt. (4-7)

HRANEHCL () B B2 (4-7). Mehh, BIFK S PH-AMIRTZIN ¢=0, XMHi(¢) 3B
L R AME A1

t | =0 (4-8)

(i) 7R HR(4-7) B—MEFREMITR. 7T LLSE R X4 B 57K 7 iR

B, 5 B B RIS RO R B . (B, 0 7T LA BB R AT AR A 2t (4-5)

E
FRIILE P(1)= T,0()= ~Zsin ut, RALR(4-5) 18

v ((E, »
i(t) =e 2 (f I—ei ‘sin wtdt + CJ.

LR ARG8E  75

&
7!

R
J‘e?sin wtdt =

o szZ(RL sin wt — wl’cos wt) ,

¥ EXRARIRFLIE , B (4-7) K98

R
i(t)= m(fisin wt~wlcos wt) +Ce ',
H CHEEEHR

BB (4-8) A LR, B
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BtE MHTE

_ wlE,
- Ri+w2L2’
BRI, BT R BB i) A
wlE, & E, ’
i(t)= T L +R2+w2L2(Rsm wt=wLcos wt). (4-9)

ATEFURA4-9) REFT B YWERL, THERIE i(¢) P58 IR XM

254

R . _ wl
FR(4-9) XA E L
wLlE, &, - _
i(t)= R2+w2L25 = T sin( wt-¢) ,

Hf
L w.
=arctan —.
¢ R

%y oRET, RS — T (AU AR I ) R R T TR 5 I (Y
RS RIER R, ER A MBS HN MR mARER ¢

e B TRy =f | L ROVEERR Sy - EANERTS

BHARE, AEOEEE, 2R RGBEM EAT P, N F—RraEFREE TR
y'+P(x)y=0Q(x),
HAE TR BRI FTRE M T R R B R B

usi = |P(x)dz
y—'u’e'{x ’

R — e SRR TR VR BT AB TR, R E 2B RBIER.
AREERR(BERNERRRRATRINERRY) B HAFRANE
BT AWHTR, BB SRS R NR, SRMMA R R AT T
EE¥E— T
ST
B3 W=

® EHLRETRERR

Bp A —Br et AR , M — B e R A Ak T SR AR 4.

AR RIIITLEIE A xry=u, W y=u-s, 2 = L LRARSR, @



FOY —MEMmaaR

dx u' o dx  wu
SELER
u
—_;Idu =dx,
PR 1S

u=In|u+1| =x+C,.
Bl u=sty fRA L, 18
y=In|z+y+1]=C,,
=
x=Ce’=y~1 (C=ze™),
EUERMSEF BE T ut1#0, B0 a+y+1 2035 b, x+y+1=0 LR F AR K
THFERXA R LM, E C=2e% 520 f %M 35 C=0, B0

x=Ce’~y-1,
Hf CHERER
N (=17l yay
I
%+P(x)y=0(x)y" (n0,1) (4-10)

PHIAZE A (Bermoulli) 172 M n=0 8% n=1 B} , IR AWM HTE Y n %0, B nl
B, X RARLIER , (HREL RS, ETREANEMN. FXL L, Ly B
2 (4-10) By W3 , 18

d
y "L HP(x)y' " =0(). (4-11)

EHEH, ERERE—TT (/) AE—AEHET 1-n, BRRATIAB

AE

A4,
dz _ -dy
dx =l-m )y dx’

F(1-n) Fer e (4-11) (PO , BB BRI ER LT

;E-!-( 1-n)P(x)z=(1-n) Q(x).
%
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BLE BOAAR

KX ERAERE , Ly " ERE ST R ER.
B4 KA

g~J£+4"y~=a(]11 x)y*
dx =«
38 .
B Ly BRI, S
y‘zﬂ+iy_l =aln x,
dx «x
Rp
=1
——~——d(y ) +iy*l =aln x.
dx
4 =y BRI
e 1
A

XE— TR, ERERA
z=x[C—%(ln x)z] .
Py Rz, IR ET R R R E AR A

yx[C—%(ln x)z] =1

A& 7-4

L SRR R R -

d
(1) §y+y=e"‘; (2) my'+y=x"+3x+2;

(3) y'+ycos x=e™""; (4) y'+ytan x=sin 2x;

(5) (£*-1)y'+2xy—cos x=0; (6) 3%1-3;):2;
d
(7) Ey+2xy=4x; (8) yln ydu+(x=In y)dy=0;
d
(9) (x—Z)Exx =y+2(2-2)3, (10) (y2—6x)%+2y=0.
2. SRF PS5 R R B AT E & B0 .
dy d i
(1) L oytan x=sec 1,y | ;=03 (@) L=y =1
(3) Y tot z= 565 | n=-4 45 Pyaym
o yeot x=5e""" y o ( )E”"?’J"g,yl,:o:z;



FET TERBAEHEIHE

dy 2-3%%
(5) Ey"- x3 9’=1,3’ l ,:1=0; (6) x(1+x2)yr+y:1+x2’y I x!!zO'

3. EHIZOE R, B ETEA (x ) YIS S BT 2u+y  RIX LR A H 7R

4 BE—REHNm MRAMERZS NEESFRORARE, 55255 B —2, kb
LN AT EL 50 HAERATE, WAMER — 5% B A IE b ( eI B 50k &, ) B9BE 1746
P3R5 12 31 3 B 5 ] B B R

5 WA —THEHE R=10 O H/#& L=2 H FH JEHJE E=20sin 5t V EBERL A B P L S &
LJE, B R . R I SR ¢ MR R,

6. BRUEFE N of (xy ) duag (2y) dy =0 553 5 R AT A5 B v=ay (WA EERR KR, I
RIEESR

T FEHRERERBE T RN TA BB NFE, KSR L ER.

(1) %=(Z+y)2; (2)%=£}+1;

(3) xy'+y=y(ln x+ln y) ; (4) y'=y"+2(sin x-1) y+sin®x—2sin x—cos x+1;

(5) y(xy+1)da+x( 1+zy+2’y*) dy=0.

"8 KT FUASHIF RAEM .

d
(1) %+y=y2(cos x—sin %) ; (2) Ey-Smy=xy2;
dy Aol sy L
(3)dx+3y~3(1 2x)y"; (4)dx3fx:r,

(5) xdy-[ y+xp°(1+In x) Jdx=0.

BRT WEEBEEB RS

ME—FBENPFIHE I R =B A L M52, BTSSR T4
BRI, BT LB REE T LR ERH 8 T BER AR, L — WM 57
y'=f(x,y,y") (5-1)
e, MRBATBEBEERBICE N B E— W, 38 2 34 77 8557 ARG JL 35 b e
PHTE R TR T
T ENE =PGBS B R B0 TR AR AR .

= "= f(x) BB 58

Gl
¥ = f(x) (5-2)
HARMNER AEE « AHFH, REIE y " MERFHRD B, T4 (5-2) Rt a
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FtE WMONE

o R B — DM T AR FHARSY , VB Bl — A n-1 e 8
y" = [ f(x)datC,.
EEEDEE
y("_z) = J[J}(x)dx + Cl] dx + Gy
R ST BT n I, BB R (5-2) A n MEBHEHER.
Bl1 R
y"=e"~cos x
£ A
B OTL T REEEA SR,
1

y'= Eez" -gin x+C,
! 1 2
pee +cos x+Cx+C,

: 1
y= ?eh+sin x+C %" +C,x+C, [Cl = ——] ,

BORER BT R 8 A

B2 REHRm WEAZN F OERE « BMELRESs. W F=F(¢) £ A
%l t=0/f F(0)=Fo,BEE R IE] ¢ B9 K, 71 F 530980/, BB 0= T i, F(T) = 0. 4R
FFhf B B AL TR AR, HRIEBE RN T  SRX U HIE s AR

R a=x(o) FRERZ ¢ HERAKNNVE, REFTE_ER, BREHRMS
HEA

m%=F(c). (5-3)

AR, B F(¢) B ¢ KT/, L t=0 B, F(0) = Fy, B UL F ()= Fy—hkt; X%
t=T B ,F(T)= 0, AT

F(t)=F, [1'—-%]. .
FEFEB(S-3)TUBH

dzx Fu |
T (5-4)
HAMES N '
x\i_ﬂ=0 % =0=0.

E(5-4) Mm%



B

TR(5-5)REH
B(5-6) KPismis, 18

Kkt x| =0 RALRK, B

TRIRESEHEN

= Y=y ) RS B E

i
y'=f(%,5")
FIAR A RS R By MBEHATR v =p, B4

T5H2 (5-7) Ak
p'=f(x,p).
ER—NRTER «,p H—BHS TR BEHERY
pe(x,C,),

B2 p= L WU RBEI— B B

d
émp(x,cu.

X EHFTRG BRI (5-7) KB N

E kN

AEMEBND FHE

(3+5)

(5-6)

=)

315



316

BLE WOHE

y= J ¢o(%,C,)dx+C,.
B3 K

(145)y"=2zy’
W RAME SR
¥ | wo=ly ¥ | 0=3
H R
R TAFRE y=f(x,y) BH &y =p RATBHLIBEXER.F
B ol
p l+x

PR, 5
In|p|=In(1+x%)+C,

Bf :
p=y'=C(1+z*) (C,=ze°).
m&HEy |..0=3.1%8
¢, =3,
B LA
y'=3(1+x%)
P AR 4T, 78
y=x"+3z+C,.
XMy | 0=1,78
' c,=1,
TRITRE R
y=x3+3x+1.

B4 BHE—HY FRNAR, FmRERE, BRUZEHNWIERTN T E KD %E

RIETFHRER —ERHIHILR?

B ORARNBREANAR y B S ABER L, FR« BKkFERA B
| 0A | % FREABECXANEEEEUTUNE) RBRMBHOFBEY y=o(x). ZEA
REAATS— S M(x,y) B —BIAM, B HE N s BERBRHWRTEY p, I
AMFTRE K pgs. A FRE BT, HTIEEA A b HVK TR, Bk
AN H; ZES M M T NI R AR m, RERAN 6, AN T
(B 7-6). B AT INBAME S 1 468 5 P4 , 3B 48 FINAM - i 7 W48 B 1 7k F 7

Aok, % ‘ : ‘



LT TBRHMOSMNESFE

Tsin §=pgs, Tcos H=H. y T
5 J 6
K bb I = AE R, B MEY—
= (o) >~
tan 9= —s a=—|.
a Pg H oA Ypgs
BT tan 0=y",5= [ /ToyTds, RA L EVE z 7

y'=—[ /5y
a Jo \
B ERXBIGXT « KT, EE y=(x) RS H R
y'=— /Ty, (5-8)

BURR OB S AMBEBE NEE o, BN 04| =a, B ATEEMES
yr::():a! yr!x=0=0.
T HERME S FE(5-8).

FER(5-8) BT y'=f(x,y') IKELE 5 =p Il y”=%,ﬁ/\7ﬁ%(5—8) A

dp =%
PSR AR, 15
In(p+y/1+p7 ) = %w,. (5-9)
BEHEy | o0=p [ 00=0RA(5-9) R, 18
c,=0,
FR(5-9) XK
In(p+/T4p7)= =,
5
_L[ 22 —]
P= > |dirg 3
Bp
1 = _=
y'={es—ee).
o b, 15
y= %(e-:_-l-e_%) +C2_ (5"’10)
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FtE RHNE

W&yl oma RA(S-10) R, B
C,=0.
TFRZBARNERTHMEHE
¥y %(ef*e'%)
TR XL B L.
=L Y=y, ) BRNSHE

FE
y'=f(y,y") (a=11)
TAHBHE BER 2 AT RECHRRKNE y =p, HFFRE S RBHR R ENE
YAt y §=EL, B

wdp_dp dy_ dp
Y& dy dx Ty

XEE, HAR(5-11) 8RN
d
pa-?-‘-‘f(y.p)'

RE-TRTER y.p B—BHATE RERERN

y'=p=¢(y,C,),
HETEFFSY EEHER(S-11)MERS
&,
j#’()’sc])'— +Cz.
Bil5 RigonHE
yy'=y'*=0 (5-12)
B3 .
B FRG-12)FAHEHESATE B
y'=p,
W y"=p %J’CA?J‘E(S-IZ) 45
d 2
wi-p =0.

T y#0,p#0 B, 3% p HAEBTE B
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LT TURMSEMESHE

dp_dy
Py
PR 4, 12
In|p|=In|y|+C,

Bp
p=Cy B y'=Cy (C, =xe°).
FoBAEH PR, E5 R (5-12) MiEmk
In|y|=Cx+C} ,
14
y=Cpe  (C,=2e®). y
Bl6 —EHMERESNYIE, ZHIRT| 57 E0/E b
Lk FF 45 ¥ 10 3 T, SR T2 K ) e T B 40 B R T B ) (R
SR
R BUEEROCS YR ES S v, AR
EVBUGLCARES 0 (B T7-7).
BHIREERN R, MR R RN m, WET T 5N 5
HDEIBEE Y L (I>R) TERTZ ¢ WIREREE N B Ay =0 (1) , F

B H(1)= % R AE e, DM e

d’y _GmM

m ’
dt?. yZ

=

d? GM '
5}7— (5-13)

Kb M N IROER, G M3 5% R B R =R avf%t—%—g CREERSESETY

GM

WEshnE B 7 W5y B IE 18 48 5 i) ,Ef[rJg=‘k7,GM=ng- FTRITE
(5-13) WH

di ¥
EFAF R

yFmO:ly_ J" Ic:O:O'

SR B M T S EE%W 8
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ELE HOTE

dy _dv_dv dy_ dv

2 dt dy di dy’
RAFR(GS-14) FoEEER ,F/

2
vdv=—gyi;dy
PINRART, 15
2
v 2E%¢ +C,.
¥
EWEFHRA LR, F
2R’
G ==
TR
Y i
wnlek [J’ l)’
v=-R [2g [%—%} (5-15)

XEBRASEETYEEHHIT RS y B ER % 7 (5-15) X4 y=R,
B E ) B 1k T B A2 B

el 2gR(I-R)
/ 7 )

TR AR 2 TR AR 1H. R (5-15) A

NEERR

P AR (X A AR A I F B ¥ y =leos®u) , 75
17
t= ‘E\/%(q/ ly—y* +larccos\/%7j +C,. (5-16)

C,=0.

1 /i /
t= R @ [«/ ly—y* +larccos %)

T ER 4 =R, E AR AD A E E R

Et[%{q: J’ ! L:Ozlaﬁé

FR(5-16) R H
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BAY BM&Mms e

1 /1 /
£= E % («/ IR-R* +larccos —I;-J

)il 7-5

L RTFIIE M HREER.

(1) y"=x+sin x; (2) y"=xe", (3) v"= 2 3
+x

(4) y'=1+y"; (5) y"=y"+x; (6) xy"+y'=0;
1

(7) yy"+2y" =0 (8) y’y'-1=0; (9] #Pesy

v
(10) y'=y"+y".

2 B f(x) BB AR, W
f)=f+ [ 104,

HF(0)=1,3 f(z).
3. KT IUE A T BRI BT A S AR -

(1) ¥y"+1=0,y | _, =1,y | .., =0; (2) y-ay=0,y | _, =0,y |.o=-1;
(3) Y=y | .=y | ., =y"| =0 (4) y'=¢"y | o=y | .,=0;
() ¥'=3Jy.y | o=1,y" | .,=2; (6) y'+y?=1,y| =0,y | _,=0.

4 $0R ' =x MEILE M0, 1) BEEULA SHSR y=—+1 IR

5. B — By m YA AL TR TR RS S R=ov (o ¢ BB, 0 0%
MBS EIEEE) EOR YA T S ROBEES s SRR ¢ BORBEER.

AR TP, TR 4 7 S 100 o o 78 2 0 0 8 M
BT I — W A £

— ZHEERS R

Bl BE A, TR ERERE, TR RE N m W M A T
IRRASET , M FITE Y IR b BT ) 5 1 /IS 7 AR R X B Bk B
B0 AN 7-8 B, B x LRI T, B A 0 B A PR A

INREEI B — DR v, #0, IR A MR E R T LEA 8, A LA B M
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BLtE BOAE

A E T iR FERSE B YR E « BERTE] ¢ L, Bl 5t Z
BEAERRE R x=x(t) EREYERORIARE, BER LB
x=x(t).

S Bk E B PR B IR E S f (ER A
TE A BATFIE S mg ABFAG AOAR— B D) MM IFFE
PMEMAE « RIEH:

FEen,

Hrpe ?ﬂ%%ﬂ’ﬁﬁfi?ﬁ 1B FR AR E S 77 18 F4 R L35 1Y
77 AR

Bob, ikieEshd Bl Z AR R (A S W) RN RER, R R
RS L. f LR AE , B R M5 RSB 3 AR, s SR EA KA,
Ho/N S iE s B BRI L, R BRSO o, NIA

dx

7-8

R=—u—.
dt
AR _E R TFWRSE BN A, B4 IS ERT
v dx
Ty
e, IHic
2n—-’i, k2=i,
W =4k A
Pz dx
F+2 -de =0, (6-1)

BB RTEA MU AE ST W0k I B IR T
IMEM TR R EE AR E TR

F=Hsin pt
HYER, BR2H
d*x d
7 —+2n d—x'%-k %x=hsin pt, (6-2)

Hr h- X BRI KRB A TR

B2 wEHE—HEEHE R AL, %ﬁ-CW@?ﬁE$ﬁéﬁﬁiﬁg%% HHRLE
CHEH,E=E sin ot XBEE F o WREH(E 7-9).

R B AR i(r) A SRR LR TR o(r) , FIARAR A BB E R u,



BRT SHhEtdmsse

B SIHE N E,. f i A

. dg
i= %L’

R [ e R e, 78

q
== E =~
“e=Tr M de’

di ¢
E-L—-Z _pi=
& c 0,

ol

d’u, du,

7 +RC*C_E+U.C=EmSin wt,
i

Lc

5

d*u, dug E,
7 +28 Eﬂunuc = Icon wt. (6-3)

S = = ﬂ%iﬁtg%m%m%m.
SR e A B T FE AR (E=0) R4 FE(6-3) LY
e +2,B§ic~+w§uc=0. (6-4)
o dd de
{5 1 A4 2 BT R OSSR I B P S — T A2 H B 2 (6-2)

M(6-3) , BERIENT LA HE— MR

":;%+P(x)%+0(x)y=f(x), (6-5)

TIH2(6-1) AT (6-4) R HFFR(6-5) MATRIENS f(x) =0. 76 TR B A B0 A
LR, 2B E R A

TR (6-5) MM NE WA FRE M RAR A(x) =0 BY, HRM MY 24
FCx) 20 B, R AAE F U 0.

FRHAR(6-2) (6-3) R M IEFIRE MM AHTR, FT(6-1) . (6-4) H L
—HFFRE AT,

B0 LA 2 A, SR = S A i, F
RS TR — Lo IR S AT LSR5 n B R

¥ 4a,(2) " ota, (2)y +a,(x) y=F(x).

=\ BN HIERNRAEN

ST SRkt T 1R
Y +P(x)y'+Q(x)y=0. (6-6)
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FLtE MR

EE1 MREH Y (2)5 r(x) BHE(6-6) IRANE, A
y=Cry,(x) +Cpy,(x) (6-7)

2 (6-6) IR, K €, ,C,REEEH

iE ¥(6-7) A (6-6) Xichm, 15

[Cyi+Cyys 1+P(x) [ Ciy1+Cy3 1+Q(2) [ €y +Coy, ]
=C, [y} +P(x)y1+Q(2)y, ] +C,[ ¥3+P(5)y3+Q(2) 12 ).

T y, 5 v, B (6-6) Wik, EXARG S FHREIRMESTE, B K
FIEETE,FTA(6-7) NRHTR(6-6) HIE.

M- WER L FBEEH C5 AN EERER HEA—ERTRE(6-6) 1
B AN, 3y, (2) B (6-6) BI— A, W 3, () = 2y, () 2 (6-6) K. KB (6-7)
RN y=Cy,(x) +2C,y, (%) , AT LB B RS Bly=Cy, (x) , HH C=C,+20,. X ERA
B (6-6) WEMR. IR ATEA AR T (6-7) RARFR(6-6) HEMR? EMIXA
618 , A5 B | A—ANETHORE S ; BIBTIE s S MR A R SR TRk

By (0) ,y,(x) oy (x) HEXFERKE I B8 n A EE, IRFE n MAERF
BBk, ko k, BB 2 e T RPAESK

ey thyyyte vk y, =0

JaL, AR AFRIX n AN EREE R (8] 1 B0 BIFRE TR

B4, BEL 1, cos” x,sin”x ZERE MU L REMEM K. E AR k, =1,k =k, =-1,
MAEESEX

1-cos® x—sin’x =0.
SN, EH L, AR A (0, b) PRRIETESCMY. HA IR &, , &y by R 2%, AR
LEZX BN ZEZ BAWA « HRREE R =5
ke, +k,x+kx”

NEBFCESETE WAL kb, 2T

R _EABEE T, X TR IEE , EEEEES S, REF W ITE
AR IR L F R AR A BT R ARG B W Ak ok

AT —HRBER AR R NIE ST , B’ATE T 2T MR s
TR (6-6) B AR 557 B e 2. .

EE2 MRy (2) 5 y,(x) RFE(6-6) WA EIET AR, B4

y=Cy(x)+Cy,(x) (C,,C,REEEH)

FREFE(6-6)ByER

BN, TR y"+y=0 BRI FFIREMEF R (X E P(x)=0,Q(x) =1). A5 BIF,y, =

cos

cos x 5 y, =sin x RFFA T RIMFME ,ﬂf . =tan x# ¥, HENERETL



BRT BRgMss e

B HHTTRE " +y =0 BB R

y=C,cos x+C,sin x.

X, H B (5-1)y -xy vy =0 HE-HFREHEFE [ﬁ@

1 x
P)=-5,000= 5 | BBRIE sy, = RIA TR, 7 = o5

8, AV ENT RS RH. R R B A
y=C,x+C,e".
TEIE 2 AHEHET B n B FRIR R TR
L Ry (2),72(%) 0 y.(0) B n IFRENFE
¥ty ()" 4 4a, ()5 +a,(x)y=0
B n NMERETXHE, B4, kT ENERSY
y=Ciy (%) +Coy, (%) +---+C,y,(x) ,
Ko C,,Ch o COAIERESL

THEITEZHAEFIRE TR (6-5). WAL H R (6-6) M i 53EF ik F
(6-5) Xt R B9 57 IR 2.

FESE MW RN CLEF R, —rIEFF R R 77 TR B0 B R i B9 30 2040 . — 38
TN R SR T R R B R , B —EB A R ARFFIR T TR AR B i — . SEBR b, R AL —
BraE PR 5 R R AR B XA H L T B = B i M B R Rk i 4y
TR Rt BT R R A A5

FHE3 Ey (o) REHEF RGESTE

y'+P(x)y'+Q (%) y=f(x) (6-5)
B—MER.Y(x) RS (6-5) W MHIFRAE(6-6) BiEMHE, I
y=Y(x)+y (x) (6-8)

R AEFREEM S FE(6-5) HiER.

iE fB(6-8) RAFTE(6-5) Wi, &2

(Y™ ") +P () (X 2y ™" ) +Q(x) (¥+y™)
=[Y+P(x) Y+Q(2) Y]+[y " "+P(2)y" '+Q(x)y" ],

BT Y RARE(6-6) KR,y Z(6-5) M, TAE—- T HESAMRANEETE .5
“AMBESET f(x) 3XEE,y =Yy " H(6-5) BIFIIRIESE. BT (6-8) EFR(6-5) HIfR.

A TR R FFIR TR (6-6) BB Y=C 5, +Coy, PEB W MERFEL L =
Y4y SRR MERFE, NTTES R M IEFREHNF R (6-5) MiEfF.

B, R v +y=2" R M IEFFR R MRS H . B M Y=C,cos x+C,sin xR X}
BISFIR T2 y"+y=0 HIEMF; XAEZRIE v* =+"-2 BTSRRI — R Bk
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BLE MAAE

y=C,cos x+C,sin x+x"~2
R J7 R RV TE . .
EFFR MR ST H T2 (6-5) BINFIRA B °T AT R Bk A B sk 1.
EE4 RIFEFREUFR(6-5) WA («) BANSEEZF, B
y'+P(x)y'+Q(x)y=f, (%) tfp(x) , (6-9)
oy, (x) 5y, () FHNEFE
y'+P(x)y' +Q(x)y=fi(x)
5
Y +P(x)y'+Q(x)y=f,(x)
BIFERE, W 3, (2) +y; () BLRR T RZRI4SHE.
E A y=y, +y, RATE(6-9) Wi,
Cyy 4y )" +P (%) (yy +y, ) '+Q(%) (97 +y7 )
= [y "+P(x)y, "+Q(x)y, 1+[y; "+P(2)y; "+Q(2)y; ]
=fi(%) +f(x).
By, +y, BI7HR(6-9) I — 1 EfR.
X—EHEEE RN RS TR R IR
FEHE 3 MEHE 4 WATHE 3] n BraEFFIREMET R, X BB,

=N

ST, A — R R, BRI T RS X s S
IR Cy, () BFREME S BRHGER,IBA, TUMFEERR y=uy,(x) (XAFREIFK
JTRR BB T R B C BBUR A B u(x) TBEIH ) ERIEFREME TR X—
TEAE A TRENEE SR T a2 et

WREMFRFFR(6-6) HEM N

Y(x)=Ciy,(2) +Coy,(x) ,
AR, AT ARIANF B8 0 B ik R RO 1R (6-5) @M. 4

y=yi(%)v +y,(x)v,, (6-10)

BHERMEEL v, (%) B v,(x) (6-10) FKETFIR B0 500 R IEFIR TR (6-5). %
bt , %F (6-10) #ok &, 78

Y =y tvhty vty v,
BT RSRA B v, v, AFEBE(6-10) R 2 ) R BOH £ — 46 R 2 (6-5) , Fr DA
ATREENFHER—PRRRMN ' ERERRTEL, W TV HERLERS
o F o AT



EXT shanmssi

y1v1+yv; =0, (6-11)
AT
¥y =y vty v,
Bk, B
Y=y vy vty vty v,
By, YRAFR(6-5),18
Y114y s 0y vty 0 Py vty 0,) +Q (3,0, 4,0, ) = £,
Egeib
Y101ty v+ (¥ Py +Qy ) v + (¥ +Py +Qy, ) v, =f.
EER y, Ry, RFRFTR(6-6) Bk, i - EIH

yivityava=f. (6-12)

BRI TRR(6-11) 5(6-12) , ZE B HATHI

Y1 XYa o

W= , '=Y172_3’13’2#0

Y Y2
B, AT AEAS

gaf o ons

! v’ ot W

X E ARG (BE f(x) L) 713
1)1=C1+J' (—%J dx, v, =0C, + fj—%vfdx

TREIEFRIE(6-5) MMk

¥2.f nf
y=Cy,+Cyy,-y, T];/_dx + J’ZJde-

B3 BRAFRERE(x-1)y" 2y +y=0 BIBMEH ¥(x)= C,x+C,e” , KIEFrik 72
(2=1)y"-xy'+y=(2-1) " AYER.
M RTA RS BREER
x 1
Yot pr=sl
L y=oxv,+e'v, TH R
{ylvimv’z =0,

't b
yi vty vy =f

r X 1 .
{xvﬁe vy =0,

! GO 2t
v t+e’v, =x—1,

327



EtE BOAE

s
v, ==1, v, =xe”.
o, 5B
v,=C;=x, 9,=C,—(x+1)e™.
FRAIRIEF IR T RREREA
y=Cx+Ce" —(x"+x+1).
IR RAFFRH TR (6-6) F—MAEN TR v, (x) BB A, IR y=uy, (1),
BT T2 (6-5) (b h— Bt T 1.
H b,
y=yw, ¥y Eputyiu, yEyu+2yiu'tyie
RAFE(6-5),1%
v u"+ 2y u' ) utP(yu+y| w) +Qyu=f,
Rp
yiu"+(2y 1 +Py, Ju'+(y' | +Py +Qy ) u=f,
BT y1+Py +Qy,=0, 8 £
yiu"+(2y +Py )u' =f.
4 u'=z, EXEMEA—Br &R
712" +(2y| +Py, ) z=f. (6-13)
HEHTR(6-5) LR R (6-13) LIS, i— R M R B H R (6-13)
938 % R
2=C,Z(%) +2" (%),
Mo
u=C+CU(x)+u" (%) (HF U (x)=Z(x),u""(x)=2"(x)),
EAPIRER v, (x) , E/ITE(6-5) BB
y=Cry, (%) +C,U(x) y,(2) +u” (%) y,(x).
ERT7 R BARWIE FTRFFR TR (6-6) HEAE.

B4 BS ()= RIVHR -2y 4y =0 B, RAF U B2y y=e
i
B & ymeully =o' () y=e () RAZFFKHEE, 8
& (a2t +u) =2 (i 1) = %e" ,

Bp
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BAY SMEdMassE

XEATHEERREA - EEST R, REEERSY, E58

u'=C+ln|x|,
HRTE
u=C,+Cx+xln | x | -x,
Rp
u=C +Cyx+xln|x| (C,=C-1).
TRATKIEE R
y=C,e*+C,xe" +xe’In | x|.

A& 7-6

L T ek B 4E 7 L e SCIK R P e B4R TR 5 17

(1) x,%°; (2) x,2x; (3) e™,3e™,

(4) ™ ¢ (5) cos 2x,sin 2x; (6) & ,xe”;

(7) sin 2x,cos xsin x; (8) e*cos 2x,e"sin 2u; (9) In x,xln ;

(10) e*,e"™ (asb).

2. BV v, =cos wx J v, =sin wx EEE N y'+o’y=0 (9, 3+ 5 Hi% 5 2 10EMR.

3. Wiy, =¢” R y,=ve” BRRF TR y'~duy +(4a"-2) y=0 HOHE, 3 5 % RO EIE.
4. IS5 .

(1) y=Cet4Cic™s e (C,, CRAEBHEO BRI Y3y +2y=c™ il

(2) y=C, cos 3x+C,sin 3x+%(4xcos ztsinx) (C,CREEFEH)BFTRE y"+9y=xcos x B
i,
(3) y=Cx*+Cyx’In z (C,,C REFHE) BHE 2y ~3ny' +4y=0 §0:8MR,

Cl 2 5
(4) y=C1x5+?—%lnx (C,,C AT EEE) BRI 5"~ 3xy' ~Sy=x"In x 3BT ;

(5) y——(C e +Cze")+ (CL,C REEEL)RTE v+ -xy=e"HIEM;

(6) y=C,e*+Ce™ +Cyc08 x+C,sin x—x* (C,,C,,C;,CREBEH) BHARY —y=+* HBMR.
Y5 By (x)= & BRI
(2x=1)y"=(2x+1)y'+2y=0
B — I , SR T TR A B R
‘6. By (2)=x RFWEHEFBE *y' - 20y +2y =0 89— A8, RIEF BB H T 25y~ 20y'+
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BtE MATE

2y=24" By ESF.

Y1 BEIFFIREMES TR ¢ +y=0 BN Y(x)= C cos x+Cysin », RIEFFIREKHEITIR o' +y=sec x
B R,

"8 BAFIRARMER TR 'y —ny'+y=0 fEMH Y (x)= C,x+Coxln | x|, RILFFREMF 2 «"y"~
xy'+y=x BB

BT BRESTREERS TR

SIS E RBGTIRE MM TR, BIE T RS B B
TE.
TE B TR T R

y"+P(x)y'+Q(x)y=0 £7~1)
IRy y RS P(x) ,Q(x) B EEEI(7-1) XBH
5 Epy *gy =0, {7=2)

Hob p,q BEHIATK(7-2) W BB RMFIK S M T IR p.q Rk
B (7-1) I RS RIS T

bR TR, R R (7-2) HIBAR, T ASESR B BB MIR 3,7, , 40
REMZERRHE, B 5,5 7, BT T4 y=C,y,+Coy, MBITR(7-2) KRR

S AT, AR y = e P B B SR A — AR MR T i TS
RO B E R = iR, BB EUE S B8 r 6 =™ W B
B(7-2).

¥ y=e RS0, 183

By, My RAFTET-2), 1%
(r*+prtq)e™=0.
BT ™0, LA
r*+pr+q=0. (7-3)

O % BB abi,x IIERO, BRAR ™ =re” (o B b RECH AR

gleth)z =e"( cos ba+i sin bx)

PR S, B

iecmi)x -

% ce™(cos bx+i sin bx) +e“( —bsin bx+ibcos bx)

= (a+bi)e™( cos bx+i sin bx)= (a+bi)el®*=,



LW BREFFREMESHRE

AT L, R r i BB R (7-3) , B y=e"BEMAHE(T-2) iR, &
FEARETT R (7-3) MBI 52 (7-2) BOUSIE 5 AR

FRETRR(7-3) B— AR, Kb 2, B R BT S R B4
TR(T-2)F 5",y By R '

FRIETFR(7-3) IBAMR vy, r, BT AN

R
L 2

R E11E =M AR EE.

(i) % p°-dg>0 BF,ry,r, RFIARAIL B3I

1 2 ] 2 2 ’
(i) X4 p*~4q=08,r,,r, R HEEHTR

ry=ry==-—,

2 b
(iii) 24§ p’~4g<0 B ,r,,r, R—XtHEEER

rnEatBl, r,=a-pi,

Hr
a=-L g dop°
2" 2

FHRLHE , 5 F7 72 (7-2) RO AR A SRR R BT, 451 T .
(1) FIETERAWDAEEMLR r, =1,

X Y 'zx
LRI, 5, =5, = RESHE(7-2) WP, B = =
1

erl.\'

e TVIREREL, B FR (7-2) MEE N
y=Ce™+C,e™.
(i) FIETBA W HFHLR r =1,
e, RN R (7-2) l— R

¥ =t
ATRHBATE(T-2) BB, EFREB—TE 7., #EE*?XE%‘&-&

2u(e) B yy=e ua). FHRR u(x). 4 k% 18
1
i =€ (uhru)

2
v = (s 2nut i)
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BELtE ROARE

Wy, vy By ARG THR(7-2) 78
e[ (uw'+2ru'+riu) +p(u'+ru) +qu] =0,
Ak " B FHRZEM,F
w'+(2r,+p)u'+(r+pr +g) u=0.
BT r REEF R (7-3) ZER Bl ri+pr +¢=0,H 2r, +p=0, TER
gl
B X B RERE AN E AR, TR ER u=x, HIE B M T E(7-2)
7 — 1%
¥, =xe .
MG R (T-2) KB RN
y=C,e"+Cyxe™”,
Bp
y=(C,+Cyx) e,

(iii) FHEFRE —XEEER .1 =a+pi,r,=a-6i (§7#0)

XAy, =Py, =P R TR (7-2) MEAMR, B EMTREEREF
2. 4 T B H S R oY AR, SR FIRRRL A e’ =cos 6+ sin 0 3B v, ,7, B H

y,=e P = . o= (cos Bati sin Bx) ,
y,=e! P =™ . P4 =™ ( cos Bx—i sin Bx).

HTFEEEN y, 5y, Z B EHER R, Bk, REIIRRERL 2 A2 e, )
EATHZERL 2 HEDEMNNER. & THE(7T-2) NEFeE2NER, L XE
BRI

= S " | .
y1=5(y1+yz)=e cos fx, J’z=§i‘(3’1_3’2):e sin Bx

ERMAIER(T-2) WO, = S B _ 1 o FRAI TR (T-2) 1

¥, e“"smlﬁ’x

BAE AN
y=e"(C,cos Bx+C,sin Bx).
& FAriR ? R E REGTIREE MO TR

y'+py'+qy=0 (7-2)
RIS RN
B2 BdRESHTR(T-2) WEESRE
r+pr+q=0. (7-8)

BTH RUFHEFR(T-3) FAR 1,1,



BLT EREFREUMSHE

B=4 RERELTRET-3)MAMREARRIEE, R THRES B e
(7-2) HYIERR -

FHET TR 1’ +preg=0 BFAMR r, 1, WMoY TITE y"+py'+qy =0 BIERE
FNAHEHEIR r y=Ce"+C,e™
P HRSFRISEAR v, =1y y=(C;+Cyx) e
—XHEER r, , =B y=e*( C,cos Ba+C,sin Br)

Bl1 RO HRR y'-2y'-3y=0 HiER.
B e TR E R
| r2—2r—3=0,
HRr=-1,r,=3 ZHPNAHEENLR, HIFTRERH
y=C e +C,e".

f5i 2 ﬂ“ij‘i‘ﬁj—:sﬂ %+s=0 WRIMESM s | =45 | .0=-2 BIHRE.
B e ErRE T RA
rP+2r+1=0,
HAR ro=r,=-1 EWAMESEMEAR , B TR0 5 REER N
s=(C,+C 1)s™.
Bt s | o=4 RATEME, 18 C, =4, AT
s=(4+C,t)e™.

¥ Bt kS8
s'=(C,~4-C,t)e™.
BN | 0=-2 RA LR, B C, =2 FRITRIFEN
s=(4+21)e”.
B3 SR y'-2y"+5y =0 BB,
B TR B ENFIESEN
r=2r+5=0,
HAMR 7y, =122i A—HEE R E TR B R
y=e"(C,cos 2x+C,sin 2x).
B4 ZEENTH L, R REIRE S ER, BEERIIRES Zt=0 B

B 1= MUGHENT | =0, RRUE SR E =20,

@ TR R, DR S =0, 5L (6-1) b
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BtE MoAE

2
%;§+k2x=0, (7-4)

FRE(7-4) MR G B IR F M A
R RZE sh AR B BREL x=x (1) BT R H 12 (7-4) ROMEERHF
dx

x|l=0$xn, E .
i

:1}0

LRSS
TR (T-4) WAFIE T2 R r*+k =0, HR r= ki B—Xt AR, TR (7-4)
B % A

x=C,cos kt+C,sin kt.

RIFFRMEAHF , S C, =xy, Cu= = B, BTR MUK

% %,C08 kt+%sin kt. (7-5)
N T ET U RRR BT B iR S R, 14

v
%o =Asin ¢, f=A cos @ (0<sgp<2w),

FE(T-5) XA
x=Asin(kt+p) , (7-6)

) vh kx,
A= [xgyt—, tan p=—,
k g

R (7-6) BIETE AN 7-10 FiR (B HEE 2,>0,0,>0).

Hrf

017\ “““““ /N /N /N
; A

f

BRE(7-6) B R BRI B 3 R B IR B X MR B IRIE S A, WIAEN o, BN

& 7-10

2 c
T'= "*Eﬁiﬁ%i@ kB F k=£ (REERTH 1), C 5UMEL AT L, Tises hiFa

ARG AP R SR BT 4 B R 56) 2 5 B se. | I, & SO R e i B
B ER R BRI RSN — M EESH,



BT BREFREEBSHE

BIS eSO L, WML f AL R BV, BAE Y AR
=0 B3R =y, WA | =u, REBAIIE ST A =21

R XHMEERFEEAHEEYN B BIRE R
d’x dx

-§+2na+k2x=0 (7-7)
Fofa s
dx
%X | =0~ %, E S=O=TJO

FRE(T-T) KAFIE RN r*+2nr+k" =0, KR F

LUF % n<k,n>k & n=k ZFARRIEE S H#HTiTHE.
(i) /MBS in<k
FET R r=-nzwi (0=vk-n") B—ILIER, FTLIFR(7-7) B #HH

x=e"(C cos wt+C,sin wt).

Vo tnx
N FAFIE &= 14 5 C,=x,,C,= % , BT RFeg
. Uy TN,
x=e™ [xocos wt+ sin wt}v (7-8)
®
gl 4 o BT EREE 4
vy tnx,
%y =Asin ¢, =Acos ¢ (0=¢<2m), (7-9)
B4 (T-8) R LA,
x=Ae ™ sin(wt+p) , (7-10)
Hr
w=VE-n*, A= xg (vu+n2xu) , tan o= L

M(T-10) 2B s, Bk a0iE 30 2 IR H T= ?faam.ﬁsfﬁ%ﬁzﬁmﬂ B

VB Ae ™ BORTR] ¢ HOBEKTIZEHFIBL/. B, WU RRREI 1) ¢ BOHE T T P A
B (7-10) BTN 7-11 BT (B MBESE %,=0,05>0).
(if) FKBEB 1Y :n>k
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BtE WMouE

BT RRAIAR 1, = —n+/n* =k 1y =—n—/n” - BT FAI S 61 508 , BT L 7R

(7-7) BERR A
2=, PPy R (7-11)
HAEZEEH C,,C,o L B yMERMERE.

A(T-11) KB 2= 0 By ¢+ (EB % A —A, kB St A5 B —K,
R B AR IRSIIE. L t—+oo B ,x—0. B I, WIARERT E] ¢ B3 KT F
g

B (7-11) HETRANE 7-12 Fim (B ERE 5,>0,0,>0).

x

7-11 B 7-12

(iii) mFBEHRIEE :n=k
RETTREIMR ry =r, = —n RF/ MM LR, FILAFRE(7-7) KEHH
x=e " (C,+Cyt),
HAEREEC K C, T MBS MRSE h EXTE S, R EIE6 ~=0 i
HEWRE R4, AR O A EA RS Ll T
1

. e .t .
lim te™=lim— = lim — =0
t—r+ tto o t—++co ne'“

MTTE LA, 2 t—+o0 B, x—0. B I, FEIG FLBE B 1B , Wikt RE R 8] ¢ B8 Fo T
TN E.
FEHE B E RGO TR R B R R A E R TR =, AT
I"E|n Wﬁ%ﬁﬁﬁ%‘ﬁﬁﬁfﬂtﬁ,Ril’l':l:%‘ﬂl‘ﬂ:ﬁf’?éﬂﬁ‘ﬁ%,Hﬁ?iﬁﬁiﬁﬂ:—i‘—:
n P REGTIRAEMA T RN —BELE
D peap Ly 4,y =0, (7-12)

’

¥ +p " 4p,y
;iq: P1yP2s " 3Pr !pnﬁ%ﬁﬁ

AHRAIFEE D (WBEAET) BR5 « iﬁi%i@%ﬁ%,?ﬂgﬁﬁ Dy,aﬁ:"{

AR Dy, R (7-12) B4k



LT BREFRGHMSHE

(D"+p, D" +--4p,_ Dp,)y=0. (7-13)
ic
L(D)=D"+p,D"'+---4p_ D+p,,
L(D) WHEHAET D ) n KBTI FRIE(T-13) TiafE
L(D)y=0.
IR = B R AT AR, & y= o™ H T Do 2re™ Do =
re” B L(D) €™ =L(r) e FMIR y=e A NEL(7-13) , 8
L(r)e* =0,
T I, AR r 2 n KARBOFE L(r)= 0 B
T Ap, " e dp rkp, =0 (7-14)
AR, TR H BB y = o B R (7-13) By — M.
R (7-14) MO (7-13) IS ETR.
HRIBE AR 0, 7 LIS th B OB R MR T

FFAETT AR AUAR 1353 77 R S8 P B X R
BEAR G —T. Ce”
—HEER =i | BB :e™(C,cos Br+C,sin Br)
kR - B kI e"(C +Cpnt--+Coa*™)
—SEEEMR r ,=asfi | B 2% W[ (C,+Cyat++C,2"" Ycos Br+( Dy +Dyx+++-+D, 5" Y sin Br]

MRECEERE , n WRETRA o MB(ERBEHTE) , TR 5 R R — 4
RARX R A B — T, BRI & — MEE S8, XAEMES n WrE ZHSTIRE
2 Gagap bl

y=Ciy,+Cyy,+-+C y,.
Bl 6 SRFE ¥ -2y"+5y"=0 HEIR.
R XEMRE SRR
rt=2r+57 =0,
2l
rP(rr=2r+5)=0.
ERRR r =r, =0 Fl r, , = 1421 FH T 484 R BB R Y
y=C,+C,x+e*( Cycos 2x+C,sin 2x).

4
B7 ﬁﬁ&j—? +B'w=0 BEME, Hh B0,
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EtE BOAE

B XENIFIEATERN
' r4+Bé=0.
BT
r4+ﬁ4=r4+2r2ﬁ2+ﬁ4_2r262=(r2+BZ)2__2r2B2___(rz_ﬁBr+ﬁZ) (r2+ﬁﬁr+ﬁ2) ,
B LUMSRE F R m] LAE A
(+ —ﬁﬁr+ﬁ2) (7 +ﬁﬁr+ﬁz) =0,

BN = (151) o =- 2 (151)  E BT AT R AR

T2 V2

wze%‘ [Cmos%x-*CginJ%xJ +e‘£:" (C3cos%x+64sin%x]_

S 7-7

L. TREPLA BT MR, NPE— T IERRISEIE:
E T4 H R, B y=C, e +C,cos x+Cysin x (C,,C,,Cy FEREE) B H REGTR
MM TERE( ).

(A) y"+y"~y'-y=0 (B) 3y +p dyaD
(G "y =0 (D) y"~y"~y'-y=0

2. R PRI T RAER:

(1) y'+y'=2y=0; (2) y'-4y'=0;

(3) y"+y=0; (4) y"+6y'+13y=0;
(5) 4%—20%&55;:0; (6) y'-4y'+5y=0;
(7) ¥ -y=0; (8) ¥ +2y"+y=0;
(9) ¥ -2"+y"=0; (10) ¥ +5y"~36y=0.

3. KT BB R BT AR (L R M B AR
(1) y"~4y'+3y=0,y | _,=6,y' | _,=10;

(2) 4" +4y'+y=0,y | =2,y | ., =0;

(3) y'-3y'~4y=0,y | _,=0.y' | .,=-5;

(4) y'+4y'+29y=0,y | _,=0,y" | _,=15;
(5) y¥'+25y=0,y | ,.,=2,5' | ., =5;

(6) y'=dy'+13y=0,y | _,=0,9' | _,=3.
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FAT BREEFREMHN TR

4. — MR R A P AR FE RO 3B S, FRIRR B S FEIRS O L H W v, BT  &
RE|—ATIRIER B ATRY /N R A B IR A O B T L IE Sivg
(B RE K, >0) T 7 18 59038 B — B A B (B 5 3 B AR }f
IE HE ( Hofl R Bk, >0) . 5 BRI i 45 B3 Sh L2 9 R 5.

5. 4EH 7-13 R B B A S e 4 s B
RETEEHTTE S B8 B, REJE ug (1) B i(1). BT £ = ﬁﬁ
20 V,C=0.5x10""F,L=0.1 H,R=2 000 0.

6. WEFEMREEENY 0.5 m, TS ERAKS,
K ) T R G RARMTF SR - F ARSI 2 5, R B R

ST BARBAFFREEM S HE

ATEETR IS REEAEF IR WA TR , 5 n R RE L
EHIULEA.
B REEEFREE A T BN — R R R
y'+py'+qy=f(x), (8-1)
Hp,q BEH
HIS /T2 3 70, R BB PR B A T R B AR , 13 25 sk 3
BIFFIR 5 72
y'+py'+qy=0 (8-2)
HBAMIETT R TR (8- 1) AR B M — M. T % BHFIRBHMA T BB
BERECES CTEIME, FUXE RET R g R RS M B
H— R v " T
ATRNBHFE(-1) T f() REFE LIBRE R o " 5977 5. 5007 3 69
FRENARSMARE ¢ 5, B0 g BEEA(x) WML R
(1) f(x)=e"P,(x) , EHP A BEHP,(x) B x B9—4 m KL
P (%)= apx"+a,x™ '+ ta,__ x+a, ;
(2) f(x)=e"[P,(x)cos @x+Q, (x)sin wx],HF A, 0 Z=EH,0#0,P(x),0,(x)
THIR x B LR n RETR, BAVE AT HE.
TEDHINE f(x) R BRI ¢ HRE.

= flx)=e"P, () B

FATHE, T77 (8-1) AOHEAR » " R (8-1) BN 1E 0 19 BRI . /6B 1O R R 1
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BLE BHTE

(8-1) RAELRE? BHH(8-1) XA f(x) BETMK P, (») SHEBEE 1T
A, T LT 545 5 R BT SEU R R 2T 51 BRI AR, B, AT
y* =R(x)e” (HHP R(x)REANZHR) TRHEFEG-1)WHEMILy " Ty
RAFER(8-1), RIGLERBTEREEYNEZTR R(x), By’ =R(x) " HETE
(8-1). 81, ¥
y* =R(x)e",
y =" [AR(x)+R'(x) ],
y*"=e™[A*R(x) +2AR' (%) +R"(x) ]
RAFR(8-1)FHHE M, %
R"(x)+(2A+p) R () +(A*+pA+g)R(x)=P, (). (8-3)
(i) WS A AL (8-2) RIIFMEFE P +pr+g=0 BAR, Bl A*+pA+g=0, T
P (2) B—4 m REWR, B (8-3) WHRES , FFAT S R(x) A —1 m KEWM
R (%) :
R, (x)=byx"™+b,x™ 4 4b,_x+b,,
RA(8-3) X, KB LA TN » RIKBEH R, WAL by, by, -, b MEARIEH
m+1 AFTRRHBEST F AR, T AT LAE X 28 b, (i=0,1,-+,m) , BB R A%
y* =R, (x)e"
(i) W05 A BEEFTR +pr+q=0 (R, B A" +pA+g=0,{H 22 +p =0, B fH
(8-3) FIRIESS AR A R’ () W0 m IRE T AT 7] 4
R(x)=2R,(x),
FHH AT A ERERN T EREE R, (») RE D, (i=0,1,2,-,m).
(iil) fNE A BRABAEFTE PP +pr+q=0 FEMR, BI A +pA+¢g=0,H 20 +p=0, Eff
(8-3) TSRS B4 R () R m RS, AT 4
R(x)=x"R,(x),
FRRFRITERGE R, (2) FRIREL
SRR RN TS
IR f(x)=e"P,(x) ,RAZHE REEEFFIR G M TR (8-1) EF B
y* =x*R_(x)e™ (8-4)
YRR, P R, (2) B 5 P, (%) K (m R) BZIRK, T kA AR FRAR 2
FRE D7 A2 ) SR SRR IE R M E AR KB 0,1 5 2.
ERERTHETE n il RBEEFRE A TR, BEEES-)RPH LR

FAE TR A WEEWREEE A RRAFMETRAR, W & BUCR 0,5 A RASMETER
B s AR, & BUR 5).



BAT EREEFRAMESTE

Bl SR ITRE ¥ -2y -3y =30+1 B— MR,
B EXRZUERBESFREEMAS TR, B RS (x) £ P, () B (M )=
0,P, (x)=3x+1).
SRR T RERT MR SR TR R
y'-2y'-3y=0,
ERRETRE R
r*-2r-3=0.
BT IX B A =0 RR4FEH R, BT LA BT A5
y" =byx+b,.
EERAFE R, |
—3bgx—2b,~3b, =3x+1,
E S RN E TS R

{—350:3,

~2b,-3b,=1.
1

Bk by=-1,b,= 3 TRRE—FER

.
Yy =-x 3

B2 KD y'-5y'+6y=xe™ R
R T ERRE T E REE RGNS R, B A(x) B NP, (x) Bl (H
A=2,P (x)=4%).
SR TN R R STIR RN
Yo'+ 6y=0;
ERFES 2
r-5r+6=0
BWANLR 1 =2,r,=3. T RS FH TN R FF R TR B RN
Y=C,e*+C,e™.
BT A =2 BFFEHTRAYHEAR, R AR v Hy
y* =x(box+b,)e”.
BERAFS TR, B
~2b,x+2b,~b, =x.
HE S PG x FIREN RS

{—250 =1,
2b,~b, =0.
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FtE RBOAR

B8 b=~ b, =~ L MR — AN

#u(l_lJ 2x
Y =X 2%' e .

, 1
y=Cle2‘+C2e3’—?(x2+2x) e”.

MTIT B sR B8

=\ f(zm)=eM[P(x)cos wx+Q,(x)sin wr] B
R FARRhL A 5K
— B:%(eie_'_e"ib‘) . sin @= Eli_(eie_e-is) ’
B f(x) BRRE TR RBEN,F '

wxi+ ~wxi wxl _ ~wxi
flz)=e" [P,cos wx+(Q, sin mx} =g (Pte 2e +Qne 2: J

P . P . o= ;
[_'!_l_&] e(:\+ml)z+ (___i__ .Q_"] e(A—w:)z :P(x) e(A+m1): +P(x) e(A-w;); ,
2.2 2 2

1

P, 0 _Pi 0, P, 0, P Q,
PlO=g4g =32 POz 3=y s
R RIEHEHY m WETR (B EAIX BT RBRHHZE) , T m=max{l,n].
BIFIE— BMR X T f(x) BB —T P () e ATk i —A m R E TR
R.(x) 8y =R, e H0 72
y'+py'+qy=P(x) e
BORRARE, LR k4 A+l R J7 7R B AR SR AHAE 5 R G S AR AR Y O 2% L it F
F(x) BYEE=I P(x) " HEE—I7 P(x) ™V BRILHE, TIN5 57 BALYEH0 S 57 =
R,V NIRRT

y'+py'+qy=P(x) e

HOKHAR, X B R, 255 RS m R ST, TR RIES AR 4, 572 (8-1)
BEE®m

*

i =kame(A+mi)x+kame(A—mi)x

K. BT S
y* e [Rmewxi "'Eme—w:iJ

=% CM[Rm(COS wx+1 sin wx) +Em(c()s wx—1 sin CU-’JG) ] ,



BEAT EREEFREUHHSHE

TS A PSR I ARSESTAY , A0S BV T B, B LA T LA S A S iR T 2t
y" =« [ R (%) cos wx+R'P (%) sin wx].
& E AT, RATA T 455
InFR f(x)= e [ P(x)cos wx+Q,(x)sin wx ], BRA % BEEAEF IR M4 H
2 (8-1) AUAFR AR N
y" =x*e™[ R (%) cos wx+R¥ () sin wx], (8-5)
ot R () R,D (%) e m WETA m=max|Ln} T & # A+oi (SiA-wi) FRIHE
77 FE B AR R RRE 7 2 A9 BARAR YRR O &5 1.
LREETTHET B n 8 RBEAEFFIREIEM A H 8 HEE S (8-5) R &k £
RAET R ER Aol (] A-0i) WEEIREL
B3 R TTRR y'+y =xcos 2x B)— 4R
B FaTBRERCMERARIEFREESTE, B (=) BF [P, (x) cos wx+
Q.(x)sin wx ] BN (HAH 1=0,0=2,P,(x)=%,0,(x)=0)

ST T A SR R R
y'+y=0,
ERAET N
r’+1=0,

BT IXE A+oi=2i REFHMEF AR, BT AR 4HE A
y" =(ax+b)cos 2x+( cx+d) sin 2x.
EERAREL TR, 5
(-3ax-3b+4c) cos 2x—(3cx+3d+4a) sin 2% =zxcos 2x.
W ST E S
-3a=1,
~3b+4c=0,
-3¢=0,
~3d-4a=0,
IS

TRRE—HRH
1

4
y" =——=xcos 2x+ —g—sin 2x.

3
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BtE BoNE

B4 R FRy"-y=e cos 2x H)— 1.
B OXR_HEREEEFRENE TR, B /(%) 8 [ P/(x) cos wx+Q,(x)sin wx]
Bl(XE A=1,0=2,P(x)=1,0,(x)=0).
BIEFTREN *-1=0, T A+oi=1+2i RRFHEFRIIR , BT LARLBAFR A
y" =e"(a cos 2x+b sin 2x).
KFE
y*'=e*[ (a+2b)cos 2x+(=2a+b)sin 2x] ,
y*"=¢"[ (-3a+4b)cos 2x+(~4a-3b)sin 2x].

RAFSETTE, |

4e*[ (—a+b)cos 2x—(a+b)sin 2x ] =e"cos 2x,
[H & S Y )
1

ey +b:_
a 2’
a+b=0,
5 1 !
i 2 =y b= =

B 45 75 R i — e Y
oyt = %e”(sin 2x-cos 2x).
BI5 FESFANTIH L, YR RAEIRE T f B E T F fER R ik
HIIE ShILEE.
R XERERGTHRERERS T
d’x

Et-;+k2x=hsin pt (8-6)
BB .
X BB TR Jr R ( BV EREE B RS 58 )
dx _
Eﬁlﬁ x—-O, (8"‘7)

EHHHER TR r*+k* =0 BOARN r= ki S5 TR (8-7) BB
X=C,cos kt+C,sin kt.
4 C,=Asin 9,C, =Acos o, WF T (8-7) BB L TE R
X=Asin(kt+p) ,
Hef A0 AIEREH
TR (8-6) A7 ki 4 B AK



BAT ERBEFREMMH IR

f(t)=hsin pt
5 f(t)= e[ P,(t) cos wr+Q,(¢)sin wt | A&, A =0,w=p,P,(1)=0,0,(t)=h.BLIE
7B pk F p=k BIFER ST .
(1) A0SR po=k, W A zwi=+pi RREE H M, B

x" =a,cos pt+b,sin pi.

RATE(8-6) k1%

T&

M p=k B, 772 (8-6) i AN

h
x=X+x" =Asin(kt+p) +k2—~ 2
P

BRI R EE Sl PIRR A AR, SX BT RSB R AR 0. EE—TRRE
B R3], 55 I R B M RGR I8 SR 30 SR SRS R T B A5 R, B B0 f R D
RTRARAIRE p; ST RAMAIE p SR RANWEE Pk HER/N, B

S |

kz_Pz
(i) Gn5R p=k P4 A toi==pi BIF R Bk

x" =t(a,cos kt+b sin kt).

sin pt.

AT LR

RATRE(8-6) KB

h
a, _ﬂ’ b, =0
TR
x* =—Etcos kt.

MITTE p=Fk B, J7 72 (8-6) B FH

h
x=X+x" =Asin(kt+p) —ﬁtcos kt.

b A RN ,?ﬁiﬁﬁﬁ@ﬁﬂ%ﬁﬂ%&% P (8] & B4 AT 0 B 1 A, 330 B ¢ 2

PrigZLiR . N T RERILIRIUE, NET R AW ANE p AERERDRENES
IR b R INRER SRS IR AR p=k B0 p 5 k REEIE.
1 FELJ 52 16 3% 30 (R B T AR DG 336 , 1K B A T
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BLE RBATE

)8 7-8

1 RTFFE RS RREER .

(1) 2'+y'-y=2¢"; (2) y'+a’y=e; (3) 2" +5y' =5x"~2x~1;
(4) y"+3y'+2y=3xe™; (5) y"-2y'+5y=¢"sin 2x; (6) y"=6y"+9y=(x+1)e™;
(7) y"+5y +4y=3-2x; (8) y'+4y=xcos =; (9) y"+y=e"+cos x;

(10) y"-y=sin’z.

2. RFH BTN R E AW ER R ERE .
(1) yey+sin 20=0,y | . =1,y |, =1;

(2) y'=3y'+2y=5,y | .o=1,7" | .a=2;

(3) y'~10y'+9y=¢" y | ,=o=_,;,6‘J' } x=0=%3~;

(4) y=y=dae’,y | ,,=0,7" | =15

(5) y'-4y'=5,5 | ,.o=1,7' | ,s=0.

3. BB E RESFRR MM F R o +my' +ny=0 BEER y=(C,+Cpx) e, 3K m,n HY{H, FF
RAEFFIRF IR " +my’ +ny == K EHESRMF y(0)=2,y'(0)= 0 BYFFE.

4. KAANE o FIEE v, KHTHE , ERTE S A, RIEEE L.

5. 7 RIC IR S BCR B, LB Bk E B IRW AR CRR.EME=20 V,C=0.2 uF,L=
0.1 H,R=1000 Q,&RA& EFF% S JFEYHA i(¢) B Fuc(t).

6. IWEH o (v) EEE, HIR

p(x)=¢"+ J’ tp(t)di—x JJ o(t)de,
K p(x).

T WK R T

TRBORMEMS R, —RUEREBRAE S RKEN. (B EH LS 252
Wi T2, WH LUE S B 'R b E RR S 78, BMA S K, lh 2
MR —F.

yj Al

&'y 4p, 2™y "D betpxy'+py=f( %) (9-1)
HITRRE (P pypy, 0 WEE) MR .



"EAT BAAR

TEZEH x= €' B 1=ln «, 46 B4R « Bl @, TM15
dy _dy di_1dy

de dr dx xdt’

o)
ds? di? dt

3 2
e i de

MBS D 2R ¢ i%ﬂ@ﬁ%;%,%%iﬁﬁﬁ%%ﬂuﬁﬁﬁ

xy' =Dy,
dj/ d_’y [dz d)

& "— S i i 2_ = -

e ) (D P)y=D(D-Dy,

, &y de

xr"=§?‘3 32 =(D’-3D"42D)y=D(D-1) (D-2)y,
i

— i,
2y =D(D-1) - (D-k+1)y.
RERARBLTR(9-1) BB ¢ H BB E RRE M HE 23R x4
HREMMFE B ¢ B n x, BIEE BRI,
Bl RERDLTTHE x'y"+2"y ~ 4y’ = 35° () B AR
B e v=e's t=ln x, B HEILN
D(D-1)(D-2)y+D(D-1)y-4Dy=3e*,

Ell
D’y-2D*y-3Dy=3e*,
14
&y dy dy .,
—_—n) = Y = . 9""2
dé 2d32 de 2 (9-2)
TrRE(9-2) Fr R B FF Ik 2
&y &y . dy
—=-2—2-3-2= 9-3
ds’ 2dt2 3dt % 69:9)
HAFIEH 2R
r=2r7=-3r=0

ERH=MR:r =0,n,=-1,r, =3 FRFE(9-3) MmN

O XEE x>0 WREPRA. WRELE 2<0 AOTER PIRAL, T4 TTHERH 2= —' S 1=1n(~x) , FTBLE RS
x>0 FYEERARZEL.
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BLE HOAE

C
Y=C+C 67" +Cse* =C +—+Cyac’.
X

R FHE— B FEEIELN
y" =he* =bx’

2

RAJEHE, k8 b:—é,an

TR, Freaihr s B aEmHh 0

C, 1
y= Cl+;+c3x3—5x2.

" 7-9
3R BchL R A5 A -
Y,y _2
2.0 f = 2 yl——t—=—
1. 2"y +xy'—y=0. y' x a2 B
3. &’y"+3"y"~2xy'+2y=0. 4. #°y"~2xy'+2y=In"z-2ln x.
5. sy ey —dy= 6. y'=sy"+4y=ssin(ln z).
7. x*y"=3xy' +dy=x+x"In x. 8. «’y"+2my' ~2y=x"In x+3x.

TN BRESNR S R RIS

AUEITE R B — M0 TR — DR BRI , (BFERT TR L L PR (]
i, BB R LA TR R RHE LR R — B R BN R IE
. X BEER ST BB T AR NI T AR AL ’

WREA T RATFHE— MU T EEEE RYEEHA TR, VA, XM
TRARMBE RERER O T EE.

XHFRE RN T RA, RITTUR TR ER B

F—2F MWFTBREFHEE-LRAREEEEH BB RTE - RAEHK
KRB RER M TR

£TH MUERHES TR, R H RS RR R

O R >0 WEAMRBAER A5 RIE, 1 «<0 BEN, BHEFAFEMNER



TETY EREGURSHREAREE

F=F HERGHRHRRARERTBRA, —BIR, AB2IRIRTREEL
B AR H R AL '
Bl oA

M (10-1)
T (10-2)
dx

B XESEWDRMER y(x) ,2(x) WEBE—0 % R RS RERN S
2.
BIATH R BREL . By (10-2) 75

1(dz
y="5[dx+zJ. (10'—3)
%t EXPIR T, F

dy _1(dz EJ
dx_2(dx2+dx ' (10-4)

#(10-3) . (10-4) RACLA(10-1) RFFAL T , 18

dz &

@—2 £+z—0.
XE—TTHERREE MO TR, CRERERE

2= (C,+C,x) €. (10-5)
FE(10-5) KA (10-3)K, 5

y= —%(2C1+CZ+2C2x)ez. (10-6)
¥ (10-5) . (10-6) BRSL AR , SRS B BT 44 FE 4 A B .
RIS B TRE T BRI E &

ylmo=1, 2],40=0
HOREAR , RAHILAFRA (10-6) F1(10-5) R, 3

[1 = %(2014432) ,
0=C,.
RS
€, =0, C,=2
FRETAM T AN R LR THE S FFE R
{y= (1+2x) e,

z=2xe".
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ELE fnAE

T BB PR R (SR B, % SR PR 3 S ABOIEE D R
Tt E A s}éﬁaﬂ@f@ﬁ%_
Bl2 AR

% FHES D o WA TS

{(Dz—l)x-l-Dy:e’, (10-7)
Dx+(D*+1)y=0. , (10-8)

AT LA FRRRB O BATENEE— R, Bl AHEE «, THENT
=E .

(10-7)-D(10-8) : ~x-D’y=¢', (10-9)
(10-8)+D(10-9): (-D*+D*+1)y=De',
Gl
(-D*+D*+1)y=¢", (10-10)
(10-10) Z A M B IE TR E 72, A E T BN
~r*+r7+1=0,
RIS FFEAR

[1+/5 5-1
ra=fa=x% 2\/_, ry  =EBi= %l J—Q ,

BHRB—MFEE y" =¢', TRE(10-10) B8N
y=C,e™+C,e™ +C;cos Bi+C sin Br+e’. (10-11)
R » 8 (10-9) R, BF
x=-D’y—¢',

LA(10-11) RAA LK, Bif5
x=a’Cre™ o’ Ce™ -3 C,sin Bt+B°C,cos Bi-2¢". (10-12)

5 (10-11) 1 (10-12) BB L , B TR 7 A2 4 B A

RERER, ERB—RABHUE, BR D — RN BRA, — R RS
(RO B th AT R A, N (10-11) L (10-12) R TR A2 P B (E B B0 ]
AEMENRR).



TETY FRBESUHRS ARAMEE

BATR AT FFTHI R LR B, (10-7) F1(10-8) , 4
D*-1 D D*-1 &'

2 y=
D D*+1 D 0

]

il
(D*-D*-1)y=—¢"
X5 (10-10) KR —HERY B FER « B, REBERMATHR. nEN AT, 8

D’-1 D ¢ D
D D+1] |0 D1]
Ell
(D*-D*-1)x=2¢",
s

x=A,e"+A,e" +A cos Bt+A,sin Bt-2e'
'ﬂﬂﬂ'?ﬁﬁi@i A] ,Az ,Aa ,A4‘|Ej C1 s Cz ’ C3 f C42|ETJ E’{Jjé/%
EEXEN RETIIR

3

D*-1 D
D D*+1
& D WUk EWR, IicEEM S T REAR NN, EHEED — SR EHNMEE
.

=D*-D*-1

* 2 7-10
L SRFHI S A RARER .
rd dzx_
Exx_z’ -d?_y:
(1) (2)
dz d’y
EP s T
(dx dy ;
Lo SO Z tSxty=
& 3, ik
(3) s 3 (4)<d
S g o AEE e )
P el e
( d
%4,2,54.%11”:;, %:-—3x+2-d—{+4y=25in 18
(5) (6)
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49. f dx—— xz"‘a2+a?lnrx+wx2—az [‘-l-C,

50. J’\/( dx =~ 5 +ln | x++/x*—a> | +C.
%*

+C.

e )3 \/xz—al
dx 1 a
51. | ——— = —arccos — +C.
|t
dx % —a’
52] 2 /213 = 2 +C
x4/ x"—a ax

53. j«/xl—a de= ; at-a -wln x+y/x"~a® | +C.
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54. I V(x*=a®) dx= %(sz—Saz)afxz—az +~z—a4ln | x++/x2~a® | +C.
55. J’x«/ x'—a’ dx= %—«/ (x*-a®)* +C.

4
56. J’xzqfxz -a’dx= %(sz—az) N —%ln | x+4/x*=a® | +C.

| %

/23
57, f ol dx=+/x"-a’ —aarccos il+C.
x

/T2 /T3
58.[ & 2a L B0 +n | x+/2"=a* | +C.
X X

(\) 88V’ " (>0) RS

) X
=arcsin —+C.

de
59, jm ;

2 2
63. J - dw= ‘-x—«/ a’—x* +g~arcsin i+C.
CTR) 2 2

a

_ /23
65[ o :ina M +C
x/at-x" @ \xf

I_2
66.[ ST i

2
1y a*—x* QX
2
x a L ox
67. j Vai—x" dx=—+/a*—x* +—arcsin — +C.

2 2 a

3
68. j V(a*=x*) da= %(5&2—2962)'\/ o’ +—8—a4arcsin L1
a
5 1
69. qu/ a —x" dx:—?«/ (a*-x")* +C.

Rk
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4
70. J xh/ ot —x* dx= %( 2% -a*) v/ a*—x" + %—arcsin Zog
a

/ 2_ 3 s 2
71. J’ a7 dx=+/a*~x* +aln e +C.
x

||

ox
x=-— —arcsin — +C.
% a

[ 2_2 T2
72 |- —
x

(FL) BBV zax’ +bx+e (a>0) BIFRSH

73. =*ln 2ax+b+2av/ ax’ +bhx+c | +C.
J«/ ax’ +bx+c l 1

2ax+b
74, J«/ax +bx+cdx= il Vax® +bx+c+
8

ln | 2ax+b+2./an/ ax® +bx+c |+C.

x 1
75. | ———dx=—+/ax’ +bx+c—
J"\/ ax* +bx+c a 2

1 2ax—b
farcsm

76.
j«/ c+bx—ax’ A/ b* +4ac

7. Jqlc+bx ax” dx H?,ax b«/ c+bx—ax” b :‘f.ﬂcsin 2‘2”_& +C.
8+ a A b +dac

x 1 b 2ax—b
78. | ————dx=-—+/c+bx—ax’ + arcsin +C.
J Iy e— a 3 VB +dac

() &8, [+ %/ (z=a) (b—x) KIS
79. f f%:—:dx=(x—b) z—:%+(b—a)ln(«/|x—a|+,\/|x“—b[)+C
80. j ,ix adx (x=b) ——+(b—a,)arcsm\/g+c.

SI.J’—dxgm——=2arcsin fE+C (a<b).
/(w=a) (b=x) AL

82. J vV (x=a) (b-x) cl::c=2x-—40'w_'b i (x-;a,)(b—x) + (5~

j_aln | 2ax+b+2.Ja/ ax’ +bx+c I+C.
a

+C.

)arcsin ;‘E+C (a<b).
(+—) BE=ARHERS

83. J‘ sin xdx =—cos x+C.
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84. jcos xdx=sin x+C.
85. Itan xdx=-In|cos x | +C.
86. J’ cot xdx=1In|sin x |+C.

N
i I

%
tan —
2

87. Jsec xdx=In +C=In|sec x+tan lx|+C.

88. fcsc xdx=In

+C=1In|csc x~cot x |+C.

89. fseclxdx=tan x+C.
90. fcsczxdx=—cot %x+C.
91. Jsec xtan xdx =sec x+C.

92, jcsc xcot xdx =—csc x+C.

1
93, f sintxdr= %— ~sin 24+C.

1
94. J- cos’xdx = % + —4—sin 2x+C.

L
95. j sin"xdx = hf—sm 'xcos x+—— | sin"xdx.
n
1 n—1
-2
96. j cos"xdx = —cos" 'xsin x+—— | cos" xdx.
n n
97 I dx 1 cosx n—2 dx
— e [ —
sin"x n—l sin"'x n-1J gin"™ %

98J dx _ 1 sin % +1~2 dx

-l o
cos"x n-1 cos"'x n-1J cos" %

m—1

1
i -1 . 1
99. | cos™asin"xdx = ——cos™ 'xsin" ' x+
m+n m+n

e 1 m+1 :n=1 n']'
Smo———c0s Xxsln Xt
m+n m+n

m=2 son
J cos™ “xsin"xdx

. n-2
j cos"xsin™ “xdx.

. 1
100. fsm axcos bxdx——z(a_'_b)cos (a+b)x 2(&—5}003 (a=b)x+C.

1 1
101. J’sin axsin bxdx=—msin (a+b)x+ (a b)sm (a=b)x+C.
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102. J’ cos axcos bxdx= sin (a+h)x+ sin (a=b)x+C.

1 1
2(a+b) 2(a-b)

i atan —+b
103.J' - arctan —————+C (a*>b%).
atbsin x /7 p? fa®
! atan %+b—«/b2—a2
104.j ——= In +C (a’<b?).
WS & ol § Ve atan —;+b+m

2 a+b a,—b % ] 2 2
e gyt — —tan — |+C (a">b").
e Ja+bcos % a+h ab an[ a+btan 2 ( )‘
t x + a+b
an —+ [—
: +b 2 b—
106. f—— 2. et 2 OB [,
atboos & a+bA b-a @ %D
tan 2 b-a
b
107. J_dzi#____ 2 rotan [—tan x] £
a’cos’x+bsin’x  ab a
108 J' dx 1 btan x+a
a’cos’x—b*sin’x 2ab btan x—a
. 1. 1
109. fxsm axdx = —sin ax——xcos ax+C.
a a

. 1 2 2
110. | x*sin axdx=—-—x"cos ax+ —#sin ax+—cos ax+C.
a a a

1 o1
111. jxcos axdx = —cos ax+—xsin ax+C.
a a

1 2 2
112. | %*cos axdx= —=’sin ax+ —%cos ax——sin ax+C.
a a a

(+X) B R=ARFIRD (H+ a>0)
113. Jarcsin ida‘c:acar-csin -{C—ﬂ/ a’=x* +C.
a a
114 jxarcsin -x—dx—[ﬁ—a—z] in 2+ 2 /PR 4O
A . 7 4 ) amesin ——+mo/atoan 4G

3
1
115. fxzarcsin Zdx= %arcsin —£+3{ x> +2a%) v a*—x* +C.
a a

x x
116. J arccos —dx =xarccos — =/ a’—x> +C.
a a

378



HEN Rak

2 2

x % a x %

117. | xarccos —dx=| ——— | arccos — ——+/a?—x> +C.
a 2 4

3

118. szarccos Zdn= fLarc:c:os. i—l(x2+2a2)«/ a’-x" +C.
a 3 a 9
119. j arctan i—dx=xarctan i-*iln( a’*+x?) +C.
a a 2

120. Jxarctan —dx=— > (a +2%) arctan —{—?x+C
a

3 3
X

121. [ x*arctan dx= —arctan i—ix2+a—ln(a2+x2) +(.
a 3 a 6 6

(+=) BERBHIHRS
122. J'a dx——a +0,

1
123, [ e™dx= —e*+C,

a

1
124. fxe""dx =—(ax-1)e"+C.
a

125. Jx e chvc—iwr:"eem—i 2" e™dx.
a

a
! x 1
126. fxa‘dx= — AR a +C.
Ina  (lna)
127. f dx—— a“*ifx"_laxdx.
Ina

1
128. f esin bxdx = e (asin bx~bcos bx ) +C,
a*+b*

1
129. fCMCOS bxdx = ———e"(bsin bx+acos bx) +C.
a"-i-bz

1 -1)b° X
130. J’e“’sin” bxdx=—2?e“sinn‘lbx(asin bx—nbcos bx) +ﬂ%};2~2— j e™sin" 2bxdx.
a n a n
-1)%* I
131. fe“cos" bxdx=-—2 B 2ec""c,'os"'lbx(acos bx+nbsin b:’c)+—*n(2n_'_b2)2 fe"‘cos" *bxdx.
a +o'n a n

(+Im) SENHRHINS

132: jln xdx=xln x—x+C.
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133.J dr =In|ln x| +C.

xIn x

n --_1, n+l ___1_
134. jx In xdx=——x [1“ n+1]+c.
135. j (In 2)"dx=x(ln x)“—nj (In x)"" dx.

1 m -
136. Jxm(ln x)"dx=*~_-'_—1x"‘“(1n x)"—;%i"fx (In z)""dx.

m

(+H) &E W RERIRD
137. jsh xdx=ch x+C.

138. jch xdx=sh x+C.

139. [ th xdx=1In ch x+C.

1

140, j shxdu= —% +-sh 2u+C.
1

141. f ch’xdx = % +-oh 224C.

(+7%) ©Ro

142. K cos nxdx = fi sin nxdx=0.

143. f cos mxsin nxdx=0.

w 0, m#n,
144. j cos mxcos nxdx =
- m, m=n.
m 0, m#n,
145. J sin mxsin nxdx =
- T, m=n.
0, m#n,
146. f sin masin nxdx= J cos mxcos nxdx =1 1
0 0 —, m=n.
2
147. I = j * sin"xdx = jz cos"xdx,
0 0
-1
In:LIn—i
n



n-3 4.2
n-2 5 3
n-3 L
n-2 4 2

(n ARTF 1EHFE), I, =1,

T, _m
‘5 (WHERED), =7

iRV ok
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W5y S L5 R SR

&
W
I

JE1-1 (F15])
L (1) [-—?,m]; (2) (> ,~1)U(-1,1)U(l,+); (3) [-1,0)U(0,1];

@ (225 (5) [04m)5 (6) R\{(Ir3 -1

kEZ}; (7) [2,4];

(8) (- ,0)U(0,3]; (9) (-1,+); (10) (- ,0) U(0,+ ).
2. BE.

3 w[%] =-;—,¢[§]=§,¢[-gj -2 o(-2)= 0, mH

4. (1) (2)f(x) HER LHF.
5. B

6. (1) %0081, f(x) 2 - ,—-zb—a]miﬁmﬁﬁ[-%,mJmmﬁgm;
% 0<OBf, f(a) e~ =3 | P 2~ v ot
(2) % b5t 7(x) 50 - (- JEET S

% 0<%, 700) 0t (o -2 ) 3 (L o omimstn,



BN IBEEERERT

d
W p= %Hir,f(xh %,%ﬁﬂﬁﬁ.

7—8. BE.
9. (1) BE%; (2) BETRBEBRILK; (3) BELK;
(4) FEE;  (5) BMdeHBHOUBRE; (6) BEL

10. (1) ZRBRE, A =27;  (2) %Jﬁ%@@,)ﬁ,ﬂﬁz:%;

(3) REMEH, AR I=2; (4) FAEAHEH;
(5) ZRBIRE, A# 1=

1-x —dx+b
1L (1) y=#’~1; (2) y=——; (3) y=——;
1+x cx—a
1
(4) y=—arcsin i; (5) y=e"'-2; (6) yzlogzi.
3 2 1=
1 3
2. (1 =gin? =— =—.
1 ( )y Slnx!yl 4,9’2 4!

2
(2) y=sin 2x,y1=g,y2=1;

(3) y=147 3, =42 ,7,=/3;
(4) y=€”2,y1=1,yz=e;
(5) y=e*,y,=¢€",y,=¢™
13. (1) [-1,1]s <€2) UZ[ZMT,(%*' biw]s 63 | =8l «uly

(4) Fac (0,%] JUD=[a,1-a] ;%GD%,MD:@.

1, =<0, e, |xl<l,
14. flg(x)]=9 0, x=0, g[f(x)]=11, || =1, ERE.
-1, x>0, e, |x|>1,
S 2-cos 40°
5. L=—+ he(0,./ 40°).
ke s ane it & (Duy/otan 407
—Lzz, 0<i<l,
2
16. S(t)=4 1

-—*+ 21, 1<i<2,
2
1, t>2.

17. F=1.8C+32 5 C=%(F—32).
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(1) 90 ‘F=32.2°C,-5°C=23°F; (2) -40 F=-40 C.

x*, 0<x<10,

18. y= —%x2+18x, 10<x<15,
-18x+360, 15<x<20.
SIRM1-2 (F2B53R)

Lo(1) es,05  (2) Wedk,05  (3) wedl,2; (4) 81 (5) BEG
(6) Msh,0; (7) &HL; (8) K#L
2. (1) BEEH; (2) —EER
(3) A—rEWesl, FlmEsi (-1)" B F EHER
3. (1) #8IR, S flmg;  (2) 48R, RGNS (3) IERR, EHEE; (4) E5S, EhEE

1
"4, limxn=0,N=[—] . 1 000.

n—res &

"5—"8. hg.
JRE1-3 (£R}A)

L (1) 0; (2) -1; (3) AL, EAA0T) #£(07).
2. (1) 8; (2) x5 (3) #8: (4) & (5) %F; (6) .
3.(1) x5 (2) X5 (3) X5 (4) 85 (5) X5 (6) X5 (7) X (8) &
4. lim f(x)=lim f(x)=1,lim f(x) = 1;
limg(x)= -1, limp (%)= 1,lime (x) REFFE.
*5—"6. BE.
*7. 8=0.000 2.327% : B x—2, BT LAREHIR 1<x<3.
*8. X=./397.

"9—"12. BE.

IF1-4 (L367)

L B /DEAR—ERTS /D, Bl a=4x,8=2x, % x—0 B EE T35/, @%

2 x—0 R ARE T/
2. BE.

*3, 0<|x]<

10*+2
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4.(1) 2,308 MAATER 1;  (2) 1,875 . MAXNEE L

5. BE.

6. y=xcos x FE( - ,+o ) AR, BY x—+o A, ILERBA R TS K.
*7. BE.

8. ATFHIEL y=0, S EHHEL »=-/2 ,x=/2.

T 1-5 ($4370)
L(1) =9 (20 ()0 ()5 ()2 (2 (Do

(80 (935 (102 ()2 (12) 313 55 (14) -1

541 &y (Dw; (8.

3.(1)0; (2)0.

4 (1) & it a = b =" neN.;
n n+l

n+l
T7Cn“n!nEN+;

(2) & il b, =
(3) & filt anﬁ,cn:n,ne&;

(4) 3 B30, f limb, e, €, Wlime, = limb,c, - lims—QAF7E, SESKIEFIE.
5. (1) 3 [0, B lim[ f(x) +g (+) A2, Mllim (=) = [ /() +£(x) ] ~lim ()
W, SEREMTE

(2) %, f(x)=sgn x,g(x)= —sgn x 24 x—0 B IR BRESATFELE (B f(x) +g(x) =0
24 x—0 B AR BR 777 ;

(3) 8 BUNf()= fim f(x)= 0. (x)=sin-lim (o) TP, (Bl () - 5(x) -
}ci_l}g(xsin —i—} =0;

(4) 85,0000 f(x)=g(x)=sgn x 24 x—0 B#E@*&FE%BK#EJE}%J‘(%) cg(x)=1
6—"7. BE.

Sl 1-6 (5550 )

LDws 3% )55 1 ()2 (O
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BAIHSEERSRET

2 (1) () () @)t

3. K.

1 1
4. (1) BrR:1< [1+—<l+—;
n n

1 1 1 =
(2) B z in( + +rerd ]5 : ;

2
n+ 4w ni+2m n"+n n* 4

(3) 3R 2 x>0 BF, 1<y/T+x <142, 2~ 1<x<0 BF , 1+x<y/T+x <1 ;
(4) #7500 8, 1-xs| ] <1

5. R HF x| RERMER S, lim 2, =2.

6. #m H | x, | BB BAF, lim 2, =0.

JRE1-7 ($531]H)

1. X4 x—0 ff, o2’ B b 22— B B T35/

2. %4 x—0 B, (1-cos x) >R bt sin’x B BITE /.
3.(1) FBY, RS (2) FMIHE /N

4. B&.

s. (1)%; (2) O (msnd., L (m=n) 8 (mends (3) %-; (4) -3.
6. B
SR 1-8 ($ES58T)

1L x=-1,0,1,2 324 f(x) BIEIHT R, BR 2 =0 Sb 1290 f() BT 5 (BT 7 A1 AP FERE X
f(=1)=f(2)=0 &%, Ef(1)=2.

2. (1) A(x)7E[0,2] %%k, ER;
(2) ) E(-o0 ,~1) H(-1,+0 ) NELE,x=-1 JBRERIETHT S , ERE.

3. (1) x=1 AT EEBR ,2=2 N RMEMS;

(2) %=0 M w=hwt KT HEMA, w=brr (k0) H8E 2B

(3) x=0 J58 MM ;
(4) x=1 FE—KEWTI.

x, l%]<1,
4. f(x)=40, lz|=1, x=1Fz=-1 RBE—AEH A
-x, |x|>1.



BATRSEERSRT

5.(1) X, B A R) 1=1f(a) 1< |f(2) f(a) |, a5 385

(2) & A )—{1’ BER i
o e -1, xeR\Q, - e

"6—8. BE.

M 1-9 (F£6313)

L LR : (-2 ,-3),(-3,2),(2,+2);
()= 3. Imf)=-5, lnfo=o

2. BE.

(B L (0 @) 5 (D2 (§emas (D1 (8) -1

LG @0 B W (Bed (O35 (DT (8 -6

(9) 55 (10) RAEE.
5. (1) 8, 0180 o(x)= sgn x, fx)=¢",p[A(x) ] =17 R FAMbELE,
1, eQ,
(2)%,mzmcp<x>={l * gc [o(x))?=17E R FAGbESE,
-1, xeQ°,

(3) 3,810 o () FI(2), A(x)= |2]+1,f{p(x)] =2 % R FAbibELE,
(4) 3,2 P(x)= 2505 R Fit M o(x)= F(x)f(x) G R L85, SEM%

f(x)
T .
6. a=1.

SR 1-10 (%67 )

1—4. BE. :
5 R (- 4o ) AR EANFXE, M f(x) = 2°+24° 42~ 1 ERANTREHH
iS5

g ﬁ%ﬁ%;msf(x1)+f(x2)+"'+f(x")sM,ﬁqﬂ M 48B30 (x) 2 [, 5] BB

(EVEE oINS
7. R R f(x) #E[a,b] S
"8, WE.
"9, % fla") B f(07 )T, U f(%) FE (a,b) N—BR 4L
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BoANESEERSESR

2IW— (F68M)

L(1) DB, 754, (2) BE, 4 (3) BE,F  (4) RABE
2.1,

23..(1) (B); (2) (B).

m

4.(1) (==,0); () [Lels (3) [0an1]; (9 U [Zn'rr —%,Zn'rr-i'z .

5. fLA(x)1=f(x) ele(x)1=0, flg(x) ] =0,g[f(x) ] =g(x).

6. B.
3
7. szf 2(2@"&)&/4ﬂa-a2 (O<a<2m).
T
#* 8. ﬂg‘.

5.(1) w; ()25 (e ()3 () Vs (O (D5 (®) 2

10. a=0.

11. x=1 BE R
12—13. .

14 (1) B (2) y=2eb1; (3) BHENES = BITEL y=x+—
g - =

M 2-1($81W)

dé

de | izsy

dr

de”

3. (1) C'(100)= 80 FT/{4;

(2) €(101)-C(100)= 79.9 JC~80 JT, PR EAS C' (») IE L FF=Bik 3 » B frat
B 1 AL 5 BT B R

(""‘1)“-’

n(n+l)’

5. B

2,




BANBESHFERSRT

6. (1) =f"(x); (2) f'(0); (3) 2f'(x).
7. (B).
8. (A).

P i}
0. (4" ()7 (L6 @) - () -3 (6) 2
X

1 s
(7) o ’
10. 12 m/s.
11. BE.

1
12. b=y | e == k=Y |n ==L,

13; @J%ﬁﬁ%gx y—%[u‘/; ] 0 ?ﬁ%ﬁﬁj’gz“/_ _%u%“gﬂ 0.

14. x—y+1=0.

15. (2,4).

16. (1) 7Ex=0 b5, ART T (2) FE2=0 A% B AT 7.
17. a=2,b=—1.

18. f,(0)=0, f.(0)=-1, f'(0) RFZE.

19.f’(x)={
20. BE.

cos x, x<0,

1, x=0.

Mm2-2 (ENR)
1. B&.

28 2
2. (1) 3x2--5-+-';; (2) 15%°-2%In 2+3e*; (3) sec x(2sec x+tan x) ;
¥ x

(4) cos 2x; (5) 2(2ln x+1) (6) 3e"(cos x—sin x) ;
l
(7) ia LN (8) e(x 2) (9) 2xln xcos x+xcos x—x"In xsin x;
1+sin t+cos ¢
10) ———.
(10) (1+cos t)*
syy| =B -, (2)“[—5(1*1]' (3) £1(0)= =, £(2)= 12
, ¥y x=%— 2 y Y x=%’ s 4 2 3 '“25’ 15

4. (1) v(t)=wy—gt; (2) t=—
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HAIBESEERSET

5. IR TRA 22—y =0, KT N x+2y=0.

6. (1) 8(2x+5)%;

(5).ain Ly (6) w2
at-x
2aresin %
(9) : (10) —tan x.
1-x*
' 1
7. (1) - ;
x—x"

(3) *%e_%(cos 3x+6sin 3x) ;

2
-x( 1+ln x)2 ;
1 .
24/ x—2" '

(9) sec x;

(5)

(7

L%
2aresin —

8. (1)

4—x"

In

%4/ 141In%x ;

(5) nsin"'zcos(n+1)x;

(3)

i

(7 g
24/1~x* (arccos x)*
(9) —le—;
N 1=%% +1-5*
9 f(x)f’(x)+g(x)g'(x)_
V(%) +g* (%)
10. (1) 2xf"(2%)
ef'(e*)=f"(%)f(e")
(3) T
11 (1) e™(~x*+4x-5) ;

4
(3) 4+%

%
Jarctan 5*;

(2} 3sin(4-3x) ;

342 2%
(3) ~6xe™; (4) P
(7) 2xsee®(5*) 3 1 (8) ——}
1+e

X
(1-x")°
2|
x5/ % -1
2xcos 2x—sin 2x
R

x

1

(2)

b

(4)

(8) :
az+x2

(10) ese x.

(2) csc x;

e arc IEHJ;

2 (14x)
1
1+x2’
1

xln x « In(Iln x);

(4)

(6) -

(8)

1

(10) - castosre?
(14x) /2x(1-x)

(2) sin 2x[f'(sin® x) =f'(cos® x) ] ;

(2) sin 2xsin(x*) +2xsin*xcos ( x* );

(4)

1-nln
xnﬂ j




(5) e Bis

e¥+e?+27 ch’t

1 2 b
(7) _ZSin — . g ¥ - 3
x Y

L%
(9) arcsin 5

*12. (1) sh(sh x)  ch «;

1
& xch®(ln x) ;

2x
ch?(1-4%)’
2e*

e*-1

(5) -

(7)

(9) th’x;
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1 1
(6) —tan —;
X X
2
(8) 2=t
4 J;\/xh/;
__5! Itl<1)
(10) y'=
. : s
1+ l¢l>

(2) echx(ch x+sh2x) :
(4) (3sh x+2)sh zch x;

2x .
S+
1
142k’

(10) (xfl)ZSh[z‘%]'

(6)

(8)

13. f(x) g (%) FE % AL, A ' (%0) £(%0)-

14. B&.
J#2-3 (FI7]W)

1, (1) A=
X

(3) —2sin x—xcos x;

2
a

B gl
(5) (az_xz)axz’

(7) 2sec’stan x;

2
(9) 2arctan x+ xz;
14

(11) 2xe(3+24%) ;

¥

2. f"(2)=207 360.

3. (1) 2f' (") +4x’f"(5") ;

(2) 4™

(4) -2e™cos t;
2(l+x2).
(1-x%)%’
6x(2x°-1) _
(#*+1)* 7

(10) e (x*~2x+2)

(6) =

(8)

’

X

(12) —W.

[T f(x) ~[f'(%)]?
[f(%)]* ’

(2)
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1
9. (1) —4de"cos x; (2) 250[—xzsi'n 2x+50xcos 2x+

“10. (1) nl; (2) 2“*1sin[2x+(n—1)%]; (3) (-1)

L (1) L
y—x

4. (1

RANESEERSRR

4. T

dZ

5. u——Aw sin wt.

de

6. HE.
d*x ,
7. E"f(x)f (%).

8. a=0,b=c=1.

225
5 sin 2xJ .

{n=2)1
= (nBZ) 4

(4) e*(x+n).

!
w1, (el iy,
n—2

SIE% 2-4 (55106 &)

xty — y

2
ay—x e~y
YR By iy -
¥ —ax x—e

4 14+xe”

2. MEHER x+y—§a=0,$§%ﬁﬁ% x=y=0.
3. /A M(-1,-2) b1, R N(2, D) MBS E T4,

4

(2) —2csc?(x+y) cot’ (x+y) ;
7(3~y) 1
3 e—%; 4 .
- (2-y)° S [2+1n(z-y) ]*(x-y)

5 () (Hxl’(hr’iﬁ}
2 )_le 5 S(x +2)
4

Va+2 (3-x)* { L 4 5
(x+1)° 2(x+2) 3-x x+1]

(3)

1
(4) E-szin x+/1-€" [——+cot x=
x

3b —@si
6. (1) _E (2) 00?9 @sin 6 .
1-sin #-Bcos 6

e
2(1-e)]
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7. /3 -2.

8. (1) MERFTRRA 2/2x+y-2=0, 3B H B N2 x-4y-1=0;
(2) YRR dx+3y-12a=0, L R K 3u-4y+6a=0.

b 1

4 3, -
a’sin’t’ (3) _9—6’ (4)f"(5).

9. (l)tig; (2) -

*=1
8

3
*10. (1) ~—=(148")y  (2)
8t
11. 1440 m*/s.

12 —16—’~0 204 m/mi
*25m 0 min.

13. 0.64 cm/min.
I 2-5 (BT 3H)

1. ¥ Ax=18F,Ay=18,dy=11; % Av=0.1 i, Ay=1.161,dy=1.1; % Ax=0.01 §¥,
Ay=0.110 601,dy=0.11.

2. (a) Ay>0,dy>0,Ay=-dy>0;  (b) Ay>0,dy>0,Ay-dy<0;
(¢) Ay<0,dy<0,Ay-dy<0; (d) Ay<0,dy<0,Ay-dy>0.

3. (1) [—%+£J dx; (2) (sin 2x+2xcos 2x) dx;
x X
) -
(3) (+2+1)Fds; (o B2y,
y—
(3) 2x(1+x)egdx; (6) e™[sin(3-x)—cos(3-x) ]dx;
w-(~jl-€c~*~;,—l<x<0,
M=
(7) dy= * (8) 8xtan(1+2x”)sec’(1+2x%)dx;
5 ,0<x<1;
l-x
2%
(9} ~—dus (10) Awcos(wt+gp)dt.
l+x

1
4. (1) 22+C; (2) %x2+C; (3) sint+C; (4) ~—cos wx+C;
)

1
(5) In(1+x)+C; (6) —%e'z’+C; (7) 2Jx+C; (8) ?tan 3x+C.

Y
5. 8RS,

6. 2%/ 43.63 em®, 243800 104.72 em?.
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7. (1) 0.874 75; (2) —0.965 09.

8. (1) 30°47"; (2) 60°2".

9. tan 45'~0.013 09,1n 1.002~0.002.
10. (1) 9.986 7; (2) 2.005 2.

*11. 0.667% .

*12. §,=0.000 56 rad=1'55"327% : SeR B O F o FIHK | HRBER R
SAIF= (F1YR)
L (1) F4r, BE; (2) BAUE; (3) RHLE

2. nl.
3. CDY:

iz

dx x =x0.

I

6. (1) £L(0)=£(0)=£"(0)=1; (2) f.(0)=1, f.(0)=0, f'(0) RFFE.
7. 7 x=0 JbHELE, A F.

CcoS X 1

——: (2) —; (3)sinxz-Intanx; (4
i @m0 x ()M

(5) w140l

8. (1)

2sin 2% cos’w 3x
9. (1) -2cos 2z * In x*“x—‘_;{—; (2) (1-22) "
1 1 2 - nl
0. (1) —{l—lj---(——nﬂ}(lﬂc)“ @) e
m\m m (14x)™
1
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e
1
12, =,
2
13. (1) tan 4, iy 1se09 6; (2) AN dy 2
———an ok . csc —=—, —==- ;
da® 3a de ¢t de® P

14. PIL TR x+2y-4=0,3EL TN 25-y-3=0.
15. MIRFREN y=22-12.887% 56K A(1), f'(1) , BRI RARKE, R f(6) , f'(6).

) o(3])

1

N
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17. =2.8 km/h.
18. 1.007.
19. 297 f04< 2.23 em.

JHW3-1 (F1Y W)

1—4. B

5. AAHIIFRE(L,2),(2,3) KX (3,4) A =MR.
6—"13. H&.

14, 872 @(x)=f(x) ™  FEUEM o (2) AEHEL

*15. W

MJEE3-2 ($13BW)

LD (22 ()2 (&) -3 (5) L () T,

D1 (83 O 101 (1) 25 (12) +e;

(13) —%; (14) *; (15)1; (16) 1.

2—3. I,
"4, L

S 3-3 ($E 140 ])

1 f(x)==56+21(x—4) +37(x—4) +11(x~4) +(x-4)*.
2. f(x) = x°~9%" +30x" ~45x +30x2 -9 + 1.

3.\/;=2+%(x“4)“612(3:*-4)2"-**1*-(96*4)3— Ll s — (0<6<1).

i 41 16[4+6(x-4) 17
I U AT

3.23(96 2) =it 1) n-Z"( 2)"+o((x-2)").
(x+1)n+1

[-1+0(x+1)]"*

4. Inx=ln 2+~2]3-(x-2)-§:~l;(x~2)2+

5. L:—[1+(x+1)+(x+1)2+--‘+(9c+1)“}+(—1)Ml (0<o<1).
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6. tan x=x+—%—x3+o(x3).
3 n
7. xe® —x+x‘+57+ +( LY
8. Je =1.645.
9. (1) +/30~3.107 24, | R, |<1.88x105;
(2) sin 18°=0.309 0, |R, 1<13x10"‘.

=
6 ]

+o(x")

1
(3) —E (4) -
11. B&.
SfA3-4 (F14T]R)

L. BRI
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(2) 7E(0,2 ] WEBBIREIL 7R 2, +o0 ) N ERTAENN;
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(5) (- 5| P, B 1 v | oS
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(8) [ 20 + ] boims, zx[’;—“#’i"—"‘ + 7] iR (ke2).
4. (D).

5. B,

6. % a%awﬁm, % 0<a< AP/, 2 a= -7 A x=e — IR,
7. Rf. f(x)= whsin x FE (o ,+o0 ) B B 1" (2) FE (=00 o0 ) Py 7263,
8. M.

9. (1) By

(2) #E (- ,0] WRME,ZE[0,+0 ) HRMfY;
(3) Z2MK;  (4) M.
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o (1) 35822 (= 2] pememt [ S v |ty

(2) E,ﬁ[Z,EJ,E(—w 2] PR (2, 40 ) FLRRIE

(3) BEHA LR ME;
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1 arctamn
(3) B8 (? €

e

1 1
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(6) B (1,-7) ,7E(0, 11 HRAYEY, 721, +o0 ) IR IR,
11. EE.

R O e | Clabreoe)
12. B5.(-1,-1), ( J‘ (3-73) 2+ﬁ’4(2+ﬁ) .

3 9
13. a=——,b=—.
3. a X >

14. a=1,b=-3,c=-24,d=16.

15. k= ig.

*16. (%oaf(xo))y‘j?%)tj‘i
SJER3-5 (L 157])

L (1) BRMEf(-1)=17,MEF(3)= -47;
(2) HR/"MEf(0)=0;
(3) BAMES(£1)= 1,1R/MEf(0)=0;

@) wxts(3) =5

(5) *&jc{‘%l‘f[ls%]:% 505 .
(6) BKME(0)= 4 BUMES(-2)= 5
ﬂ A i2kn
—h

2

JZ =

(1) ikt f [ vk | = 2ot opi Fo2be )7 | =St (ke )

(8) KA fle)=e"; (9) WHWME; (10) BAMME
2. Bg.
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3. a=2, f{—}} =3 R K

4, W&

. RAME (0)= 4.

(1) BRI f(4)=80, F/MEA(-1)=-5;
(2) BREF3)=11,8B/MEf(2)= 14,

(3) %j({ﬁf[%J:l.zs,%/j\{a fimS)m S4TE
% = | R B fE 29,

(=N

~

oo

(1) Bx=-3 HEMERMEL; (2) Ya=1 Hm&ﬁ%jcfﬁ%—.
o L.

e
10. ¥4 10 m, 5EH 5 m.

3 3
/ |V

11. r= l,h=2 —:d: h=111.
2 21

12 RHH [ =2.367(m).

4+
13. ¥4 g =arctan y =arctan 0.25~ 14°2'f}, A[{F 1 F B/,
14. ¥4 1.4 m.

2/6
T

15.

16. = o=54°13" , BELAT MBS AR F 7.506 m, Mk FR R4 6 m, FFLIGERE L
=R R RE T E AN o i, BIERRMEEN b, BT L 5 o W ES
KRR, BRERE b B

17. 7 200 JT.

18. 60 JT.

T8 3-6 (£ 163 7)

L (= 2] PR e[ -2, +o0 ) BB 2 (~0 —1], [ 1, +e0 ) fU 1
t0,260-1,1] bR s34 -1, ). (1,2)
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. E){ﬁ%{x

BANASEERSRE

f3 3 —
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y=0.
(- ,0), | 05| mimgs, E[m boo | FHATBHE 7 (~0 ,~1], (0, +0 )
PRI, 7EL-1,0) WM 455 (~1,0) s BYETWRIEL x=0.

xERE_xsé[*g-*%J T (kEZ)} R 2m; ATEXTFRTF v B

3

[o,ﬂ%wdf[o,ﬂ,[7},7],[%’,@ mmﬂamn;&[o,gj R M, %

[g%} AR 2| T f]w&m E[— o] mRas: s 2.0)

. o __3&
ﬁﬁﬁx—4,x—4.

S 3-7 (E172H)

1
2

£H

O

K=2.

K=|cosx|,p=|secx|.

2
3asin 2t |

[, —hl—zjﬁ.%ﬁ:lé&ﬁwb{ai.

2
.
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. w-1072 931> _125
10‘(5 7 ]”{" 4J "6

a=——+p,
2p 2 3
*11. , BU 27pB°=8(a-p)’.
¥
B=-=
P

MR 3-8 ($177]W)

1. 0.18<¢<0.19.
2. -0.20<£<-0.19.
3. 0.32<£<0.33.
4. 2,50<£<2.51.

BIE= (F177R)

1. 2.

2 (1) (B);  (2) (D).
3. flx)= |x|,ze[-1,1].
4. ka.

5—9. Hg.

n*

0.(1)2 (2) 35 () ews (4) aama

6
51

5 2 1 3 4 5
11. (1) xslnx=(x—l)+i(x—l) +;—!(x—1) +4%(x—1) ~——{a-1)" , K £ 5P 1

5x Z[d);
3
(2) arctan x=x—%+a(x4) :

b

; 1
(3) eslnx:1+x+?x2+o(x3) .

(4) In cos x:"%xz——l-x“—-%xﬁ-l*t?(x&).

12" 45
12, 8.
13. a=c*, B/ME 1-—
e
4. (1,2)#1(-1,-2).
15. 2ab.
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16. J3.

17. [1,} 1 ] Ab ik B B ME 1.

18. 2.414<¢£<2.415.

BANESEEEERT

“19. 3R AT LA S B — kg AR .
20.$%ﬁE:ﬁ3xn=(1—1)x1+ma,5EﬁEj(x);ﬁ(xo)ff'(xo)(x—xg),ﬁﬁﬁ%%EJ:itqﬂﬁfﬁﬂé?
x=x R x=u, BT RER, &0

4 ]
2, g
#5345

J4-1 ($187]1)
1. HE.

2. (1) —i-!-C;
(3) 2/x+C;
(5) -5+ ¢,

(1) 2xt+c,

(9) \/@'FC;
g

25 2o
(11) %—-+-—5—x’—-?x2—x+c;

(13) 2e"+3In|x|+C;

(15) e"-2Jx+C;

(1) 2%_ln 2-In 3

+C;
x+sin x
+

(19) 5 g

2 2
(2) =7 +C;

3
4) —x’+C;
(4) 75" +Cs

m

(6)

x " +C;
m+n

¥ 3 3
i +2x+(C
(8) Jmg 742w

(10) Za 2 tanec
530 T

4 3 2 s
‘(12) 2«/;—?962+*§"x1+c;

(14) 3arctan x~2arcsin x+C;
3%e”

1
(16) In 3+1

+C;

(18) tan x—sec x+C;

1
(20) ?tan x+C;
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(21) sin x—cos x+C; (22) —(cot x+tan x) +C;
(23) —cot x—%+C; (24) ~cos §+0+C;
(25) x—arctan x+C; (26) x°-x+arctan x+C.

1
3. (1) y=~;—(x3—6x2+12x-8); (2) x$T+2t—2.

20 200
— T e 4 k:4.
i (3)

4. (1) s=20t——;-kt2; (2) 1=
2 FEEE R -4 m/s’.

5. y=Iln x+1.

6. (1) 27 m; (2) J/360=7.11(s).

7. ¥,
SIEf 4-2 (202 )

1 1 1
2 (4) o’ (8) =

1 1
1. £33 e (2) it (3) X

1
(6) “1%; (7 o

(8) 25 (9) ~>; (10) + () 5 (12) 55 (13 -1

(14) -1
1 5t 1 4
2. (1) i +C3 (2) "§(3"2x) +C;
1 1 z
(3) —'2—1n|1—2xl+c; (4) —?(2“3:’6)34‘6‘;
(3) —Lcos ax*-be_i—+C; (6) —2cosyt+C;
a
1 2 1 . 2
(7) ——e™ +C; (8) —sin(x")+C;
2 2
l 2 S 3 4
(9) —?(2-395 ) T+C; (10) wzlnn-x [+C;
1 2 ; 1,
(11) Eln(x +2x+5)+C; (12) = 3cos (wt+e) +C;
®
1 3 30— 5
(13) e (14) —+/(sin x~cos z)* +C;
2cos’y 2
1
(15) gytan"2+C5 (16) In|ln In % |+C;
1 lohmcosx
17) - : - y
(1) -arcsin x+C' (18) 2ln 10 e
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(19) =In ! cos/1+x” !"’Ci

(81 St
%ln x

(23) ~;—(ln tan x)*+C;

i 1 .
(25) —2-+4—wsm 2(wt+p) +C;

(27) —;-sin -?;3+sin ';—+C;

(29) —;—secsxhsec x+C;

1 2x 1
(31) —arcsin ?x+?q/9~4x2 +C;

2
J2x-1
3) —l
& )2fnfx+l

1
(35) 'g‘ln Ix“2{+?ln fx+1l+c;

1
(37) arccos —+C;
x|

(39) /% 3arccos —4+(C;

|
(41) arcsin x-—~—x——.——+C-

144/ 1 =42 ,

1 +
(43) —In(#*+2x+3) —/2 arctan x—i+C;
2 V2

Jr4-3 (5£2073)

. =xcos x+sin x+C.

%(ln x=1)+C.

3. xarcsin x++/1-4" +C,
. —e " (x+1) +C.

1 1

. "‘;s—xsln x—?x3+C.

=%

2

(sin x—cos x) +C.

BASESEERERT

(20) (arctanyx )?+C;

(22) In|tan x|+C;

3
(24) sin x~ Sl; x+C;

1
(26) 5 cos x——l-lacos Sx+C,

1
(28) "Zsin 2x*-‘2-lzsin 1244C;

(30) arctan e*+C;

2

(32) %——%ln(x7’+9)+6;

1

(34) -g-ln A

+C

2
(36) %(arcsin %—f; az—xz]ﬂ];

(38) +C;

144

(40) 2x-In(1+/2x)+C;

(42) ‘%‘“( arcsin x+ln[x+,/1._x2 |)+C;

(44) l[ x+1

+C.
2 | 2%+ ]
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s —%e'?‘“[cos —;—+4sin E—] +C.

2

8. 2xsin %—+4cos % +C.

1 1
9. %farctan x—?x2+ Eln( 1+x) +C.

- 10.

11.

12.

13.

14.

15.

16.

17.

18.

19.

20.

21,

22.

23.

24,

—-%xz +xtan x+In | cos x [+C.

x2sin x+2xcos x—2sin x+C.

- ﬁ[t-l- _}_J +C
2 2 '

xln®x-2xln x+2x+C.
- lm:cos, 2%+ lsin 2x+C.

4 3
= 1
?+~*2—xzsin x+xcos x—sin x+C.

1 1
—;—(xz—l)ln(x-l) —Ixz-—?x-l-c.
3

= _;__[xz_?] cos 2x+i;—sin 2x+C.

1 2

(In*x+3In°x+6ln x+6) +C.

X
36 (a2 -2.T5 +2) +C.
%(cos In x+sin In %) +C.

x( arcsin x)>+24/1-x" arcsin x—2x+C.

1 1 ]
Ee" ——S—e" sin 2x— Ee’ cos 2x+C.

1 1
“2"212 (lnzx—ln x+ E—] +C.

9
“3—(«/3x+9-1)em+6'.
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1 3
1. ?x3~?x2+9x—271n | x+3 | +C.
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11.

12.

134 =

14.

15.

16.

17,

18.

1 | 2~
cIn|x+1 l—?ln(xz—x-l-l)hfgarctan 2

. In|x=2|+In|x+5|+C.

l s
: ?ln(x2—2x+5) +arctan i2—1+C.

1
. Inlx |—Eln(x2+l)+c.

1+C.

1 1 5
.x+1+21nix 1]+C.
1 3
. 21n!x+21——2—1n|x+1 l—*2—1n1x+3 [+C.

1
; i—x3+—x2+x+81n |%|=4ln|x+1|-3In |x-1|+C.

3 2

1 1 1
. lnixl—?ln|x+1 |—Zln(x2+1)—?arctan x+C.

1

e

1
—— arctan x+C.

2

il
x+1

1. «*+1 /3 2x+1 o

—— arctan

n +
2 2*4x+1 3 ﬁ

+C.

arctan x—
x +1

x+1 4 2x+1
——arctan

4+l 3

2tan x

+C.

+C.

—-arctan

23

-
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2

+C.

——arctan
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x
3tan —+1
—arctan —— +(.

J5

HANESEERSRT
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3

19, % (1+x)2—3\3/x+1+31n|1+~3/1+x |+C.

20. "%"xz—-g‘— V5 +x-dyx +4ln(Jx +1) +C.

21, x—4/z+1 +4ln(/T+x +1) +C.
22. 2z -4Jx +4ln(Jx+1) +C.

e e f“_ 1-y/1-%*
W A o 14 +2arctan +C i In wl———li—arcsin x+C.
%

1-x+/ 142

3 x+
4, -—— [—+C.
2 2 A x=1

S8R 4-5 (216 17)

23. 1

L. %ln | 2044/227-8 | +C.

1 +1
2 ?arctan xT‘l'C.

3. In [ (x-2) +4/5—da+x’ ] +C.
4. % %% +9 +%§—ln(ﬁx+«/2x2+9)+c.

< % 3x2-*2-€ln |/Bx+/32=2 |+C.

2x
6. e?(sin x+2cos x) +C.

2

x X x
7 | =-1 in — 4 — 4/ dx® £6.
[ J arcsin ) x

2
x 1 x
8., ————+_arctan —+C.
18(s219) 54arc an 3
1cosx x
B, s=e +—In | tan — [+,
i 2 n | tan 3 C
2

10. —61—3(2sin 3x+3c0s 3x) +C.

sin 8x sin 2«
+
16 4
12. xln’x—3xln’x+6xIn x—6x+C.

11. - +C.
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l_j +C‘

x

14. 2./x—1-2arctan/x—1 +C.

x 1
15. mz—)— + Earctan x+C.

1
16. arccos — +C.
[2]

1

w2

. ——~=In
X

1
17. —9—[11112+3x}+2+

2
3x] +C,

5, 3
cos xsin x Scos’xsin x5
18. - +—(2x+si +C.
6 24 32(295 sin 2x) +C

x(x* -1)«/

19. ln’x-i-..v‘x |+C
1 \/?Ttan -;— +ﬁ
20. In +C.
ﬁl— ﬁtan g—-ﬁ

T
iy, =2 +2arctan«/ 2x-1+C.
x
22. arcsin x++/1-%* +C.

1 3
23, —In|%*-2%-1|+—=In
2 V2

x= 1+\/_
~1
24. =/ 1+x—x* + *-;—arcsin 2;_ +C.

5

...L 3__22 +E§ t 2_x.+c
17 16 oot

25.

BRI (5216 TT)

1 .
L (1) (2°-32"+6x-6)e*+C; (2) zln(x2—6x+13)+4arctan ?2—3+C.

2.(1) (B); (2) (C).

3. x’cos x~4xsin x-6cos x+C,

1. |er-1] 1 1
4. (1) =1 +C; 2 me—$(;
a2 A e+l ( )Z(I—x)z Irx
3+ 3
(3) —1;111 : x3 +C; (4) In|x+sin x|+C;
6a a’
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(5) In x(In In x-1) +C;
| S

(7) ?tan x—tan x+x+C;

(9) i1 | \—iln( $+4)+C;
P :

(11) In x+-—21—+a/x(x+1) +C;

|
(15) +C;

J(1+5)7 144
(17) - 3;3‘) ate Ty

(19) xln(1+x*) —2x+2arctan x+C;

(21) (x+1)arctan«/a?—ﬁ+€;

4

1
(23) +—arctan z*+C;
8(1+ 5 8
2
(25) 2 Z "l%arctan i+C

(27) xtan T;—+C;

L B,
( )n(f/;+1)ﬁ+c’

(31) arctan(e"—e™) +C;

21 bze""( acos bx+bsin bx) +C;

1
(6) —z—arctan sin’x+C;

(8) %[—;cos 6x—%cos 4x—cos ZxJ +C;

(10) aarcsin i—«/ a’-x* +C;
a
1 1
(12) Ix2+"3~sin Zu+~cos 24C;

A 1+e" -1

(14) InY——+C;

A 1+e" +1

3
X

3 +
J T_72 J(az_xz)s
(18) (4-2x) cosyx +4xsinyx +C;

(16) +C

1
(20) a2 ——In | sec x+tan x| +C;
2cos’x 2
(22) ﬁln( o cot—x~ ]+C;
- 2 2
< 43
x +1
3y Loal +C;
(24) 7 79
(26) +x+C BY sec x+x—tan x+C;
1+tan—;£-

(28) esi’""(x—sec‘x) +C;

x

1
190 ~= il
1+e* 1+e

G

(32 22l 14e%) +05
+1

€

(33) xln®(x+y/142% ) =23/ 1427 In(x+y/ 1+2° ) +2x+C;

i
faqy 2 ”2 “In( by THe2 Y4C;

14

1 2
(35) i“( aresin x)2+%\/ 1-« arcsin x—%+C;

(36) ——«/l—aa2 (%”+2)arccos x-%x(xz"'ﬁ)‘fci
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(37) -In| esc x+1 |+C;

(38) In|tan x |-

+C;
2sin’x

1 1 1
(39) —3~ln(2+cos %) ~Eln( 1+cos x)+gln( 1-cos x)+C;

] tan %—lﬂ/i
(40) ?(sin x—€0s %) ———In | ——— | +(.

22 tan%—l—ﬁ

# I #

JRES5-1 (%2301)
"1 i(bs-—a;3)+b-—a,
“g :

*2. (1) %(bz—az); (2) e-1.
3. B,

L, 5.yt
4. (1)—2*5; (2) 21; (3) 5 (4) 7
5.a=0,b=1.

6. M.
7. In 2=~0.693 1.

8. (1) 6; (2) -2; (3) -3; (4)5.
9. EE.

(1 + sin’x)dx < 2m;

10. (1) 6< j?(af +Ddx <51;  (2) ﬂs:_j

s 2 ' -t
(3) =< f, xarctan xdx < —m;  (4) -2’ f ey < - 2"
9 7 3 2

L 487 % [ f(x)ds =0, %] [f(x) - allx = 0
12, BE.
13. (1) f:xzdx B, (2) Ij xdx Bk (3) fj In xdx K
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@ [ rieks (5) [ ek
JES-2 ($298 1)
2
7 2'

2. cot t.

1.0

cos x

sin x=1"
4, X4 x=0 B,
3y’ 2
5. (1) 2T  (2) ——-

. (3) (sin x—cos x) * cos(mwsin’x).

g2
2
5
s -?.
8. {C), _
9-<1>a(a2-§+1]; (2) %; (3) 2—2; ) 25 ()55 (6) 5

T ] ™ 8
(7 ri (8) z"‘l; (9) -1; (10) 1‘7; (11) 4; (12) 3
10. B%.
1. #7% A= MA%h bt

12. (1) 1; (2) 2.

’éﬂﬁ, xe[0,1),
Boom= B(x)7(0,2) kL
2¥ 5 *=l12];
0, x<0,
14. (D(x)=<%(1-cos %), O0<x<m,
1, x>,
15. B&.
16. (1) B&; (2) »=(-1)"/2k (keN,).
17. 1.
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M 5-3 (5248 )

L0 ()2 )L, @yt (5T B

512° 4’ 3 6 8°
m T T,
(6) o (7) V2 (mw+2); (8) I—T; (9) 6%
(10) ﬁ-?; (11) —;“; (12) 2+21n~§—; (13) 1-2In 2;

(14) (B-1)a; (15) 1-e77; (16) 2(B-1); (17) 2

3

(18) T+2. (19) 0; (20) %w; (1) X, (22) 0,

4 2° 324’
2 4
(23) 55 (20 75 (25) 225 (26) 4,
2—6. Bg.
e+l
7.——2-—.
2 Leoanys 3y 25 ooy (LAY 1,3
8. (1) 1-=; (2) (D)5 (3) = (@) (I——é—vj'rﬁzlnz,
a 1 1 3
(5) 4(2ln2-1); (6) L (7) ?(e“—Z); (8) z—iln—z;
(9) —1;—3-—37-; (10) —;*(e sin 1-e cos 1+1); (11) 2[1—%);
L » 5 w5 ¢ wew wiy - .
Pl BB o k) A m R,
3 5 doeh « w5
135+« (m+l)’ m H1BE
. ° P ees @ — 2
L 45_6“”<j”m” ‘T, moum,
(13) J.=
2456 e v L)

T3 s ™ mAKT LWAR,

Jy=.

SR 5-4 (55255 )

L3 @R 0= @ (5) 52
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®) m (D1, (8) £HG (9) 55 (10) 2.

2. %—ln 3

1 1 y
z ; WF— <IB,REGHE=1-—"78,
5. 34 k> L B, BT s 3 b, R o B
/ME.
4. nl.

ds Sl

"I 5-5 (F263 )

CL(1) Mgk (2) s (3) W (4) KEG

412

(5) Weg;  (6) &L (7) M (8) WSk

2. B&.
2. (1) LI‘[‘]-_),R>O; (2) T(p+1),p>-1; (3) Tl_lr( >0.
no\n n

4—5. .

m+1) m+1

n n

BIMA ($2631)

Lo(1) S, FE5;  (2) AME; “(3) B8L (4 FA—E; (5) #f(~x).
2. (1) (B); (2) (A). '
3. (1) BRME y=f(x) ,y=g(x) FHLK x=a,x=b FrEEFHER;
(2) XML y=f(2) IEK y=0,2=a,x=b FTEIHABRILEE » BHEr: 715 ek ik
RIARFR ;
(3) Faml1,,t, ] X BATRI A TAK K E
(4) FR[T,, T, X EEHHNZEA O EMYEE;
(5) BRZAFREEZMFMHE% 1001 4E5 2 000 4FEFHE.

: 2 o A R
4. (1) 3(2J§ ;s (2) =T

2

5.(1) afla); (2) -
6—7. W&.

_ 1
8. %‘f‘c_m;l—x‘kl

<1.
+x”
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9. 8 (1) MEEELEH ¢, rfz(x)dx + 2£rf(x)g(x)dx + tzrgz(x)dx = 0;

(2) M FATPE -1 BLR A 2
10. &7 A AT - f LR AR S =K

1L (1) 75 () g2 R4 x=Tmu; (3) T @ 202-1);
m T ’IT2 v
5) —; (6) ;5 (7) —+2n-4; (8 '2[——— "].
()2«/5 ()2 ()2 w=4; (8) e 2arctane ;
1 3 2 &
3> g0 Y x<-1,
(9) -+In(2+/3); (10 {x, %-l<a<l,
%x“'i-i, Wx>1.
12—13. B&.
14. 1+ln(1+e™).
15—*17. B

18 (1) Wl (2) Wedh;  (3) MBI e BRG] (4) st
*19. (1) —-—;—ln 2,875, ,E In sin xdx= jTln cos xdx;

s 1
(2) g—,%m:é’\F?

Jm6-2 (F279)

32

LS DL B3 (@)

4 4 3 1
2. (1) 2@w+—,6mr—-—; (2) —-In2; (3) e+—-2; (4) b-a.
3 3 2 e
3,2,
4
16
4, —p*.
3P
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11.

12.

13.

14.

15.

16.

17

18.

19.

20.
21.

22.

23.

24.

25.

3ma
az 2w ~2m
74*(6 =g )
5 7 1-/3

3

3
(1) 5gm (2) 3}—2“; (3) 16075 (4) Tnia’.

2m’a’h.
ik
E’n‘h[ 2(ab+AB) +aB+bA].

.
(1) 27, (2)6w%

) |
(1) V,=—§(32—a5>,vz=wa‘-

1. 3
1
27

e

+ 2+ 2
2 AE By BT
2p 2 j4

’

(2) Ha=18,V,+V,UEBR KA

129
511'.
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26. 6a.

27. —x”.

- (3)-3)

29.

30. In —+—.

SIF 6-3 (286 1)

1. 0.18k J.
2. 8007n 2 J.
3. (1) B&; (2) 9.72x10° kJ.

4 27—71:5# (Eeb b S B 8.

5. (4/2-1) cm.
6. 57 697.5 kJ.
7. BE.
8. 14 373 kN.
9. 1.65 N.
- {1 -1 Gmul
10. By B3 E e, M F,=Grrw(a “W}J’E' W

1L BB A N sin £ i M 3510 BILAG R
B3R (F287W)

L L @283

2. (1) (A); (2) (D); (3) (B).
5

3.Im.

4, w——laz. ‘

4
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3 ¥ 32
5.x=— (=— 1 =% (x=0).
e S

5
6. a=--~37,b=2,c=0.

1
Ze~1y (2) %(562—12e+3).

7. (1) >

1
e
€

512
9. T'n'.

10. 4x%.

11. /6 +In(42+/3).

4
12. ?frr#g.

1
13. ?pgab(2h+bsin o).

3 3
14. F.=<6a*,F,=—Ga* (CH3IN%

5

15. (1) /1+r+r*am; (2) i

B).

a m.
J1-r

s t =
JM7-1 (%293 R)
L (1) —Br; (2) 2B (3) =8 (4) —Br;  (5) =B (6) —Brn
2. (D) E; ()& B)FE; 4R
3. B&.
4. (1) y¥*=x*=25; (2) y=xe*; (3) y=-cos x.
5 (1) y'=x"; (2) yy'+22=0; (3) *(14y*)=a?,y | __ =0.

d

6. £=k 5{'?; kR HBIR S
7. 6 h.
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S 7-2 (300 77)

1 1
L (1) y=e%; (2) y=?x2+—5—x3+c; (3) arcsin y=arcsin x+C;

1
(4) ?=aln |z+a~1[+C; (5) tan » tan y=C; (6) 107+10°=C;

(7) (e*+1)(e’-1)=C; (8) sin # sin y=C; (9) 3x4+4(y+1)3:C;
(10) (x-4)y*=Cx.

1
2. (1) e7=~2—(e7"+1); (2) cos x—y2cos y=0; (3) In y=tan %;

(4) (1+e")sec y=2/2; (5) a'y=4; (6) pro=o,
p 3sin@

(7) J’=i(\/ a’-x" +aln mz—}

X

3. 1=-0.030 5 h>+9.64, 7Kk 52 FTE= KB IR 204 10 .

. 0=y/72 500 ~269.3 (cm/s).

R=Rye ™" piff] LI 4E R BAL,

xy=6.

B0 AR A RS T R » B,y BhFE RS B, W AR AR

_k(h o 1,
a2 T3 )

N oowmoa

J7-3 (5306 @)
L (1) y+/y*=x* =Cs® (x>0) ,y=/y*=x* =C (2<0);
(2) n L =Cat1;  (3) y=4*(2nlx|+C);
%
(4) £°-2y°=Cx; (5) x2=Csin3l; (6) x+2ye§=C.
%

)
=1; (4) sinL=ln 12,
x 2

2 (1) Y=y~ (2) =2 (nx42); (3) 25
%ty
3. y=x(1-4ln ).
2
4. (1) (4y-=x-3)(y+22-3)*=C; (2) In [4y*+(x—1)?]+arctan ﬁ=€;

(3) (y=x+1)*(y+x-1)>=C; (4) x+3y+2ln |x+y-2|=C.
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JRET-4 ($F312 1)

1 3 C
1 (1) y=e™(2+C); (2) y= == +—x+2+—;
3 2 x
(3) y=(x+C)e™*; (4) y=Ccos x—2cos’x;
(5) y=‘§1—12—x1q; (6) 3p=2+Ce™,
x -1
1
(9) y= (x—2)3+c(x.-2); (10) x-‘-Cys-i-?yz.
2. (1) y= o : (2) yz'rr—l-cos x;
cos % e
2
(3) yoin a+56™"=1; (4) y=3(4=™);
/ 2 2
5] 2J’=x3—x3e"2'1; (6) y= 1+x - x+a/ 1+ .
2 1+/2
3. y=2(e"-x-1)
k, km Ay,
4, v kzt—‘ k§ (l—e )

5. i=e ™ +/2sin [St—%] A.

A0 L I RS
6.1n |al+ [ S=B g =C RUUEH v=ry R, M.

7. (1) y=-xttan(x+C); (2) (3-y)*=-244C; (3) y=-Le®,

=1—si ____]_‘__ 2,2 ST
(4) y=1-sinx oyt (5) 24*y*In|y | -22y-1=Ca*y".

1
*8. (1) —=-sin x+Ce*; (2) iacz-i-ln
¥ 2

3 1
1+—‘=C; (3) —?=Ce’—1—2x;
Y ¥

1 B 1 s xz 2 2
(4) ;—;——x+I+Ce i (5) y—2=—§x3[“3—+1nxj+c-

SE7-5 (F321K)

1
1. (1) y= Ef—sin x+C x+C, ;

(2) y=(2-3) e’t+C1xZ+C2:r,+(:'3 ;

418



(3) y=xarctan x— %ln( 1+2%) +C2+C,

(4) y==In|cos (x+C,) |+C,;

1
(5) y=C,e‘——2~x2‘-x+Cz;

(6) y—‘-Clln‘x!-**Cz;

(7) y3=C1x+C2;

(8) Clyz"lz(clx"'cz)z;

(9) x+Cz=:I:[-?2’—(1/;+C1)%-‘2C]A/«/37+CI] :

(10) y=aresin(C,e*) +C,.

2. f(x)=2In sec (§+%J+l—-ln 2.

3. (1) y=+/22-x"; (2) y=—%ln(ax+1);

4]

1 a a a
(3) y= —;em"mxz‘!‘%(a-l)x+£~3—(2a—a2-2) :
a a  a 2a

2
(4) y=In sec x;

3
X %
4, y= —+—+1.
"6 2

m -£
5. s=E§(t+Me "‘t—ﬁ].

c C

BB EERESRT

(5) y=(_;'~x+1] i (6) y=In (e*+e™)~In 2.

c

J@A7-6 ($329]A)

L (1) &RHEEFx;
(5) LMk,
(9) &RMHTIR;

(2) ZtEm%;
(6) LtETk;
(10) ZkHETxX

2. y=C,cos wx+C,sin wx.

3. y=(C,+Cyx)e™.
4. .

*5. y=Ce*+C,(22+1).

6. y=C x+Cx"+x°,

(3) ZRPEAER;
(7) LtEAER;

*7. y=C,cos x+C,sin x+xsin x+cos xln |cos x|.

1
"8. ;»f=(:'laa+672551:1|:\:|+7acln2 |2].

(4) LTk,
(8) ik,

419
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ISR 7-7 (338 )

5.

6.

3

1.

. (B).

(1) y=C,e*+Cye™; (2) y=C,+C,e*;
(3) y=Cjcos x+C,sin x; (4) y=e*(C,cos 2x+C,sin 2x) ;
(5) x=(Cl+Czt)e%'; (6) y=e*(C,cos x+C,sin x) ;

(7) y=C,e*+C, e +C;ycos x+C,sin x;

(8) y=(C,+Cyx)cos x+(C3+C,x)sin x;
(9) y=C,+Cox+(Cy+Cyx)e";

(10) y=C,e*+C,e *+C,cos 3x+C,sin 3x.

(1) y=ae42e"; (2) y=(24n)e T (3) y=eTme®;

(4) y=3e™sin Sx; (5) y=2cos 5x+sin 5x; (6) y=e"sin 3x.
R

. x= L (l-e_q/"%_”zz)e( B —7—)1,

N

1 s X (]

uc(t)= 19—0(19e"‘”3‘—e‘1'9’““4‘) V,i(t)= —ig-xl()‘z(—e'ms‘m G
195 kg
AL 7-8 (55346 I )
(1) y=C,e™ +Cye™+e™;

=(,cos ax+C,sin ax+ B,
(2) y=C, C, -

+a

= -3% i 3___3_ 2 1

(3) y=C,+Cye +3x Sx +25x,

3
(4) y=C‘e'”+Cze‘2'+[7x1—3xJ e_,;
% ; 1
(5) y=€*(C,cos 22+C,sin 2x) —z-xe’cos 2x;

2
(6) y=(C1+sz)eaz+£[%x+1] e,

2
- 4 11 1
(7) y=C,e +Cze‘+?-—2_x;

1
(8) y=C,cos 2x+C,sin 2x+?xcos x+%sin x;



o FBESEERSIRT

x

e
(9) y=C,cos x+C,sin x+?+%sin %3

P I — 1
(10) y=C,e*+Cse ‘E"“I_OCOS 2x,%71<:5in2x=-2-'-(1—cos 2x).

2. (1) y==cos x—%sin x+%sin 2x;
(2) y=—5e‘+g~e2"+%;
(3) y= 5 (& re) - 2e;
(4) y=e"—e™+e*(x*~%) ;
(5) y=%+~1§6~34x—%x.

3. m=-2,n=1y=-xe"+x+2.
4. BUB LGRS AT B K7 100 0 o B0, SR LR o0 o SRS B AR AR R, Tl
HH 2 A

X¥=vpcos @ * £,
1

¥ =wpsin o - E“'"2*g£2.

5, wel1)= 204 l—e"s’”m’[cos(SXIOat)+sin(5><103t)] bV,
i(t)=4x1072e™"sin(5x10°t) A.
R B RS AT 2.

1
6. o(x)= ?(cos x+sin x+e”).
"IRT-9 (FE348 W)

1. y=C1x+—2.
x

2. y=x( Cl+Czln|x |) +xIn® | x |.

3. y=Cx+Cyxln | x | +C,x7>

1 1
4. y=Cx+C,x"+—(In’x+ln ) +—.
2 4

2 -2 1 3

5. y=Cix"+Cyx +?x :

1
6. y=x[ C,cos(431n x) +C,sin(v31n %) ] +—2—xsin(ln %).

421



B IBSEERSET

1
7. y=C,x"+C,x"In x+x+ Elerfx.
1
8. y=C,x+x[ C,cos(In %) +C,sin(ln x) ]+—2—x2(ln x—2) +3xln x.

"I 7-10 (5351 1)

y=C,e"+C,e™,
L. (1)
z=C,e"~C,e™
x=C,e'+C,e™ +C,cos t+C,sin t,
(2)
y=C,e'+C,e™ —C,cos t—C,sin t;
{x=3+Clcos t+C,sin t,

y=~C,sin t+C,cos t;

,xzcle(_l),m):_I_cze(-l—Jﬁ)z +le'+—1-ez' ;
1" 6
(4) ‘
7
= -4—«/E)Clef_l+m)’—(4—«/’1—5—)Cze(uldﬁ)’“% '?ez';
o 3C,+C, 5
x= sin t— cos t—t +t+3,
(5) 5 5
ly=C,cos t+C,sin t+2t*~3t~4;
( -L Bsin t+ t
e sin 65005 ,
AT £ 61sin t-33cos ¢
st -+ 61sin t-33cos
=—?Cle . +C,e 3+T.

5 x=sin ¢, (2) {x=cos t, (3) x=e',
. y=cos t; y=sin ¢; y=4e';
1

x=2cos t—4sin t-—¢',
(4) 2

y=14sin t—2cos t42¢';
(5)

sin t—2cos ¢+2e™ cos ¢

12 "'_"' 2:+ 3 I—i
7 49°

18 e imi L, 12

—f——

2° "7 4y

{x=4cos t+3sin t-2¢™*' ~2e sin ¢,
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BIEL ($3521)

L (1) 3; (2) y=efr0e jo(x)eﬁ’""’“dx + c);

(3) ¥'=fz.7) s ¥ |1ery =05 (4) y=C (2-1)+C,(#*-1) +1.

2. (1) (B); (2) (B).
3. (1) ¥ (y*+1)=1; (2) y"-3y'+2y=0.
4 (1) 5y =C; (2) y=azt-C
In x
(3) x=Cy+In J"%; "(4) yP=Ce” #4241,

(5) y=ln|cos(x+C,) [+C,; (6) y=éé—(ec‘“ﬁ+e'c"'c") ;
1

) 4 1
(7) y=e7(C\cos 22+Cysin 2x) ~17°%8 2x+ﬁsin 2x;

1
(8) y=C, +Cze”+C3e"2”+[Exz—-g—xJ T

"(9) #*=Cy*+y*; (10) +/(x*+y)°? =x3+%xy+(}.
57°(1) x(1+2ln |y|)=y*=0; (2) y=--1—1n(ax+1);
a

1
(3) y=2arctan €*; (4) y=xe_x+?sin %

6. y=x—xln x.
7. #5250 m’.

8. @(x)=cos x+sin x.

9. p(x)=+/e"~1-arctan/e*-1.
10. .

1 1
11 (1) 9’=;( C,+CyInx|); (2) y=C,x2+C2x3+?x,

x=(Cl+Czr)e“'+m;—z,
*12. (1)

1
y=—(C1+C2+C2t)e7‘""—2“;

F

?

1
x=C1+C2e"+C3e'2’—Ee’

(2) 5

1
y=C,e™-C, +Cae'2‘+?e‘.
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